22. Differential Equations

Exercise 22.1

1. Question

Determine the order and degree of each of the following differential equations. State also whether they are
linear or non-linear.

)

d’x dx (dx ¢
> de? L dt
Answer

The order is the highest numbered derivative in the equation with no negative or fractional power of the
dependent variable and its derivatives, while the degree is the highest power to which a derivative is raised.

So, in this question, the order of the differential equation is 3, and the degree of the differential equation is 1.

In a differential equation, when the dependent variable and their derivatives are only multiplied by
constants or independent variable, then the equation is linear.

So, in this question the dependent variable is x and the term % is multiplied by itself so the given equation is
non-linear.
2. Question

Determine the order and degree of each of the following differential equations. State also whether they are
linear or non-linear.

d’y

S +4y=0
dx_
Answer

The order is the highest nhumbered derivative in the equation with no negative or fractional power of the
dependent variable and its derivatives, while the degree is the highest power to which a derivative is raised.

So, in this question, the order of the differential equation is 2, and the degree of the differential equation is 1.

In a differential equation, when the dependent variable and their derivatives are only multiplied by
constants or independent variable, then the equation is linear.

Here dependent variable y and its derivatives are multiplied with a constant or independent variable only so
this equation is linear differential equation.

3. Question

Determine the order and degree of each of the following differential equations. State also whether they are
linear or non-linear.

)

dy " 1
dx dy/dx
Answer

The order is the highest numbered derivative in the equation with no negative or fractional power of the
dependent variable and its derivatives, while the degree is the highest power to which a derivative is raised.

So, in this question, we first need to remove the term ﬁ because this can be written as (?)—1 which
- X

means a negative power.

So, the above equation becomes as

dy ., dy
(&) +1—2&
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So, in this, the order of the differential equation is 3, and the degree of the differential equation is 1.

In a differential equation, when the dependent variable and their derivatives are only multiplied by
constants or independent variable, then the equation is linear.

So, in this question, the dependent variable is y and the term ? is multiplied by itself so the given equation

X

is non-linear.
4. Question

Determine the order and degree of each of the following differential equations. State also whether they are
linear or non-linear.

Answer

The order is the highest numbered derivative in the equation with no negative or fractional power of the
dependent variable and its derivatives, while the degree is the highest power to which a derivative is raised.

In this question we will be raising both the sides to power 6 so as to remove the fractional powers of
derivatives of the dependent variable y

So, the equation becomes as

dyzg_ dzy\’
ﬁ*%?}—Gaﬂ
1+ + 37+ 3@y=(02 (£2)

So, in this the order of the differential equation is 2 and the degree of the differential equation is 2.

In a differential equation, when the dependent variable and their derivatives are only multiplied by
constants or independent variable, then the equation is linear.

So, in this question the dependent variable is y and the term ? is multiplied by itself and many other are
X
also, so the given equation is non-linear.

5. Question

Determine the order and degree of each of the following differential equations. State also whether they are
linear or non-linear.

]

d¥y (dy

—5 | | +xy=0
dx” dx

Answer

The order is the highest numbered derivative in the equation with no negative or fractional power of the
dependent variable and its derivatives, while the degree is the highest power to which a derivative is raised.

So, in this question the order of the differential equation is 2 and the degree of the differential equation is 1.

In a differential equation, when the dependent variable and their derivatives are only multiplied by
constants or independent variable, then the equation is linear.

So, in this question the dependent variable is y and the term ? is multiplied by itself so the given equation is
b o
non-linear.

6. Question

Determine the order and degree of each of the following differential equations. State also whether they are
linear or non-linear.
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[
dx’ dx

Answer

The order is the highest numbered derivative in the equation with no negative or fractional power of the
dependent variable and its derivatives, while the degree is the highest power to which a derivative is raised.

Squaring on both sides, we get

2
3| d?y |\ dy
dxz) Cdx

Cubing on both sides
2 -®
dx2)  \dx
So, in this question, the order of the differential equation is 2, and the degree of the differential equation is 2.

In a differential equation, when the dependent variable and their derivatives are only multiplied by
constants or independent variable, then the equation is linear.

So, in this question, the dependent variable is y and the term ? is multiplied by itself so the given equation
X
is nhon-linear.

7. Question

Determine the order and degree of each of the following differential equations. State also whether they are
linear or non-linear.

dﬁ,- _JIC_ d},-"z 32
x| [EJ
Answer

The order is the highest nhumbered derivative in the equation with no negative or fractional power of the
dependent variable and its derivatives, while the degree is the highest power to which a derivative is raised.

Since this question has fractional powers, we need to remove them.

So, squaring on both sides, we get

() -l &

a4y’ dy ® dy dyy*
i T - el Gl -
(dx“') o (dx) 3 (dx) 3 (dx)

So, in this equation, the order of the differential equation is 4, and the degree of the differential equation is 2.

In a differential equation, when the dependent variable and their derivatives are only multiplied by
constants or independent variable, then the equation is linear.

So, in this question, the dependent variable is y and the term ? is multiplied by itself, also the degree of the
X
equation is 2 which must be one for the equation to be linear so the given equation is non-linear.

8. Question

Determine the order and degree of each of the following differential equations. State also whether they are
linear or non-linear.
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dy
X+ P
dx
Answer

The order is the highest numbered derivative in the equation with no negative or fractional power of the
dependent variable and its derivatives, while the degree is the highest power to which a derivative is raised.

Since this question has fractional powers, we need to remove them.

So, squaring on both sides, we get
dy\? dy\?
() =1+ ()

2

dy dy dy)z
2, (&Y @ _ @y
Xt (dx) + zxdx L+ (dx

d
x2+2xd—i—l=0

So, in this equation, the order of the differential equation is 1 and the degree of the differential equation is 1.

In a differential equation, when the dependent variable and their derivatives are only multiplied by
constants or independent variable, then the equation is linear.

Here dependent variable y and its derivatives are multiplied with a constant or independent variable only so
this equation is linear differential equation.

9. Question

Determine the order and degree of each of the following differential equations. State also whether they are
linear or non-linear.

d_X :}-'2—1

"i’

J d}-‘ 3
Answer

The order is the highest nhumbered derivative in the equation with no negative or fractional power of the
dependent variable and its derivatives, while the degree is the highest power to which a derivative is raised.

Here in this question the dependent variable is x, and thus the order of the equation is 2, and the degree of
the equation is 1.

In a differential equation, when the dependent variable and their derivatives are only multiplied by
constants or independent variable, then the equation is linear.

Here dependent variable x and its derivatives are multiplied with a constant or independent variable only so
this equation is linear differential equation.

10. Question

Determine the order and degree of each of the following differential equations. State also whether they are
linear or non-linear.

,dt dt
5 — +s5t— =5
ds- ds
Answer

The order is the highest numbered derivative in the equation with no negative or fractional power of the
dependent variable and its derivatives, while the degree is the highest power to which a derivative is raised.

Here in this question the dependent variable is t, and thus the order of the equation is 2, and the degree of
the equation is 1.
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In a differential equation, when the dependent variable and their derivatives are only multiplied by
constants or independent variable, then the equation is linear.

Here dependent variable t and its derivative is multiplied together st? so this equation is non-linear
5

differential equation.

11. Question

Determine the order and degree of each of the following differential equations. State also whether they are
linear or non-linear.

dﬂ. 3 d 4

- _'I!.' 'I!.'

b '1_ 4 '}r - 4 '}r4 — 0
dx~ dx

Answer

The order is the highest numbered derivative in the equation with no negative or fractional power of the
dependent variable and its derivatives, while the degree is the highest power to which a derivative is raised.

d’y : dyy*
X(E) +y(3) +v*=0

So, in this equation the order of the differential equation is 2 and the degree of the differential equation is 3.

In a differential equation, when the dependent variable and their derivatives are only multiplied by
constants or independent variable, then the equation is linear.

Here dependent variable y and its derivative is multiplied together y?, also y is multiplied by itself so this
X

equation is non-linear differential equation.

12. Question

Determine the order and degree of each of the following differential equations. State also whether they are
linear or non-linear.

v (d’v ) dv :
—5+|—5 |+ —+4y=sm X
dx dx” ) dx

Answer

The order is the highest numbered derivative in the equation with no negative or fractional power of the
dependent variable and its derivatives, while the degree is the highest power to which a derivative is raised.

So, in this equation the order of the differential equation is 3 and the degree of the differential equation is 1.

In a differential equation, when the dependent variable and their derivatives are only multiplied by
constants or independent variable, then the equation is linear.

3
Here dependent variable y’s derivative is multiplied with itself (d_z}') , so this equation is non-linear

dx?
differential equation.

13. Question

Determine the order and degree of each of the following differential equations. State also whether they are
linear or non-linear.

(xy? +x)dx + (y-x2y)dy=0
Answer

The order is the highest numbered derivative in the equation with no negative or fractional power of the
dependent variable and its derivatives, while the degree is the highest power to which a derivative is raised.

The above equation can be written as
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x(y2+1)dx=y(x2-1)dy
AY 2 7\ (er2
o, (X y=x(y=+1)

dy 2 dy p)
— — = y=Xy-+X
dxx y d:\-:y y

So, from this equation it is clear that order of the differential equation is 1 and the degree of the differential
equation is also 1.

In a differential equation, when the dependent variable and their derivatives are only multiplied by
constants or independent variable, then the equation is linear.

So, in this question the dependent variable is y and the term ? is multiplied by y and also y is multiplied by
X
itself, so the given equation is non-linear.

14. Question

Determine the order and degree of each of the following differential equations. State also whether they are
linear or non-linear.

Jl—}-‘gdx— 1-x° dy =0

Answer

The order is the highest numbered derivative in the equation with no negative or fractional power of the
dependent variable and its derivatives, while the degree is the highest power to which a derivative is raised.

The above equation can be written as
T _ g
Vv1—-x2—=—/1—y?

Since the power of y can’t be rational so squaring on both sides

(vﬁg) - (i)

2

So, the order of the above differential equation 1 and the degree of the differential equation is 2

In a differential equation, when the dependent variable and their derivatives are only multiplied by
constants or independent variable, then the equation is linear.

So, in this question, the dependent variable is y and the term ? is multiplied by itself, so the given equation

X

is non-linear.
15. Question

Determine the order and degree of each of the following differential equations. State also whether they are
linear or non-linear.

dj}-' _[ d}-‘ Jz 3
dx’  |dx
Answer

The order is the highest numbered derivative in the equation with no negative or fractional power of the
dependent variable and its derivatives, while the degree is the highest power to which a derivative is raised.

Since the power of? is not rational we need to make it rational therefore cubing on both sides, we get
X
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dy\ (@)2
dx2/  \dx

So, the order of the above differential equation 2 and the degree of the differential equation is 3.

In a differential equation, when the dependent variable and their derivatives are only multiplied by
constants or independent variable, then the equation is linear.

So, in this question the dependent variable is y and the term ? is multiplied by itself, so the given equation
X
is non-linear.

16. Question

Determine the order and degree of each of the following differential equations. State also whether they are
linear or non-linear.

Answer

The order is the highest numbered derivative in the equation with no negative or fractional power of the
dependent variable and its derivatives, while the degree is the highest power to which a derivative is raised.

The above equation can be written as

23 =31 (2)

Since the equation has rational powers, we need to remove them so squaring both sides we get

d? dy”
_ 2 _ I P L
* dx? y) 9(1 y (dx) )

So, the order of the above differential equation 2 and the degree of the differential equation is 2.

In a differential equation, when the dependent variable and their derivatives are only multiplied by
constants or independent variable, then the equation is linear.

So, in this question, the dependent variable is y and the term ? is multiplied by itself, so the given equation
X

is non-linear.
17. Question

Determine the order and degree of each of the following differential equations. State also whether they are
linear or non-linear.

3/2

el

Answer

The order is the highest numbered derivative in the equation with no negative or fractional power of the
dependent variable and its derivatives, while the degree is the highest power to which a derivative is raised.

Since the above equation has rational powers, we need to remove them so squaring on both sides.

d2y2 dy” :
25(@) =[”(ﬁ)]

d2y2 dyy dy” dy*
25(@) -1+(3) +3(3) +3(&)
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So, the order of the above differential equation 2 and the degree of the differential equation is 2.

In a differential equation, when the dependent variable and their derivatives are only multiplied by
constants or independent variable, then the equation is linear.

So, in this question, the dependent variable is y and the term ? is multiplied by itself, so the given equation

X

is non-linear.
18. Question

Determine the order and degree of each of the following differential equations. State also whether they are
linear or non-linear.

dv
y=Xx—+a,{l+

dx
Answer

The order is the highest numbered derivative in the equation with no negative or fractional power of the
dependent variable and its derivatives, while the degree is the highest power to which a derivative is raised.

First of all, we will rearrange the above equation as follows

— a1 ()
Y X~ @ dx

Since the above equation has rational powers we need to remove them so squaring on both sides.

dy dyy dy)z
2 _ = 2(2) _ 2 -
y nydx+ X (dx) a [l + (dx

So, the order of the above differential equation 1 and the degree of the differential equation is 2.

In a differential equation, when the dependent variable and their derivatives are only multiplied by
constants or independent variable, then the equation is linear.

So, in this question, the dependent variable is y and the term ? is multiplied by itself, so the given equation

X

is non-linear.
19. Question

Determine the order and degree of each of the following differential equations. State also whether they are
linear or non-linear.

=3 7 dy
}*:px— a'.p_'_b"_Wherep:&

Answer

The order is the highest numbered derivative in the equation with no negative or fractional power of the
dependent variable and its derivatives, while the degree is the highest power to which a derivative is raised.

First of all, we will rearrange the above equation as follows

2
y—x?= h_2_|_ (E) here we have substituted the value of p and taken 32 out from the root

X a? dx

Since the above equation has rational powers we need to remove them so squaring on both sides.

(y-x2)=a {5 +(2)]

dy dy\? b2 dy)2
2 _ - 2y Lzl -
y" -2y dx X (dx) ? [32 * (dx
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So, the order of the above differential equation 1 and the degree of the differential equation is 2.

In a differential equation, when the dependent variable and their derivatives are only multiplied by
constants or independent variable, then the equation is linear.

So, in this question the dependent variable is y and the term ? is multiplied by itself, so the given equation

X

is non-linear.
20. Question

Determine the order and degree of each of the following differential equations. State also whether they are
linear or non-linear.

ﬁ -+ e}- = 0
dx
Answer

The order is the highest numbered derivative in the equation with no negative or fractional power of the
dependent variable and its derivatives, while the degree is the highest power to which a derivative is raised.

Concept of the question

2 3 4

v: oy .y
e A TR TR TR )
So, the equation becomes as follows
dy AR AT A
R A TR TR TI

So, the order of the above differential equation 1 and the degree of the differential equation is 1.

In a differential equation, when the dependent variable and their derivatives are only multiplied by
constants or independent variable, then the equation is linear.

So, in this question the dependent variable is y and the term y is multiplied by itself, so the given equation is
non-linear.

21. Question

Determine the order and degree of each of the following differential equations. State also whether they are
linear or non-linear.

-

d-y dy | . [d7y

—= | +| = | =xsin .

dx~ dx dx”
Answer

The order is the highest numbered derivative in the equation with no negative or fractional power of the
dependent variable and its derivatives, while the degree is the highest power to which a derivative is raised.

Concept of the question

. 3 . XS X'}' (_1)1'X21'+1
SMmxx)=X— — —_— — - —
(%) 31 51 7! (2r+ 1)!

So, in this question, the x of sin(x) is replaced by% which means that the power of% is not defined as it
X X

approaches to infinity by the above formula.

So, the order of the above differential equation 2 and the degree of the differential equation is not defined.

In a differential equation, when the dependent variable and their derivatives are only multiplied by
constants or independent variable, then the equation is linear.

So, in this question the dependent variable is y and the term % is multiplied by itself, so the given equation
X
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is non-linear.
22. Question

Determine the order and degree of each of the following differential equations. State also whether they are
linear or non-linear.

(y")2 +(y')2+ siny =0
Answer

. . 2
Here in question y" = %’ andy = ?
X X

The order is the highest numbered derivative in the equation with no negative or fractional power of the
dependent variable and its derivatives, while the degree is the highest power to which a derivative is raised.

Concept of the question
. 3 . XS X'}' . . (_1)1'X21'+1
SIn() =x= 7+ 577 (2r+ 1)!

So, in this question, the x of sin(x) is replaced by y which means that the power of y is not defined as it
approaches infinity by the above formula

So, the order of the above differential equation 2 and the degree of the differential equation is 2.

In a differential equation, when the dependent variable and their derivatives are only multiplied by
constants or independent variable, then the equation is linear.

So, in this question the dependent variable is y, and the term y is multiplied by itself, so the given equation
is hon-linear.

23. Question

Determine the order and degree of each of the following differential equations. State also whether they are
linear or non-linear.

d%y dy

—+5x| — |—6y =log x
dx” dx
Answer

The order is the highest numbered derivative in the equation with no negative or fractional power of the
dependent variable and its derivatives, while the degree is the highest power to which a derivative is raised.

So, in this question the order of the differential equation is 2 and the degree of the differential equation is 1.

In a differential equation, when the dependent variable and their derivatives are only multiplied by
constants or independent variable, then the equation is linear.

So, in this question the dependent variable is y and the term ? is multiplied by itself so the given equation is
X

non-linear.
24. Question

Determine the order and degree of each of the following differential equations. State also whether they are
linear or non-linear.

dy dy dy
—F+—5+—+ysiny=0
dx~ dx- dx

Answer

The order is the highest numbered derivative in the equation with no negative or fractional power of the
dependent variable and its derivatives, while the degree is the highest power to which a derivative is raised.

Concept of the question
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XS XS X? (_1)1‘X21'+1
i —_ _— + e — + e +
e T T T (2r + 1)!

So, in this question, the x of sin(x) is replaced by y which means that the power of y is not defined as it
approaches infinity by the above formula

So, the order of the above differential equation 3 and the degree of the differential equation is 1.

In a differential equation, when the dependent variable and their derivatives are only multiplied by
constants or independent variable, then the equation is linear.

So, in this question the dependent variable is y, and the term y is multiplied by itself, so the given equation
is non-linear.

25. Question

Determine the order and degree of each of the following differential equations. State also whether they are
linear or non-linear.

d’y dy : ) d’y

> +3| — | =x"log ]
dx~ dx dx”
Answer

The order is the highest numbered derivative in the equation with no negative or fractional power of the
dependent variable and its derivatives, while the degree is the highest power to which a derivative is raised.

Concept of the question

For the degree to be defined of any differential equation the euqtion must be expressible in the form of a
polynomial.

But, in this question the degree of the differential equation is not defined because the term on the right hand
side is not expressible in the form of a polynomial.

Thus, the order of the above equation is 2 whereas the degree is not defined.
Since the degree of the equation is not defined the equation is non-linear.
26. Question

Determine the order and degree of each of the following differential equations. State also whether they are
linear or non-linear.

dy Y (dyY -
el _4[_-] +7y =sm1 X
dx dx

Answer

The order is the highest numbered derivative in the equation with no negative or fractional power of the
dependent variable and its derivatives, while the degree is the highest power to which a derivative is raised.

So, in this question, the order of the differential equation is 1, and the degree of the differential equation is 3.

In a differential equation, when the dependent variable and their derivatives are only multiplied by
constants or independent variable, then the equation is linear.

So, in this question, the dependent variable is y and the term ? is multiplied by itself so the given equation

X

is non-linear.
Exercise 22.2
1. Question

Form the differential equation of the family of curves represented by y? = (x - c)3.

Answer

Get More Learning Materials Here : & m @\ www.studentbro.in



y2 = (x - c)3

On differentiating the above equation with respect to x we get

dy ,
Zyﬁ = 3(x—c)
2ydy
—2 = 22
= (x—c) 3 dx
q 1
2y Y)2
- -0 = (T
Putting the value of (x - ¢) in the given equation, we get,
1 3
(6
3 dx
3
3 dx

On squaring, both sides we get,

3
. _ (Eﬂ)
3 dx
a2
Lo ﬂ_f(ﬁ)
27 \dx
dy 3
= 27y = 8(&)

3
Hence, 27y = 8 (E) is the differential equation which represents the family of curves y2 = (x - c)3.
dx

2. Question

Form the differential equation corresponding to y = €™ by eliminating m.
Answer

Given equation, y = e™

On differentiating the above equation with respect to x we get

dy — mx
= e
Buty = e™X
LAy _

“ e = Wy

Now we have, y = ™
Applying log on both sides, we get,

log y = mx

which gives m = °&¥
X

So, putting this value of m in ? = my we get
X
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dy logy
dx X
dy l
= —_— =
de ylogy
Hence, x? = ylogy is the differential equation corresponding to y = e™.
X

3 A. Question

Form the differential equation from the following primitives where constants are arbitrary:
y2 = 4ax

Answer

On differentiating with respect to x, we get 2y (%) = 4a

On substituting the value of a we get,

2

dy N
2y (&) =t

5 (dy) oyl
= dx/ x
dy
= ZX(E) =y

Hence, 2x (?) = y is the differential equation corresponding to
X

y2 = 4ax.

3 B. Question

Form the differential equation from the following primitives where constants are arbitrary:
y=cx+ 2 +¢3

Answer

On differentiating with respect to x, we get,

dy_

dx_c

Putting this value of c in the given equation we get

dy dy)z (dy)a
¥y = X& + 2(& + E

Hence, y = x% + 2 (g)g + [:%)3 is the differential equation corresponding toy = cx + 2c2 + 3.
3 C. Question

Form the differential equation from the following primitives where constants are arbitrary:

Xy = a2

Answer

Again, differentiating with respect to x we get,
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Hence, x(?) + y = 0 is the differential equation corresponding to xy = aZ.
X
3 D. Question
Form the differential equation from the following primitives where constants are arbitrary:
y =ax? + bx + ¢
Answer

As the given equation has 3 different arbitrary constants so we can differentiate it thrice with respect to x

So, differentiating once with respect to x,

d
—y=2ax+b
dx

Differentiating twice with respect to x,

d?y
(E) =2

Now, differentiating thrice with respect to x we get,

d3y

dx3

Hence, jii' = ( is the differential equation corresponding to
X

y = ax? + bx + c.

4. Question

Form the differential equation of the family of curves y = A + Be 2%, where A and B are arbitrary
constants.

Answer
y = Ae?X + Be 2X

As the equating has two different arbitrary constants so, we can differentiate it twice with respect to x. So,
on differentiating once with respect to x we get,

d
T _ a6 2Be 2
dx

Again, differentiating it with respect to x, we get

d2
d—xf = 4Ae®™ + 4Be™**
d2
= —dxs?-{ = 4(Ae** + Be %¥)

But, Ae2X + Be 2X =y (Given)

d?y

iy — = 4
dx? y

Hence the differential equation corresponding to the curves
= Ae?* + Be 2 js &Y _

y Tz 4y

5. Question
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Form the differential equation of the family of curves,

x = A cos nt + B sin nt, where A and B are arbitrary constant.

Answer

As the given equation has two different arbitrary constants so we can differentiate it twice with respect to x.
X = A cos nt + Bsinnt

On differentiating with respect to t we get,

dx .
E = —Ansinnt + Bncosnt

Again, differentiating with respect to x,

d*x ) 2 s

ﬁ = —An“cosnt — Bn“sinnt
d%x 5 .

=gz = (Acosnt + Bsinnt)

As x = A cos nt + B sin nt
d%x
T dt2
d?x

= ——+n’x=0
dt?

= —n?x

“x + n?x = 0 is the required differential equation.

Hence, d
at?

6. Question

Form the differential equation corresponding to y? = a(b - x2) by eliminating a and b.
Answer

Given equation y2 = a(b - x2)

On differentiating with respect to x, we get,

dy
Zyﬁ = —2ax ...... (1)

Again, differentiating with respect to x we get,

d2 dy 2
Zy—y + 2(_}’) = —2a

dx= dx
dQY dy 2
= Vix2 (ﬁ) = —a ... (2)
From (1) we have 3 = — Y%
xdx

On putting, this value in (2) we get,

dZy  (dyy’ 2y dy
CHCRREL
dx?2 dx

2xdx
| Py (@)2 _ (@)
ydx2 dx X dx

-5 @) - 62
dez dx ydx
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2
So, the required differential equation is X(Yj__?; + (g) ) = (y%).

7. Question
Form the differential equation corresponding to y2 - 2 ay + x% = a2 by eliminating a.

Answer

y2-2ay+x2=a?

On differentiating, with respect to x we get,

dy _ dy
ZyE—ZaE +2x =0

Putting this value of a in the given equation, we get,

2
2 (v + x) 2 (v + x)
A e A e
dx dx
dy ,
Putﬁ—y

I r 2
y}’ + X y}’ + X
21— Za( ) + x% = ( )
y y; y 3',.r
yiy' = 2(y%y' + xy) + X%y yiy? + 2xyy’ + x?
=1 =
y." y."z

= y2y'2 - 2y%y'? - 2xyy' + XPy'? = y2 Y12 4 2xyy' + %
= y2y'2 - 2y%y'2 - 2xyy' + X%y - y? y'2 - 2xyy' - X2 =
= - 4xyy' + y'2x2 -x2-2y?y2 =0

= y'2(x2 - 2y2) - 4xyy’ - x2 = 0

S0, y'2(x2 - 2y2) - 4xyy’ - x% =

8. Question

Form the differential equation corresponding to (x - a)2 + (y - b)2 = r2 by eliminating a and b.

Answer
(x-a)Y+(y-bZ=r2... (i)

On differentiating with respect to x, we get,

d
2(x—a) + Z(y—b)d—i —0

d
= (x—a) + (y—b)% =0.... (if)

Again, differentiating with respect to x we get,

Get More Learning Materials Here : & m @\ www.studentbro.in



d<y dy)
1+ -0+ (5
2
(ﬂ) +1
X
=y—b = Ty (iii)
dax2

d?y dx
dx?
dy 2
e (@) e
- dy dx
dx?
dy 3 dy
oy
dx?

Put the value of (x - @) and (y - b) in (i) we get,

2
dy\* |, dy d:-’)2
@) +& ) @ +1) _ .

d?y dzy =1

dx?2 dx2

2

4 a2
Put & ' &y " we get,
. A5V and Tz AV g

R 2 J2+12
(y Y”y) +(y y" ) -

= (y3+y)2+(y2+ 1) =r?y?

So, the required differential equation is (y'3 + y’)2 + (y'2 + 1)2 = r2y"’2,

9. Question

Form the differential equation of all the circles which pass through the origin and whose centers lie on the y -
axis.

Answer

Any circle with centre at (h, k) and radius r is given by,
(x-h)? + (y - k)2 =r?

Here centreisony - axis,soh =0

So, we have the equation of circle as, X2 + (y - k)2 = r2

Further, it is given that circle passes through the origin (0,0) therefore origin must satisfy the equation of
circle. So, we get,

0+ k?=r2
So, the equation of circle is x2 + (y - k)2 = k2
=x2+y2—2ky=0

= x2 4+ y2 = 2ky
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X% + y?
2y

=k =
Now, differentiating it with respect to x we get,

Zy(ZX + Zy%) - (x* + yz)Z%

0=
(2y)2
dy dy dy
_ 2"V 2°7¢ 2"V
= 0 = 4xy + 4y Ix 2xX Ix 2y Ix
dy
_ 25 a2 Y
= 0=2 Ix Zxd + 4xy
d
= _yzd_ierzd_y: 2xy

dy
2_ g2y _
= (x y)dx 2xy

Hence, the required differential equation is (x? — yE)% = 2xy

10. Question

Find the differential equation of all the circles which pass through the origin and whose centers lie on the x -
axis.

Answer

Any circle with centre at (h, k) and radius r is given by,
(x-h)2 + (y-k?2=r2

Here centre is on x - axis, sok =0

So, we have the equation of circle as, (x - h)? + y2 = r2

Further it is given that circle passes through origin (0,0) therefore origin must satisfy equation of circle. So,
we get,

0+h?=r2

So, the equation of circle is (x - h)2 + y2 = h?
=>x2-2hx +y2=0

= x2 + y2 = 2hx

2 2
X +y
= h=—"
2%
Now, differentiating it with respect to x we get,

2x (Zx + Zy%) —(x% + y%)2

0= L

dy 5 5
=:-2x(x+y—dx)—(x +y*)=0
dy
2 w22
= 2X +2xydx X°—y 0

dy
2 2 —
= (x y)+2xydx—()
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Hence, the required differential equation is (x? —y?) + sz% =0

11. Question

Assume that a raindrop evaporates at a rate proportional to its surface area. Form a differential equation
involving the rate of change of the radius of the raindrop.

Answer

Let r be the radius of the raindrop, V be its volume and A be its surface area

Given

dv A dv KA
JRE— = — = —
dt dt

Negative because V decreases with an increase in t

k is a proportionality constant

Now, we know that

4 e 2
vV = gm' and A = 4mr
So, we have,

E(%m.a) = —k(4mr?)

dt
dr

4 -2 — _1{ 4 "2
= 4 (4mr®)

dr K
= — = —

dt
Hence, the required differential equation is % = —k

12. Question

Find the differential equation of all the parabolas with latus rectum ‘4a' and whose axes are parallel to the x -
axis.

Answer

Equation of parabola with latus rectum ‘4a’ and axes parallel to x - axes and vertex at (h,k) is given by
(y - k)2 = 4a(x - h)

On differentiating with respect to x we get,

dy
Z(y—k)ﬁ = 4a

d
> (-0 = 22 ..()

Again differentiating (i) with respect to x we get,

dZy  gdyy’
y-K3e ™+ (E) =0

2
From (i) we have (y —k) = _d_yi , on substituting it in the above equation we get,
dx

2a d? dy 2
2y (@)
dy dx2 dx

dx
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d2
=:-?.a—y+(

dy 3
dx? _) =0

dx

3
Hence, the required differential equation is 23 &Y & (E) -0
dx=? dx

13. Question

pl

Show that the differential equation of which y = 2(x3 _1) +ce * is a solution, is dy | 2xy = 4%x°.

Answer
y=2(x*—1)+ce™
On differentiating with respect to x we have,

d
& = 4x — 2cxe™X
dx

Now,

d
d—i +2xy = 4x—2cxe ™ + 2x{2(x2—1) + ce ¥}

= 4x — 2cxe ™™ + 4x°—4x + 2ce ™
= 4x3
Which is the given equation.

Hence, y = 2(x3 _1) + ce ™" s solution to the given differential equation.

14. Question

Form the differential equation havingy = (sin" x)2 + A cos™! x + B, where A and B are arbitrary constants,
as its general solution.

Answer
y= (sin"'x)*+ Acos™'x+B

On differentiating with respect to x we get,

& = 27 () A=)

— = 2sin'x

dx Vv1-—x2 v1-—x2
d

= '\.'l_XEd_i = 2sin"'x—A

Again, differentiating with respect to x we have,

——d?y dy 1
p— — — —_— P
Jv1—Xx 2 dX(\,l—x?)( 2x%) mel—xz
d’y _ dy
— ey - —
= (1—-x )dXz Zxdx 2=0

Hence the required differential equation is

d*y dy
S-S A S A S
(1—x )dx2 Zxdx 2=0

15. Question

Form the differential equation of the family of curves represented by the equation (a being the parameter):
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i (2x + a)2 4+ y? = a2
i. (2x -a)2-y2 = a?
iii. (x -a)2 + 2y? = a2
Answer
(i)
(2x +ay +y? =a?
On differentiating, with respect to x we have,
2(2x + a) + 2},@ =10
dx

dy
=:-(2x+a)+y£=0

d
= a= —Zx—yd—i

Putting this value of a in the given equation we get,

2 2

d d
(ZX—ZX—yd—D + y* = (—Zx—yd—i)

2
dy\? , dy d
= (yﬁ) +y° =|4x" + y(ﬁ) + 4xyﬁ

= y2—4x2—4xyg =0
i.(2x-a)Y-y2=a?

= 4x2 + a2 - 4ax - y? = a2
=4x2-4ax-y2 =0

= dax = 4x2 - y2

4x? —y?

= a3 =
4x

On differentiating with respect to x we get,

{(ﬂx— 2%) 4x — 4(4x* — yz)}

0:
4

d
= 8x2—2xd—i—4x2 +y2 =0

dy
2 2 _
= 4x° + y° = Zxdx

iii. (x-a)2 +2y?=a?
On differentiating, with respect to x we have,

dy
2(x—a) + 43”& =10
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d
= (x—a) + Zyd—i =0

d
=:-a=x+2yd—i

Putting this value of a in the given equation we get,

2
dy ) ( dy)
(x— (x + Zyg)) + 2y° = (x + Zyﬁ
dy z dy ? dy
-~ 2 _ | 2 -~ -~
= (4ydx) + 2y X- + (4y (dx)) + 4Xydx

dy_
dx

2

= 2y?—x?— 4xy 0

16 A. Question

Represent the following families of curves by forming the corresponding differential equations (a, b being
parameters):

X2 +y2 = a2
Answer

On differentiating we get,

2+2dy_0

X ydx_
dy

=>X+yﬁ_0

16 B. Question

Represent the following families of curves by forming the corresponding differential equations (a, b being
parameters):

X2 y2 =32
Answer

On differentiating we get,

d
ZX_ZYEBZ =0

dy
= X—y = 0
16 C. Question

Represent the following families of curves by forming the corresponding differential equations (a, b being
parameters):

y2 = 4ax

Answer

2

Y

X

= 4a

On differentiating we get,
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d
:nyd—i— =0

dy
= Zxﬁ—y =0

16 D. Question

Represent the following families of curves by forming the corresponding differential equations (a, b being
parameters):

2+ (y-b2=1
Answer

On differentiating we get,

dy
2x + Z(y—b)ﬁ =0

dy
= (y—b)ﬁ = —X

X
= [:y— b) = d—y ...... (11)
dx
Put (ii) in (i),
2
—X
2 - —
X< + ﬂ =1
dx

dy z dy 2
2 (22 z _ |22
=X (dx) X (dx)
16 E. Question

Represent the following families of curves by forming the corresponding differential equations (a, b being
parameters):

(x-a)2-y2=1
Answer

Differentiating with respect to x we get,

d
2(x— a)—Zyd—i =0

dy
= (x—a) = Yax

Now putting the value of (x - a) in the initial equation, we get
dy 2
2 2
—~ 1 — =1
y (dx) y
16 F. Question

Represent the following families of curves by forming the corresponding differential equations (a, b being
parameters):
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X_' 1!.'_.
f\_'q. :1

a- b

Answer

b2x2—32y2 .
azhz B

b2x2 - a2y? = a2b2
On differentiating with respect to x we get,

dy_

2y _ 94257 _
2b-x Zaydx 0

Again, differentiating with respect to x we get,

d’y  dyy’
2 _ 2l 0 - _
b*—a (y dx? - (dx) 0

d’y  (dyy?
2 _ 2f,— Y c
=b ? (dez * (dx)

Putting this value of b2 in (i) we get,

d?y dy dy
2 -7 - - N
- X(ydxz - (dx) TV ax 0
dy  rdy\*\_ dy
2 e —_— —_ —_— =
- (X (}’ dx? * (dx) Yax 0

d’y = dyy\*\ dy
ﬁ’("(}’@%&) Vi) =0

16 G. Question

Represent the following families of curves by forming the corresponding differential equations (a, b being
parameters):

y2=4a(x-b)
Answer

On differentiating with respect to x

2y— = 4
de 3
Again, differentiating with respect to x we get,
d dy\’
B (@) -0
dx? dx
16 H. Question

Represent the following families of curves by forming the corresponding differential equations (a, b being
parameters):

y = ax3

Answer
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y = ax3

On differentiating with respect to x we get,

2

dy_

Jax
dx

From the given equationa = =

So, we have

dy y
ax - oxt

16 1. Question

Represent the following families of curves by forming the corresponding differential equations (a, b being
parameters):

x2 +y2 = ax3
Answer

x2 + y? = ax3
x? + y?
a=——3

Differentiating with respect to x,

((Zx + Zy%) x3—3x%(x? + yz))

X6

d
= 2x* + Zxayd—i—Bx“—szyz =0

d
= Zxayd—i—x“—?:xzyz =0

dy

3 "t 2,2
:nydx X° + 3xX°y
dy
3 N I 2
=:-2xydx X (x* + 3y°)

d
= nyd—i = (x* + 3y%)

16 ). Question

Represent the following families of curves by forming the corresponding differential equations (a, b being
parameters):

y = gaX
Answer

Differentiating with respect to x

dy_
dx

e
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dy_
=:-dx—ay

From the given equation we have,

y = e
= >log y = ax
logy
=a=—
X
Now,
dy logy

T YTV

dy _ vl
= de = ylogy
17. Question

Form the differential equation representing the family of ellipses having the center at the origin and foci on
the x - axis.

Answer

Equation of required ellipse is

x2 y° .
§+b—2=1 ...... (1)

Where a,b are arbitrary constants

Differentiating (i) with respect to x we get,

2x  2ydy
2 T bTdx

Now, differentiating (ii) with respect to x we get,

dy
o - y&y  Fax—Y)dy
T oxdx? x2 dx

=0

d?y (dy)z dy
dx

ﬂxy@+x —y&

2
The required differential equation is Xy:_i}: + x(g) _yg -

18. Question
Form the differential equation of the family of hyperbolas having foci on x - axis and center at the origin.
Answer

Equation of required hyperbola is

Where a,b are arbitrary constants
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Differentiating with respect to x we get,

Again, differentiating with respect to x we get,

11 [7dy\° d?y
E‘ﬁ«&)+yﬁi‘°

1 1 (dy)z . d?y
= a2 b2\ \dx ydx2

Substituting this value ofi2 in (ii) we get,
a

1 (dy)z N d’y ydy 0
X br\\ax) T Y&2) | brax T

dyy>  d?y\ dy
ﬂX«&)+Y&5‘%;—°

dy\’ d’y  dy
ﬁ%&)*W&TW&—O

dy\” dy dy
ﬁ%&)*“a?Tﬁ—o

. . . . . dy 2 dz}r dy
The required differential equation isyx (d ) + XY SV = 0

dx
19. Question

Form the differential equation of the family of circles in the second quadrant and touching the coordinate
axes.

Answer

Let C denote the family of circles in the second quadrant and touching the coordinate axes and let ( - a, a) be
co - ordinate of the centre of any member of this circle

Now, the equation representing this family of circle is (x + a)2 + (y - a)2 = a% ...... (i)
>x2+y2+2ax-2ay+at=0... (ii)

Differentiating (ii) with respect to x we get,

dy dy
= 2X + ZyEJr Za—ZaE =0
dy dy
=:-x+yd—+a—ad— 0
dy dy
=>X+yd— —a+ad—
d
@+y§)
= a=
dy
ﬁ—l

Substituting this value of a in (i) we get,
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= (x + y)? ( ) + x+y)?= (x+yg)
s o <)

The required differential equation is ((x + y)? + 1) (g)z = (x + y_)z

Exercise 22.3

1. Question

Show that y = be* + ce

Answer

The differential equation |s 3 + 2y =0 and the function that is to be proven as solution is

, 2 d
y = beX+ ce?X, now we need to find the values of% and d—}'
X X

Y _ beX + 2ce?X

dx

2
Y _ peX + 4ce?*
dx?

Putting the values of these variables in the differential equation, we get,

beX + 4ce?* - 3(be* + 2ce?) + 2(be* + ce?X) = 0,

0=0

As, L.H.S = R.H.S. the equation is satisfied. Hence, this function is the solution of the differential equation.

2. Question

gl

Verify that y = 4 sin 3x is a solution of the differential equation_{ + Oy = 0.

Answer

The differential equation |s _|_ 9y =0 and the function that is to be proven as the solution is
y = 4 sin 3x, now we need to fmdj ¥
\'

dy _ 12 cos 3x

X

Z .
&Y _ _ 36 sin 3x
dx?

Putting the values in the equation, we get,
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-36 sin 3x + 9(4 sin 3x) = 0,
0=0
As, L.H.S = R.H.S. the equation is satisfied, so hence this function is the solution of the differential equation.

3. Question

5

Show that y = ae?* + be™ is a solution of the differential equation;}; _d_‘ —2v =0,
dx- dx 7

Answer

The differential equation is j_zi'_ ? —2y=0 and the function that is to be proven as solution is
X X

. F4
y = ae?X + be™*, now we need to find the value of? and % .
X X

d _
& = 2ge2X - pe
dx

2
9Y = 43e2X + be*
dx®

Putting these values in the equation, we get,

4ae?X + be™* -(2ae?* - be™X) - 2(ae?* + be™X) = 0,

0=0

As, L.H.S = R.H.S. the equation is satisfied, so hence this function is the solution of the differential equation.

4. Question

Show that the function y = A cos x + B sin x is a solution of the differential equationd__fi +v=0.

Answer

The differential equation is :_21"+ y = 0 and the function that is to be proven as solution is

x2

y = A cos x + B sin x, now we need to find the value of% .
X

a .
d—}'=—Asmx+Bcosx
X

Z .
4Y = _Acos x - Bsin x
dx?

Putting the values in equation, we get,

-Acosx-Bsinx+ Acosx+Bsinx=0,

0=0

As, L.H.S = R.H.S. the equation is satisfied, hence this function is the solution of the differential equation.

5. Question

Show that the function y = A cos2x - B sin 2x is a solution of the differential equation d_t'q +4v =0.

Answer

The differential equation is :_21"+ 4y =0 and the function that is to be proven as solution is

x2
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y = A cos2x - B sin 2x, now we find the value of% .
X

%Y — _2A sin 2x - 2B cos 2x

dx

dZ}I .
— = -4A cos 2x + 4B sin 2x
X

ds

Putting the values in the equation, we get,

-4A cos 2x + 4B sin 2x + 4(A cos 2x - B sin 2x) = 0,

0=0

As, L.H.S = R.H.S. the equation is satisfied, so hence this function is the solution of the differential equation.

6. Question

Show that y = AeBX is a solution of the differential equationd;fi = l d_‘ .
dx- vldx
Answer
. . L d%y 1/dy)2 : ian i X
The differential equation is == _(d—) and the function to be proven as the solution is y = Ae?X, now we
X ¥ hdx
need to find the value of &¥ and &2 .
dx dx2
& = ABeBX
dx

z
4%y _ AB2eBx
dx=?

Putting values in the equation,
1

2Bx _
AB<e ‘—AEBK

(ABe"¥)?

ABZeP* — ABZeB*
L.H.S. = RH.S.

As, L.H.S = R.H.S. the equation is satisfied, so hence this function is the solution of the differential equation.

7. Question

s -/
Verify that y = a, b is a solution of the differential equationd_Bj + = ﬂ ] =.
X dx- x\dx

Answer

F4
The differential equation is H+ 2 (?) = (0 and the function to be proven as the solution isy = %-i- b, now we
X 3

dx2 x

need to find the value of? and 2y .
X

dx=
dy ~ a
dx  x2
d’y 2a
dx2  x3

Putting values in equation,

2a 2{-a
2-32) -0
x? oxwx?
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0=0
As, L.H.S = R.H.S. the equation is satisfied, so hence this function is the solution of the differential equation.

8. Question

dy dx
Verify that y2 = 4ax is a solution of the differential equationy = Xd— +a d_
X y

Answer

. . Lo d ds . Co
The differential equation is y = xd—i+ ad—; and the function to be proven as the solution is y2 = 4ax, now we

. ds
need to find the value of & and = .
dx dy

dy 2a
dx vy
dx vy
dy 2a

Putting the values,

2a . 2+/ax
d
2\."'5{ 2a

As, L.H.S = R.H.S. the equation is satisfied, so hence this function is the solution of the differential equation.

9. Question

J. d’y (dy J dy

Show that Ax? + By? =1 is a solution of the differential equationxl}-' =+ d_ —y—.
X

dx” T dx
Answer

The differential equation is x Jy Y (ﬂ)z _ - A2 L B2
quation is xjy— + = y—=and the function to be proven as the solution is Ax* + By
dx® dx dx

. 2
=1, now we need to find the value of? and d—i’ .
X

dx
0=2Ax+ 2B dy
- Y ax
dy —Ax
dx By

d’y —AB%y? — BA?x?
dx? (By)3

Putting the values in the equation,
—AB?y? — BA%x? N BAZx? —Ax
oy (By)? Bey2 | ' By

[ (A(Bf + szl)
x|- +
BEyZ

A?x? —Ax
B2yz y By
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A?Bxy? —Ax

- B2y2 =y By
—Ax_ —Ax
Y By y By

As, L.H.S = R.H.S. the equation is satisfied, so hence this function is the solution of the differential equation.

10. Question

3
Show thaty = ax® + bx? + c is a solution of the differential equatlond_ = 63
dx*
Answer
The differential equation |s —< — ga and the function to be proven as the solution is

2
y = ax3 + bx2 + ¢; now we need to find the value of%
X

d
v_ 3ax® + 2bx
dx

d?y

@ = 6ax+ 2
d3y

Frchals

Putting the value of variables in the equation,
6a = 6a
As, L.H.S = R.H.S. the equation is satisfied, hence this function is the solution of the differential equation.

11. Question

Show that y = is a solution of the differential equatlon(1 X2 )d‘ (1_ y? )= 0.

l+cx dx

Answer
The differential equation is (1 + xz)? + (1 +y?) and the function to be proven is the solution of equation is
X

c—X . d
¥ =—— now we need to find the value ofd—}'.
X X

dy (1+ex)(0-1)—(e-x)(0+¢c) —(c*+1)
dx (1+ cx)? (14 ex)?

Putting the value of the variables in the equation,

(1+x2)(—(c2+1)} (c—x)?
(1+ cx)2 I (1+ cx)2

]_

(1+cx)?+(1+x)(-1-cHD+(c—-x)?%=0

1+c2x2+2cx-1-2-x2-c2x24+c2+x2-2cx=0

0=0

As, L.H.S = R.H.S. the equation is satisfied, so hence this function is the solution of the differential equation.

12. Question
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-

dy dy

Show thaty = e* (A cosx + B sinx) is a solution of the differential equation— - _ 27 . 2y —
dx- dx
Answer
The differential equation is j_zi'_ 2? +2y=10 and the function to be proven as the solution is
X X

y = & (A cosx + B sinx), we need to find the value of?.
X

?= eX(A cos X + B sin x) + eX(-A sin x + B cos x)
X

g= eX(A cos X + B sin x) + eX(-A sin x + B cos x) + e*(-A sin x + B cos x) + eX(-A cos x - B sin x)
X

= 2eX(-A sin x + B cos x)

Putting the values in equation,

2eX(-A sin x + B cos x) - 2eX(A cos x + B sin x) - 2eX(-Asin x + Bcos x) + 2 (A cos x + Bsinx) =0
0=0

As, L.H.S = R.H.S. the equation is satisfied, hence this function is the solution of the differential equation.

13. Question

Verify thaty = cx + 2c2 is a solution of the differential equation? d_"J _Xd_t' -y =0.

dx dx

Answer

2
The differential equation is 7 (g) + x% —y = 0 and the function to be proven as the solution is

y =CX + 2¢2, now we need to find the value of? .
X

¥=c+0
dx

Putting the values,

2c2+ xc-cx-2c2=0

As, L.H.S = R.H.S. the equation is satisfied, so hence this function is the solution of the differential equation.
14. Question

Verify that y = -x - 1 is a solution of the differential equation (y - x)dy - (Y% - x2)dx = 0.

Answer

z_ .2
The differential equation is ? =Y = — y + x and the function to be proven as the solution is
X v—x

= -Xx -1, now we need to find the value of? .
X

Putting the values in equation,
-1 =-x-1+x
As, L.H.S = R.H.S. the equation is satisfied, so hence this function is the solution of the differential equation.

15. Question
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dy | dy
Verify that y2 = 4a(x + a) is a solution of the differential equationy {1—[ —J =2Xx—.
Answer
2
The differential equation is y[l — (?) } - Zx? and the function to be verified as the solution is
X X

y2 = 4a(x+a), now we need to find the value of? .
X

dy
Zyﬁ— 43
dy 2a a
dx y Jax+a)
[1 (23)2] 5 (Za)
—_ — = 2%x|—
Y y y
y?—4a’ dax
y y
42’  4ax
Y y y

Putting the value in equation,
As, L.H.S = R.H.S. the equation is satisfied, so hence this function is the solution of the differential equation.

16. Question

¥ x) ¥ oo
dx~ dx

Verify that

-1_. . . . . f 20
— cefan xis a solution of the differential equatlon(l +x- }

Answer

The differential equation is (1 + XE)Z_?+ (2x + 1)? = ( and the function to be verified as the solution is
X X

- . d 2
y = cet¥® %, now we need to find the value of ¥ and 4y
dx dx?

@ _ rptantx 1

ax ¢ 1+x2

2
d_y _ C[etan_lx 1 — gtan™'x 2x ]
dx? (1+x2)2 (1+x2)2

Putting the values,

_ 1—-2x - 1
tan"!x ((1—_'_ = ))2 (1 + Xz) + (ZX — 1) cetan x

ce

tan " *x

ce
1+ x2

[1-2x+2x—1]=0

As, L.H.S = R.H.S. the equation is satisfied, so hence this function is the solution of the differential equation.

17. Question

5

mcos ™ xis a solution of the differential equation('l _x? ) %y _ X dy —mv=0-

dx~-

Verify that  _ o
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Answer

The differential equation is (1— XE)Z_E_XE - 1113«'2 = ( and the function to be verified as the solution is

- . d z
y = eMmeos %, now we need to find the value of =¥ and 4y

dx dx®
@ = gl cos tx m -1
dx V1 —x2
2

d y_ meos tx .2 1 _ mcos tx X

5= m 3 me 3
dx 1-x (1—x2)"2
Putting the values in the equation,

- 1 - X - -1
1 1 1
(1 _ XE)emcos X m — memecos 'x — x ameos x
3
1—x? (1—x2)72 V1—x2

—mfy =0
As, L.H.S = R.H.S. the equation is satisfied, so hence this function is the solution of the differential equation.

18. Question

Verify that y = l@g(x afx?1al )_'is a solution of the differential equation[a2 + XE‘} d_ti + x%‘ =0.

Answer

The differential equation is (3% + XQ)z_zi'+ X? — 0 and the function to be proven as the solution is
X X

2 . dy d?y
y= log{x +x2 _|_‘az} , now we need to find the value OfE and =

dy 2

dx Vx2+a?

d?y —2x

dx? (x2 +a2)%

Putting the values in the equation,

—2X 2

2 2
a“+x +x =0
( )(xz +a2)”’2 T xT+al

As, L.H.S = R.H.S. the equation is satisfied, so hence this function is the solution of the differential equation.

19. Question
Show that the differential equation of which y = 2(;.;3 — 1) + ce ™ is a solution is d_" +2xy =4%x°

Answer

The differential equation is ? + 2xy = 4x? and the function to be proven as the solution is
X

y = 2(x2 - 1)+ ce~*", now we need to find the value of% .

d
& 4x — 2cxe ™
dx

Putting the value,

4x —2cxe™ +2xy—4x3=0
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As, L.H.S = R.H.S. the equation is satisfied, so hence this function is the solution of the differential equation.

20. Question

-

Show thaty = e™ + ax + bis solution of the differential equationg® d_‘q =1.

Answer

The differential equation is exj_zl" = 1 and the function to be proven as the solution is

xZ

z
y = eX + ax + b, now we need to find the value of% .
X

d: _
T=_-eX+a
dx

z

ﬂ:e_x
dx?

Putting the values in equation,

() (e¥) =1

As, L.H.S = R.H.S. the equation is satisfied, so hence this function is the solution of the differential equation.
21. Question

For each of the following differential equations verify that the accompanying function is a solution.

Differential equation

. dy
L X—=¥y
dx
dx
d‘_-" 2
. x = +yv=vy-
dx
iv 3221
dx~
dy
V. v =| —
de
Function
y =ax
y=+yal—x°
a
¥y=
X+a
1.2?1)(—?]—L
2x
1 2
v=—(X*a
y = (xza)
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Answer

(i). The differential equation is x? =y and the function to be proven as solution is y = ax, now we need to
X

find the value ofE .
dx

Putting the value,
ax =y = ax,

As, L.H.S = R.H.S. the equation is satisfied, hence this function is the solution of the differential equation.

(ii). The differential equation is x + y? = 0 and the function to be proven as the solution of this equation is
X

y = ++/aZ — x2, now we need to find the value of% .

dy  —=x

& \I.'HE — X2
Putting the values,

—X
P
X¥yaiox fa? —x2 0

A
Xx-x=0
As, L.H.S = R.H.S. the equation is satisfied, hence this function is the solution of the differential equation.

(iii). The differential equation is X?er = y? and the function to be proven as solution is
X

now we need to find the value of? .
X

dy  —a

dx  (x+a)2
2 — 2
X(x+a]z+y ¥,

As L.H.S. # R.H.S. the equation is not satisfied, hence this function is not the solution of this differential
equation.

(iv). The differential equation is Xaj_zl" 1 and the function to be proven as solutionisy = ax+b + i, now we
X

%2

need to find the value of@ .
dx?

dy 1
dx a 2x2
d’y 1
dx2 x3

Putting the values,

As, L.H.S = R.H.S. the equation is satisfied, so hence this function is the solution of the differential equation.

2
(v). The differential equation is y = (E) and the function to be proven as solution isy = E[:x;+ a)Z, now we
dx
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need to find the value of? .
X

dy 1 .
dx_z(x_a)

Putting the value, we get,
1 1
y= [E(Xi a)]? =E(Xia)2

As, L.H.S = R.H.S. the equation is satisfied, so hence this function is the solution of the differential equation.
Exercise 22.4

1. Question

For each of the following initial value problems verify that the accompanying function is a solution:

dy
X— =
dx

Function: y = log x

Ly(1)=0

Answer

Verification:

y = log x

Differentiating both sides we get,

dy d(logx) dy 1

dx ~ dx z;'dx_x

Multiplying x on both the sides

dy _1 %Y _ | (We sot the required diffrential equati
= Xg = X=X = (We got the required diffrential equation)

Also, at x=1, y should be equal to 0. Let’'s check it out.

At x=1, y=log (1)=0. (Hence the initial value condition is also satisfied)

2. Question

For each of the following initial value problems verify that the accompanying function is a solution:
E: y.¥(0)=1

Function: y=e¥

Answer

Verification:

y= e

Differentiating both sides we get,

dy d(e¥)
dx ~ dx

dy .
U
dx €

Since y=e* , we can replace e* in the above differential equation
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L
fax Y

Hence y = eX is the solution of the differential equation.
Also, at x=0, we get y=e? which is equal to 1.
3. Question

For each of the following initial value problems verify that the accompanying function is a solution:

LY L y=0y(0)=0
dx_

Function: y=sin x
Answer
Verification:
y=sin X

Differentiating both sides we get,

dy d(sinx)
dx ~ dx
dy
= — =
I COSX
d’y
= o sinx
: d2y+ = —sinx +sinx =0
a2 y=—sinx +sinx =
d?y
e @ +y = 0

Therefore, sin x is the solution to the differential equation.
Also at x=0, we get y=sin 0 which is equal to 0.
4. Question

For each of the following initial value problems verify that the accompanying function is a solution:

d_}q _E :O.V(O} =2
dx- dx

Function: y=eX+1

Answer

Verification:

Y=eX+1

Differentiating both sides we get,

dy d(e*+1)

dx dx
dy .

s R
dx €
d?y

- e

= =e*
dx?

Get More Learning Materials Here : & m @\ www.studentbro.in



d’y dy

‘@ a0
d’y dy
Tdx? dx

Therefore, eX+1 is the solution of the differential equation.
Also at x=0, we get y=e%+1 which is equal to 2.
5. Question

For each of the following initial value problems verify that the accompanying function is a solution:

Function: y = eX+2
Answer
Verification:
y=eX+2

Differentiating both sides we get,

dy d(e™+2)
dx dx
dy x
Fria
dy

Therefore, e* + 1 is the solution of the differential equation.
Also at x = 0, we get y = € + 2 which is equal to 3.
6. Question

For each of the following initial value problems verify that the accompanying function is a solution:

dy

+y=0.y(0)=1

Function: y = sin x + cos X
Answer

y = sin X + €0s x

Differentiating both sides we get,

dy d(sinx+ cosx)

dx dx
dy .
= — = (C0sSX —sinx
dx
d?y .
= —— = —35inX— COSX
dx?
d’y . .
%2 +y=—sinx —cosx +sinx +cosx=10
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2
g +y=20
Therefore, sin x + cos x is the solution of the differential equation.
Also at x=0, we get y=sin 0+ cos 0 which is equal to 0+1=1.
7. Question

For each of the following initial value problems verify that the accompanying function is a solution:

dz}-'

-y :0"}.’(0}:2

Function: y = eX + e*

Answer

y =¢eX + e

Differentiating both sides we get,

dy d(e*+e™)

dx dx
dy X —X
=—=¢—¢
dx
d2
@=EK+E_‘{
d2
i =e*+e*—e"¥—eF=0
d’y
@ Y70

Therefore, eX + e is the solution of the differential equation.
Also at x=0, we get y=e® + % which is equal to 1+1=2.
8. Question

For each of the following initial value problems verify that the accompanying function is a solution:

d_{ —3§—2}’ =0.y(0)=2.y'(0)=3
dx? dx

Function: y = eX+e2X

Answer

Verification:

y = X 4+ e2X

Differentiating both sides we get,

dy d(e*+ e?¥)

dx dx
dy . ok d(ezx) ok d(2x)
=:-—dx—e + 2e e i
d?y
Y _ aX Zx
=:-dxz et + 4e
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d? d
el A Y A 2y = (e* + 4e*¥) — 3(e* + 2e*¥) + 2(e* + &%)

dx? dx
dzy dy x o . b
oz g T = (1-3+2)+ e -6+2)=e¥(0)+ e (0) =0

Therefore, eX + e2X s the solution of the differential equation.
Also at x=0, we get y=e0 + % which is equal to 1+1=2.

Also at x=0, we get yl=e0+2e0=3,

9. Question

For each of the following initial value problems verify that the accompanying function is a solution:

j;: _zg_}, :0_},(0}:1_},1(0}:2

Function: y=xe* + e*

Answer

Verification:

Y=xeX+eX

Differentiating both sides we get,

dy d(e*(x+1))
dx dx
dy [ d(uv) _ d(v) +Vd(u)

= i (x+ De*+ & = u. = =

%y
=—=(x+1)e¥+ ¥ + ¥

dx2
Y Y g (xe*+ 36%) — 2(xe* + 26%) + (xe* + &
gz g TV = (xeH3e%) — 2(xe™ + 2e%) + (xe* +e%)

dzy dy « . . .
--@—3E+2y=e (3—4+1D)+xe*(1—2+1)=e*0)+xe*(0)=0

Therefore, e* + xeX is the solution of the differential equation.

Exercise 22.5
1. Question

Solve the following differential equations

dy > 1
—=x"+x——.x=0
dx X
Answer

By Separate the variables
5 1
dy = (x +x—£)dx

Integrate both side

1
J-dy=f(x2+x—;)dx+c
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1
y=J-x2dx+J-xdx—J-;dx+c

nd xn+1
as we known [ X dx=——
R ogx+
=—+—-1o C

2. Question

Solve the following differential equations

dy 3 3 2
L =xTex —Z x =20
X

Answer

By Separate the variables
- , 2
dy = (x” +x°— ;)dx

Integrate both side
_ 2
J-dy= J-x“+x2 —;dx+c

, 2
y = J-x“dx+J-x2dx— J-;dx+c

1_‘,1'1+J.

as we known [X"dx= —

x® x3
=—+—- —2logx+c

3. Question

Solve the following differential equations

di =2x = eBx
dx

Answer

dy

E = 2X

dy ax

E =g

dy = 2xdx

dy = e¥*dx

Integrate both sides we get,

J-dy=f2xdx+c
J-dy=feaxdx+c
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n+i
X EEJ{

as we known [X"dx=——g& [ea¥qy =
a

y=x>+c
eEx
=—+c
y=73
4. Question

Solve the following differential equations

) d y
(x*+1)= =1
dx
Answer
dy 1
dx  x24+1
dv — dx
Y= x2+1

Integrate both sides we get,

dx
J-dyzfx2+1+c

we known that [ % =tan"lx+c

y=tan"'x+c
5. Question

Solve the following differential equations

dy I-cosx

dx 1+cosx

Answer

q 1—cosx
=— dx

y 1+ cosx

We known that 1 —cosx = 2 sinzg

X
1—cosx= Zcoszi

2 51112%
dy = ——xdx

2c052§

dy = tan? de
y=rng
by identity Sn® _ tan®
cos8
Integrate both sides we get,

X
J-dy=fta112§dx+c

we know that sec?x — 1 = tan®x
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y = J-(se-:z%— 1)dx+c

X
y = J-seczidx—fdx+c

X
tans

}’=1f,—2—X+C

X

y=2tan-—x+c
2

6. Question

Solve the following differential equations

(X—Z}%ZXE—.SX—T

Answer

dy (x*+3x+7)
dx x+2

On dividing &< #3x+7)
x+2

W _ 3+ (—
dx_(x ) (x+2)

1
dy = [(X‘F 3) + (m)] dx
Integrate both sides we get,

y = J-(x+ 3)dx+f(ﬁ)dx+c

X2+3 +f L axe
A L
dx
we know — = log(x +a) +¢
2

X
y=5+3x+10g(x+ 2)+c

7. Question

Solve the following differential equations

dv _
2 —tan'x
dx

Answer
dy = tan"'xdx

Integrate both side
y = J-tan‘lxder C

Now using integration by parts we get,
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d
y = tan‘li-dx—f{(gtan‘lx)fdx)dx

xdx+ ¢

=xtan‘1x—J- )
y 1+ x2

let1+x%=t

Differentiate with respect to x.

d_dt
xdx = <

1 rdt
=xtan"lx—~ | —
y 2) ¢

U
y=3xtan " x — Elogt+ C
Put value of t=1+x?
1
y=xtan lx — Elog(l +x%)+c

8. Question

Solve the following differential equations

dy

— =logx
dx
Answer

dy = logxdx

Integrate both sides we get,

J-dy=flogxdx+ C

y= J-logxder C

Now integrating by parts we get,
1

y =xlogx— J-;x dx+c

y=xlogx—x+c

y=x(logx—1) +c

9. Question

Solve the following differential equations
ij—; =tan"'x.x =0

Answer

dy .
I Xtan~™'x

dy = xtan™* xdx
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Integrate both sides we get,

y = J-xtan‘lxdx+ C

Since, [xtan™*xdx =tan*x [ xdx— [ (itall‘lexdx) dx

[Using Integration by parts]

2 2
X 1 X
xtall‘lxd){:—tan‘lx—f —
J- 2 1+x2 2

th ., IJ' x2 4
B Y R i
th ., 1J’x2+1—1Id
=g x ol e I

2 2
_K_ -1 _E e+1 _ 1 ]
=stan'x— [ odx— [ dx

1
1+x%

=§tan‘1x—§[f dx— [ dx]

th . 1( tan-1x)
=—tan 'x ——(x—tan"'x
2 2

th . 1  tan 'x
=—tan"'x ——-x
2 2 2
th . 1 Jrt::m 1x
= =—tan"'x—-x C
y 2 2

10. Question

Solve the following differential equations
dy 3 12 o

—— =CO0S X SIN~ X + X+/2Xx +1

dx

Answer

dy = (cos®x + sin®x + xv2x — 1)dx

Integrate both sides we get,

y = J-cosaxdx+J-51112xdx+fx\.’2x— 1dx

J--:-::os3 xdx=fc052xcosxdx

We know that cos?x = 1 —sin’x
J-(l — sin? x) cos xdx

Letsinx =t
Differentiate with respect to x.

cosdx = dt
3

2ydt— f— o
f(l—t)dt_t 5
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put the value of t

sin® x

J--:-::os3 xdx =sinx —

J- sin?x dx

we know that 1 — cos?2x =2sinx

1 —cos2x
therefore sin®x = —
1 —cos2x
J- sin?xdx = J-—dx
2

1
= —U- dx — J-cc-stdx]

2

(sin2x)
X sin2x
2 4

11. Question

Solve the following differential equations
(sinx + cosx)dy + (cosx - sinx) dx =0
Answer

By separating variables

(sinx — cosx)
" (cosx + sinx)

Integrate both sides we get,

J‘ (sinx — cosx)
y= (cosx+ sinx)

Let (cosx+ sinx) =t
Differentiate with respect to x.

(—sinx + cosx)dx = dt

J’dt

- | —+c

t

y=—logt+c

Put t value in above eq.
y = —log(cosx + sinx) + ¢
12. Question

Solve the following differential equations

dy 1
— —xsinx=——
dx X log x

Answer
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dy 1

= + xsin?x
dx xlogx

Separate variables
d L + xsin’x)d

V= (xlogx xsin“x)dx
Integrate both sides we get,

dy = [(—— + xsin?x)dx .1
y xlogx

1
J- dx
xlogx

logx=t

Differentiate with respect to x.

1
—dx = dt
X

1 dt
J- dx = | —
xlogx t
J- L dx =1
xlogx x = logt

Put value of t

"[ xl:gxdx = lOg[:lOg(X)) 2

1-— 2
J-xsinzxdx= J-wldx

we know that: 1 — cos2x = 2sin®x

J‘ X q J‘ xcostd

= | —dx— X

2 2

x? J’xcost
2

dx

Using Integration by parts we get,

X 1 f 2xd f d f 2xdxd
=2 z(x cos2xdx (dxx) cos2xdxdx
x? 1 sinZx J’ sin2xdx
=7 33 2
x2 1 sin2Zx = cosZx

=5 kT3

Put values of eq 2 and 3 in eq 15t

x? 1( sin2x COSZX)
X

v = log(log(x) + 773 >t g

13. Question

Solve the following differential equations
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di =x°tan ! (x3)

dx

Answer

By separating variables

dy = x> tan™* x*dx

Integrate both sides we get,

y = J-x‘_‘tan‘lxg dx+c

Letx®*=1z

Differentiate with respect to x.

3x?=dz
dz

2d —

xdx 3

y = J-:==;3:x;2t:=111‘1:x;3 dx+c
_, dz
y=|ztanz—+c

1 1
y=§fztan‘ zdz +c¢

Using integration by parts we get,

= gl ot - [ (Gans2) [ ade o]
F—B aln ~ Z | Z4dZ dxall Z ZA4Z dZ
—l_t L, 7 J’ 1 z? 4

BEl R AV A

—l_t L, 7 1J’ z2+1—-1 4

BE] S Y AT A

1't L, 7 :LJ' z2+ 1 d+1J‘ 1 4
3P P2 )T 2™

[ 52
lzlllzl

| S

=—|tantz———z+ —tan™
3 2 2 2

1

1 -1 2 -
=g[tan z.Z°—Z+tan " z]

Put z = x3
1 -1.3 & 3 -1.3
=g[ta11 X®.X* —x*+tan™ " x°]
14. Question
Solve the following differential equations

s dy
X— =C0s X

dx

sin
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Answer

dy cosx
dx sin*x
dy COSX

dx sinx.sin®x

. . . COSX 1
We know the trigonometric identity — = cotx and — = cosecx
sSinx sIinx

d
v_ cotx.cosecxdx
dx

Separate variables and Integrate both sides,
y = J-cotx.cosecx.coseczxdx+ C

Let cosecx =z
Differentiate with respect to x.

—cotx.cosecx dx = dz

cotx.cosecx dx= —dz

y=—fzzdz+c

y=-23+c
put z = cosec x

cosec3x
3

yz_

15. Question

Solve the following differential equations
dy

Cos X—— —co0s2X =cos 3X
dx

Answer

cosxdy
dx

= cos3x+ cos2x

By identity: cos3x = 4 cos®x — 3cosx, cos2x = cos?x — sin®x

dy 4cos®x —3cosx+ cos?x— sin®x

dx COSX
Separate variables

4cos®*x — 3cosx + cos?x— sin?x

d}’ - COsX dx

Integrate both sides we get,

1+ cosZ2x . "
y=4 de—3x+snm— sin“x/cosxdx+c

y = ZJ-dx+2J-c052xdx— 3x+ silm—fl—coszxjcosxdx+c
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y=2x— 3x+ sin2x + sin — J-secxdx+ J- cosxdx + ¢

v = sin2x + sinx — x — In(secx + tanx) + sinx + ¢
y = sin2x + 2sinx — x — In(secx + tanx) + ¢

16. Question

Solve the following differential equations

1-x" dy =x dx

Answer

X
dy = dx
y V1 —x*

Integrate both sides we get,

X
= | ————=dx +c
Letx? =+t
Z2xdx = dt

d_dt
xdx = -

1J' dt +
}’—2 V1 —1t2 ‘

1

ds L
we know that: [ —= = sin™'x
y1-x7

L i+
= —5Il C
=3

Put the value of t,

1
y = Esin‘lx2 +c

17. Question

Solve the following differential equations

Va+xdy+xdx=0

Answer

va+xdy = —xdx

X
dy = — d
Y="ax

Integrate both sides we get,

X
= |- dx+c
y J- va+x
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dx+c

Xx+a
dx+J-

Y= atx fa+x

N

dx+c

_ _de+f
y J-wﬂ xex va+x

3
(a+x)z
-

2

+Z2ayat+x+¢c

2 3
y = —§(a+x)§+23\;a+x+c

18. Question
Solve the following differential equations
5y dy -
(I—X‘)—'—x =2 tan"'x
dx

Answer

(1+ x*)dy

=2tan tx+x
dx

dy Ztan‘lx+ X
dx  1+x2 1+x?

Separate variables

4 Ztan‘lxd . X 4
y= 1+ x2 X 1+ x2 X

Integrate both sides we get,

tan~tx X
y=2J- 1+x2 dx+fl+x2dx+c

Lettantx =t

=z
Differentiate with respect to x,

dx

1+:x;2=Idt

2xdx = dz

—?.J-tdt-i-lj- dz-|-
y= 214z " €

2t2+11 +
y=—+3logz+c

Put value of t and z
1
y = (tan"1x)% + Elogxz +c

19. Question

Solve the following differential equations
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dy

— =X log x
Answer
dy = xlogx dx

Integrate both sides we get,

y = J-xlogxdx+ C

Integrating by parts we get,
~loge X f(dl f d )d +
y= ogx.z dxogx. Xdx |dx+c

x? x?
y= logx.?—fﬁderc

x*  x*
y=logx.E—I+c

20. Question

Solve the following differential equations

d}’ % )
— =Xe"——+C05° X
dx 2
Answer

Separate variables

5 2
dy = (xe* — 2 + cos“x)dx
Integrate both sides we get,

5
y = J-xe"dx—ifdx+fcoszxdx+c

l1+cos2x

as cos?x =

2
5 1+ cos2x
y= J-xe"dx—ifdx+J-de+c

B J-"d J’(d J-"d)d 5 +J’dx+J’c052xd+
y=X | e®dx dxxexxzx 5 zxc

« J‘ xd 5 +x . 51112x+
=xe*—|ledxi—=—x+- C
y 2% T2 g

sin2x
4

y=xe*—e*—2x+ +c

21. Question

Solve the following differential equations

Answer
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dy 2x%+x
dx x3+x2+x+1

2x2+x

dy=—-—>5———dx
Y e rx+x+1

Integrate both sides we get,

y = f 2x%+x %+ C 1

¥3+¥2+Y+1
Solv in partial fraction we get,

2x%+x a Jrb}=<;+-:
X:
(Z+1)(x+1) x+1 x?+1

By solving we get

a=1/2
B=1
C=-1/2
1 1
2%+ X 5 X—5
X =
(x2+ 1)(x+ 1) x+1 x?2+1

10 1
dx — dx +
+1 fx2+1 zf x2r1 T

11 (+1)+f X d 11: 1x+
y—zogx X2+1x 2:;111 X+c
Let x2 =t
X dx = dt/2

L og(x+ 1) ++ f Lan—ix+
y— og(x 1Tt zan lx+c

1 1
y = —log[x+ 1) + log(t+ 1) — Etan lx+c
Put the value of t
1 1 1
y = Elog(x+ 1) +Elog(x +1)— Etan‘ X+c

22. Question

Solve the following initial value problem:
. [dy
sm{—'J =k:y(0)=1
dx

Answer

dy
sin (dx) k

dy _—
E—sm k

dy = sin"*k dx
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Integrate both sides we get,
y = J-sin‘l kdx+ c

y=xsin"lk+c

At x=0, y=1

Therefore,

1=0.sin"*k+c

So,c=1

Putting c = 1 in above eq. we get,
y=xsin"tk+1

23. Question

Solve the following initial value problem:
e =x +1,y(0)=3

Answer

Taking log
dy
logedx = log(x+ 1)

dy
I log(x+ 1)

dy = log(x+ 1)dx
Integrate both sides we get,

y= J-log(er Tydx+c¢

Using Integration by parts we get,

y = log(x + 1)J-dx—f(%log(x+ 1)J-dx)dx+c

1
y = x.log(x + 1)—J-X+1.xdx+c
=xlog(x+ 1) fx+1_1d+
y = x.log(x T Xt
=xlog(x+ 1) fx+1d+f1d+
y = x.log(x T LT axte

y=xlog(x+ 1) —x+log(x+1)+c
Atx=0,y=3
3=0.log(0+1)—0+1log(0+1)+c
3=0—-0+0+c

c=3

Put on above eq.

Get More Learning Materials Here : & m @\ www.studentbro.in



y=xlog(x+ 1) —x+log(x+ 1)+ 3

24. Question

Solve the following initial value problem:
C'(x)=2+0.15x:C(0)=100

Answer

dc
— =24 0.15x
dx

Separation

dc=2+ 0.15xdx

Integrate both side
C =J-2dx+f0.15xdx+ cl

0.15x2
c=2x+

+cl

At x=0 c=100
100=0+0+cl
cl =100

Put in above eq.
X?

c=2Xx+

+ 100

25. Question

Solve the following initial value problem:

xﬂ—lzi):}f(—l):[)
dx

Answer

xdy

dx

dy 1

dx  x

Separate variabless

d—ld
y=—-3%

Integrate both sides we get,
y=—logx+c
Atx=-1,y=0
0=—log(—1) +¢c

c=0

Put in above eq.
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y = —logx
26. Question

Solve the following initial value problem:

X(X" —l)dy =1:y(2)=0

dx
Answer
dy 1
dx  x(x2-1)

Separate variables,

1
dy = x—(x2 =D dx

Integrate both sides we get,

1
y= J-xi(xz—l)derc

dx
Y=f—1+'3
x3(1-25)

y—iogt‘l‘l:

Put value of t,

1 1
y=ilog(1—;)+c

At x=2 y=0

0= Log(1-1)+
= log )T ¢

- ~3tos(3)

C= 2034

Put in above eq.

_11 (1 1) 1l (3)
Y=298\"Tx2) T 2%\

Exercise 22.6

1. Question

Solve the following differential equations:
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dy 1+y°

haCNS -0
dx y
Answer

dy 1+ y?
e —( . )

Separate variables

y
1+y°2

dy = —dx

Integrate both sides we get,

y
1+ y?

dy=J-—dx+c

Let y2=t

Differentiate with respect to x
q dt

yay = 2

1J‘ dt .
)T+ X7

l 1
—fan "t=—xX+¢c
Put value of t,

1
Etan‘ly2 =—X+c

1
Etan‘ly2 +x=c

2. Question

Solve the following differential equations:

dy 1+ }-'3
dx y?
Answer

Separate variables

3

1+y2dy=dx

Integrate both sides we get,

v
J-l+y2dy=fdx+c

Let y2=t

Differentiate with respect to x

2ydy = dt
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2
lJ- L dt +

) T T
1J-1;+1—:Ldt .

2 14+t sxTe
1J-d 17 1 .
2 )T+t 7€

lt 11 (1+1t) +
5 2-:)g =X+c

Put the value of t,

1 1

- 2 - 2 =

5y 210g[1+y) X+c

3. Question

Solve the following differential equations:
d}’ .2

—— =535~y

dx

Answer

Separate variables

dy

sin?y
1
We know that — = cosecx
SInx

cosec’y dy = dx

Integrate both sides we get,

J- cosec’y dy = J-dx +c

—coty =X+ ¢
4. Question

Solve the following differential equations:

dy 1-cos2y

dx 1+cos2y
Answer

1 —cos2y = 2sin®y, 1 + cos2y = 2 cos?y

d

d—i = (2sin?y)/(2cos?y)
sinf tan®

cosg o0

dy 5

I = @’y
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By separate variables,

dy
tan2y

1 p—
tany coty
cot?ydy = dx

Integrate both sides we get,

J-cotzydy=J-dx+c

Using trigonometry identity: cot?x = cosec®x — 1

J-(coseczx— Ddy=x+c

J- cosec’xdx — J- dy=x+c

—coty—y=x+¢cC
coty+y+x+c=0
Exercise 22.7

1. Question

Solve the following differential equations:

dy
Xx—1)—=2xy
( )dx ’

Answer
Now separating variable x on one side and variable y on other side, we have

d 2%
g dx

y x—1
Integrating LHS with respect to y and RHS with respect to x

QZIZX

y x—ldx

Adding 2 and subtracting 2, to the numerator of RHS

g _ IZX—2+2

dx
v x—1

Re - writing RHS as
dy 2
_[ ? = _[ (2+ E)dx

Using identities:

dy

— =1lo

y g(y)
and
_[kdx = kx
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Integrating both sides, we have

log(y) = 2x + 2log(x - 1) + ¢

2. Question

Solve the following differential equations:

(1 4+ x2)dy = (xy)dx

Answer

Now separating variable x on one side and variable y on other side, we have

dy  x

y l+x2dx

Integrating both sides

dx

dy_f X
y 7 1+x2

Using identities:

f % = log(y) and for RHS assuming x2 = t (substitution property) and differentiating both sides

Now, 2xdx = dt

d_dt
xdx = -

Substituting the above value in the integral and replacing x2 with t and integrating both sides

dy 1, dt
A f_

y 20 1+t
1
log(y) = 5 [log(1 +1)]
Now replacing t by x2

log(y) = 5 og(1 +x2)]

Taking anti - log both sides

y2 = 14+x2
y=+1+x%+c

3. Question

Solve the following differential equations:

Answer

Now separating variable x on one side and variable y on another side, we have
d
?y = (e*+ 1)dx

Using identities:
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fY ~ ogy)
y

and

[ e*dx = e*

and

[ kdx = kx

Integrating both sides we get,
d
_[?y = [ (e"+ Ddx

log(y) =eX+ x + ¢
4. Question
Solve the following differential equations:
(x —1)ﬁ =2x%y
dx
Answer
Now separating variable x on one side and variable y on another side, we have

dy = 2x°

. x—ldx

Adding 1 and subtracting 1 to the numerator of RHS

dy 2x*—-1+1

y T T xo1 &
dy x?—1 1
?_Z[X—1+X—ldx

Using formula: x3-1 = (x-1) (X2 + 1 + x)

dy 1
— =2 x2+x+1+—]dx
y x—1

Using identities:

d
5 = log(».
fkdx = kx,
and

Hn+1
[ xndx = n+1

And integrating both sides we get,
d 1
& 2|22 +x+ 1+—]dx
v x—1
x? X2
log(y) = 2(§+?+x+10g(x— 1))+c

5. Question

Get More Learning Materials Here : & m @\ www.studentbro.in



Solve the following differential equations:
xy(y+1)dy = (xz + 1)dx

Answer

Now separating variable x on one side and variable y on another side, we have

x2+1
dx
X
1
(x+—) dx
X

Now integrating both sides we get,

y(y + 1)dy

y(y + 1)dy

JG+yHdy = J (X+3dx

Using identities:

_[kdx= kx
and
Hn+1
'[X dx = n+1
2 3
%+% = x*+logx+c

6. Question

Solve the following differential equations:

dy
e ex}-'4
dx
Answer

Now separating variable x on one side and variable y on another side, we have

dy
5— = e¥dx
Integrating both sides using identities:

Hn+1

[ x"dx =

n+1

and

[ e*dx = e*
dy
_[BF = [ e¥dx

-3
5(};—3) =e*+c

7. Question

Solve the following differential equations:

X cos ydy = (xex logx + ex)dx
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Answer

Now separating variable x on one side and variable y on another side, we have
cos(y)dy = e*(log(x) + %)dx

Integrating both sides using identities:

[ cosydy = siny

and for RHS using property

[ e*[f(x) + f'(x)] = e¥f(x)

f cos(y)dy = f e*(log(x) +)dx

Sin(y) = e*(log(x)) + ¢
8. Question

Solve the following differential equations:

Answer

Re - writing the question as

dy

— a¥(aX 2
I e¥(e¥+ x%)

Now separating variable x on one side and variable y on another side, we have

d}’ X 2
e (e*+ x%)dx

Integrating both sides using identities

a1 +1

M
nd —
”[X x n+1
and
EH
lmd -
fe X K

_[g = [ (e*+x?)dx

XE
—e ¥ =e*+—+c
3

9. Question

Solve the following differential equations:

dV )
X——— + }.‘ = '}r =
dx
Answer

Re - writing the question as:

xdy
dx y
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vi-y X
dy dx
yy—-1) x
- G- 1] dx
yly—1)
1 1 q dx
y—1 y¥ 7%

sl =15

log(y - 1) - log(y) = log(x) + ¢

using:

log(a) — log(b) = log(%)

log [}%1] = log(x) +c

Taking anti - log both sides we have,

1
l1-—=x+c
y
—=1-X—-c
y
1
Y =1-x—¢

10. Question

Solve the following differential equations:
W o
(e- —l)cos xdx+e'sinxdy=0

Answer
Now separating variable x on one side and variable y on other side, we have

—CcOsSX e¥

X d
sinx e¥+ 1 y

a¥
ey +1

—cotx dx = dy
Using identities:
[ cotx dx = log|sinx |

and on RHS side assuming e¥ = t, so e¥dy = dt by differentiating both sides.

Now integrating both sides
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dt
[ —cotx dx = [ — ]

- log |sin(x)| = log(t+1) + ¢
Replacing t by eY

- log |sin(x)| = log(e¥Y+1) + ¢
[sin(x)] (e¥+1) =

11. Question

Solve the following differential equations:
X cos ydx=vcos xdy

Answer

Now separating variable x on one side and variable y on another side, we have

X ¥

X = d
cos?x cos?y y
1
= sec?x
COSZX

xsec’x dx = ysec?y dy
Integrating both sides using integration by parts method.

According to integration by parts method,

[ 08008 = ) [ geoax— [(FE2 [ goan ax

[ xsec’xdx = [ ysec?ydy

x[ sec’x dx = y[ sec’ydy

xtan(x) — [ tanx dx = ytany — [ tany dy
Using identity:

[ tanxdx = log|secx |

xtan(x) — log|secx | = ytany —log|secy| +¢c
12. Question

Solve the following differential equations:

xy dy =(y-1)(x+1)dx

Answer

Now separating variable x on one side and variable y on another side, we have

y q _:=<;+1d
y—ly_ x X

Re - writing LHS as }'}r S

1 ! E —(1+1)d
y—1 y = x) &

Integrating both sides using identities:
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dy

f? = log(y)
and
fkdx = kx

| [l—}%l]dy = (1+3dx
y - log(y - 1) = x + log(x) + ¢
y-x=x(y-1)+c
13. Question
Solve the following differential equations:
xd—‘ +coty=0
dx ’
Answer
Now separating variable x on one side and variable y on another side, we have

dy = dx
coty X

d
[tany dy = [ —;X

Integrating both sides using identities:

[ tanxdx = log|secx |
and
dy
J — = log(y)
¥
log(|sec(y)]) = - log(x) + ¢

using log(a)+log(b) = log(ab) formula, we have,
x sec(y) = ¢
14. Question

Solve the following differential equations:

dy xe“logx+e®

dx X COS ¥

Answer

Now separating variable x on one side and variable y on another side, we have

e*(xlog(x)+ 1)
" dx

cosy dy
1
cosydy = e¥ (logx + ;) dx

Integrating both sides using identities:

[ cosydy = siny
and property
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J e[ + (0] = e*f(x)

1
[ cosydy = [ e* (longr E) dx

siny = e*(logx) +¢
15. Question

Solve the following differential equations:

Answer

Re - writing the question as

dy
— a¥(aX 3
i e¥(a¥+ x9)

Now separating variable x on one side and variable y on another side, we have

d}’ X 3
e (e*+ x¥)dx

Integrating both sides using identities:

a1 +1

M
nd —
”[X x n+1
and
EH
lmd -
fe X K

d
_[e—f = [ (e*+x3)dx
—eV = e¥+ X—4 +c
4
16. Question
Solve the following differential equations:

j;-'\/l—x2 —x\/l—}-'q' dy =0

dx

Answer
Now separating variable x on one side and variable y on another side, we have

/1+x2 1 +y?

dy

Re - writing the equation as

Xy 1+ x? yy1+y?
e =Ty
X y

Now assuming 1+y? = t2
Differentiating both sides, we get

ydy = tdt
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Similarly, for LHS assuming 1+x2 = v2
differentiating both sides

xdx = vdv

substituting these values in the differential equation

(vidv)  (t%dY)
vi—-1  t2-1

Integrating both sides

(v2dv) (t2dt)
fv?—l - _ftE—:L

Re - writing as

J-ldv+fvz_l= —fldt—f%
Using identity:
[kdx = kx
and
[ = Tog( D)
ve—1 2 v+1

Integrating both sides, we get

L (v—l)_ S (t—l)+
Vrooe\ Tl T 2 %8\tx1/ 7€

Substituting the value of v and t in the above equation

f 2 f 2
2 Vi+x2+1 2 Ji+y2+1

17. Question

Solve the following differential equations:

2

1+x° dy +.f1+y dx =0
Answer

Now separating variable x on one side and variable y on another side, we have

dy dx
J1+y? C V1+x2

Integrating both sides using identity:

dy e
= logly +1+y?
ey gly+v1+y? |
logly+41+y? = —10g|x+\;1+x2 |+c
logly ++/1+y? +10g|x+\;1+x2 | = logc

(y+ Vi793)(x+ /T 22) = c

18. Question
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Solve the following differential equations:

\/1—3‘12 —}-*3 _Xz},z —xxd—‘ =0
dx

Answer

Re - writing the equation as

f 2 2 2472 d}’
JI+XE+y2 +x%y2 = XV

i 2 2 2 — dy
V(I +x2)+y2(1+x2) = —xyﬁ

dy
VA +y)(+x7) = —xy—

Now separating variable x on one side and variable y on another side, we have

v1+x2dx ydy
x JTHy?

Multiplying and dividing the numerator of LHS by x

Xy 1+ x2dx ydy
x? S iy

Assuming 1+y? = t? and 14x2 = v2

Differentiating we get,

ydy = tdt

xdx = vdv

substituting these values in above differential equation

vZdy tdt

vZ—1 t

Integrating both sides

vidv tdt
”[ vZ—1 _f T
Adding 1 and subtracting 1 to the numerator of RHS
1
_[dv+fv2_ldv = —[dt

Using identities:

[kdx = kx

and

f dv _ll v—1
o1 208G

4 [v_l] tt
Vrole il T ¢

Substituting t and v in above equation
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— 1 V1+x2-1
2 — - | = —_/ 2
J1+x +210§\,’m+1 = —\J1+y%+c

19. Question

Solve the following differential equations:

dy & (sin’x +sin 2x)

dx y(2log y+1)

Answer
Now separating variable x on one side and variable y on another side, we have,
y(2log(y) + 1) dy = eX(sin?x + sin2x) dx
Integrating both sides we get,
[ y(2log(y)+ 1) dy = [ e*(sin®x + sin2x) dx
Using integration by parts for LHS and identity:
J e*[fx) + f' (0] = e*f(x)
for RHS.

2
Jydy = %
[ 2ylog(y)dy + [ ydy = e*(sin’x) +c
y2logy — [ ydy + [ ydy = e*(sin’x) + ¢
yZlogy = e*(sin*x) +c
20. Question

Solve the following differential equations:

dy x(2log x+1)

dx siny+ycosy

Answer

Now separating variable x on one side and variable y on another side, we have,
(siny + ycosy)dy = (2 xlog x + x) dx

Integrating both sides we get,

[ (siny + ycosy)dy = [ (2xlogx + x) dx

[ sinydy+ [ ycosydy = [ 2xlogxdx+ [ xdx

Using identity:

[ sintdt = —cost

[ costdt = sint

and integration by parts we get,

—cosy+ysiny — [ sinydy = x%logx — [ xdx+ [ xdx

ysiny = x2log(x) + ¢
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21. Question

Solve the following differential equations:
(1 —x? )d}-‘ +xy dx = xyldx

Answer
Re - writing the equation as (1 - x2) dy = xdx(y?2 - y)
Now separating variable x on one side and variable y on another side, we have

dy xdx

y2i-y  1-x2

dy ~ xdx
yy-1)  1-x?

Integrating both sides

dy B xdx
f}’(y—l) -l
y-(y-Dldy . xdx
I o=~

dy dy xdx
Ity - I==

Using identity:
f§ = logx
X
and assuming x2 =t
Differentiating both sides we get,

2 x dx = dt

d_dt
xdx = -

Substituting this value in above equation
1

log(y — 1) —logl(y) = —7log(1-1)

Replacing t by x2

1
log(y — 1) —log(y) = —5log(1- x2) +c

22. Question

Solve the following differential equations:

tan v dx + sec” y tan xdy =0

Answer

Now separating variable x on one side and variable y on another side, we have,

dx sec’y

_tanx - tany dy

- cot(x) dx = sec?y cot(y) dy
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Integrating both sides we get,

—[ cot(x) dx = [ sec?y cot(y) dy

—f COt(X} dx = f m d}’
Sin2x = 2 sinx cosx
—[cot(®)dx = | dy

sin 2y
—[ cot(x)dx = [ 2cosec2ydy
Using identities:

cotx dx = log|sinx |

and
[ cosecydy = 10g|ta11(%)|

- log| sinx | = log| tany |+ ¢
Using: log(a)+log(b) = log(ab)
log( sin xtany) =log ¢
sin(x) tan(y) = ¢

23. Question

Solve the following differential equations:
{1—x}(l—}fg)dx—(l—}-‘}(l—xz)d}f =0

Answer
Now separating variable x on one side and variable y on another side, we have

1+:==;Id _ l-l-yd
1+x2 v 14y

Integrating both sides

el - el
1+x2 T 1+x2 T T 1+y2 1+y2 y

Using identity:

/

1
1+ x2

dx = tan~!x

and substituting x2 = tand y2 = v
x2 =t
2xdx = dt

d_dt
xdx = <

Similarly, fory

y2=v

2ydy = dv
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ydy = —

Substituting these values in above integral equation

tan-1 +1 dt - lf dv
meETY )T T TR YT T

1 1
tan"*x + Elog(l +1t) = —tan"ly— Elog(l +v)+c

Substituting the values of t and v in above equation

1 1
tan™'x + Slog(1+x?) = —tan™"y —Slog(1+y?) +¢

g]

1 1
tan~x + 2 log(1+x*) +tan"ly + 2 log(1+y?) =

24. Question

Solve the following differential equations:
dy . :

tan y—=sin(X+y)+sm(x—y)
dx

Answer

Using the formula:

c+d (c—d)
sinc+sind = Zsin[ 2 ]cos 2

Re - writing the equation as
canv S — 21
any-— = 2sinx cos

de Y

Now separating variable x on one side and variable y on another side, we have

tany
cosy

dy = 2sinx dx

Secytanydy = 2sin x dx

Integrating both sides using identities :
[ secxtanxdx = secx

And

[ sinx dx = —cosx

[ secytany dy = [ 2sinx dx

sec(y) = - 2cos(x) + ¢

25. Question

Solve the following differential equations:
dy . .

COSX COS Y —=-—5I11 X 511 ¥
dx

Answer

Now separating variable x on one side and variable y on another side, we have
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Cosy sinx
—dy = ——— dx
siny COSX

coty dy = - tanx dx

Integrating the above equation using identities:
[ coty dy = log|siny|

and

[ tany dy = log|cosy|

log|sin(y)| = - log|cos(y)|+c

Using: log(a)+log(b) = log(ab)

sin(y) cos(y) = ¢

26. Question

Solve the following differential equations:

dy cosxsiny

dx Cos ¥

Answer

Now separating variable x on one side and variable y on another side, we have

cosy

siny dy = cosxdx

- cot(y)dy = cos(x)dx

Integrating both sides using identities :
[ coty dy = log|siny|

and

[ cosx dx = sinx

—[ cot(y)dy = [ cos(x)dx

- log|sin(y)| = sin(x) + ¢

27. Question

Solve the following differential equations:

X+fl—yidx +yy1—x7 dy =0
Answer

Now separating variable x on one side and variable y on another side, we have,

Letl-x2=t?and 1 -y?2 = t?
Differentiating we get

xdx = - tdt

ydy = - vdv

substituting these values in above differential equation
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tdt vdv

t v

dt =-dv

integrating both sides, we get

[dt = —[dv

t=-v+c

substituting the value of v and c in above equation
Ji-x2 = —\[1-yZ+c

17. Question

Solve the following differential equations:

}-‘(_l—ex)dv =(y+1)e"dx

Answer
Now separating variable x on one side and variable y on another side, we have

ydy  e*dx
y+1 1+ex

Adding 1 and subtracting 1 to the numerator of LHS, we get

d dy  e¥dx
Yoy+1 T 1+e

Integrating both sides using identities:

[y = ky

And

[ Gop = o8+ D
fay-1 - T
y—logly+ 1) = [ o

Assuming e* = t and differentiating both sides we get,
eXdx = dt

substituting this value in above equation

dt
y—log(y+1) = fm

y - log(y+1) = log(1+t)
substituting t as e*

y - log(y+1) = log(1+€*X) + ¢
29. Question

Solve the following differential equations:
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(v +xy)dx —(x _X},z)d}, =0

Answer

Re - writing the equation as

y(14x) dx+x(1 -y2) dy =0

Now separating variable x on one side and variable y on another side, we have

1+x 1—y?
dx = — dy
X y

(i) =~(E-r)o

Integrating both sides using identity:

Hn+1

Jkdx = kx, [ x"dx =

n+1

And

f%dx = log(x)

f(z+1)ax = —f (-y)ay

X y

2
log(x) +x = —log(y) + % +c

Using log(a)+log(b) = log(ab)

2
Xy +x = %+c

30. Question
Solve the following differential equations:

dy
T = 1—'X _.Y _-XY

Answer

Re - writing the above equation as

dy

- A-x0+y(l-%)
dy

= An-x

Now separating variable x on one side and variable y on another side, we have

d
o (1—x)dx
Integrating both sides using identities:

Hn+1

Jkdx = kx, [ x"dx =

n+1

And
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f%dx = log(x)

dy
Il—'i'y = f(l—X)dX

XZ
log(1+y) = X—o+c

31. Question

Solve the following differential equation:

(}-'3 —l)dx —(xz B l)d}-* =0

Answer

Given. (y? + 1)dx—(x? + 1)dy=0

Find: Find the general solution of this differential equation.

=(y? + 1dx=(x? + 1dy

=J~ dy _j- dx

y2+1 4 k%41

=tan 'y=tan"'x +C

Hence, The solution of the given Differential Equation is tan 'y = tan™'x + C

32. Question

Solve the following differential equation:

dy+ (x +1)(y +1)dx =0

Answer

Given.dy + (x + 1)(y + 1)dx =0

Find: Find the general solution of this differential equation.

=dy =-(x + 1)(y + 1)dx

=2 —_[(x + 1Ddx

¥y+1
-1
= logly + l|=—x?—x
XZ
=logly + 1| + - + x +C

Hence, The solution of the given differential equation is logly + 1| + “; + x +C.

33. Question

Solve the following differential equation:
dy 5 4
o=(1e2)(1-?)

dx '

Answer
Given%= (1 + ;{2)(1 + y2)

Find: Find the general solution of this differential equation.
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d:
=f(1+*'y2]= (1 + x?)dx

3
=tan"ly=x + % +C

— -1 x* C
StanTy—-x—— +

Hence, The solution of the given differential equation is tan‘ly— ¥ — “; +C

34. Question

Solve the following differential equation:

dy 3
Xx—1)—=2x"y
( }dx ’

Answer
. dy
Given (x— 1) = 2x%

Find: Find the general solution of this differential equation.

dy 2x%y

dx x—1
_dy  2x*dx

¥ Tox-1

Integrate Both side

=[T=2[ +x+ 1+ 3

x—1
35. Question

Solve the following differential equation:

dy v w e
et TY L TR
dx

Answer

. . . . d
Given differential equation d—}' = gX*tY 4 @ X+V¥
X

Find: Find the general solution of this differential equation.

A e:“-’+}" + e—:{+}l'

d _
=Y = g¥a¥ + g%V
dx

=W _ L yrax -x
dx—e(e + e™)

= _ ox —x
—Ey—(e + e ¥)dx

Integrate Both Side,
= [eVdy = [(e* + e ¥)dx
X

=—e ¥ =e"—e"

=p¥=p*F— ¥ 4+C
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Hence, The solution of the given differential equationise* =™ — ¢ +C

36. Question

Solve the following differential equation:

dy’ o) .2 2
— = (COS_ X =51 X)COS_ ¥y
dx

Answer
Given differential Equation & _ (cos®x —sin®x) cos?y
dx
Find: Find the general solution of this differential equation.
=%

= (cos®x —sin?x) cos?y
X

dy

cos?y

= (cos?x —sin®x) dx
Integrate Both side,

_ dy  _ 2, gin
_fcoszy_ [(cos?x —sin®x) dx

= [sec?ydy = [ cos2xdx

sin 2x
2

+C

=tany =

Hence,the solution is tany = #‘ iC

37 A. Question

Solve the following differential equation:

(X}-'3 + Zx)dx —(xg}-' + 2}-‘)(1}-' =0

Answer

Given (xy? + 2x)dx + (x*y + 2y)dy =0

Find: Find the general solution of this differential equation.
= (xy® + 2x)dx + (x°y + 2y)dy =0

= (xy? + 2x)dx = —(x%y + 2y)dy

=y(x® + 2)dy = —x(y* + 2)dx

x

dy = — dx

x2 +2

__¥
T yZ+2

Multiply by 2 Both side

T yZaz

2y _ 2
dy_ :\-:2+2d

Now, Integrate both sides,

= [ dy=— [ dx

y2+2 %% +2

= Let assume y2+ 2 =t Let assume x2 + 2 = v

Then 2y dy =dt 2x dx = dv
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_ [dt dv

t v
= log|t| = -log|v|
Put the value of t and v
=logly? + 2| = —log|x? + 2| + log|c|

c

=ly* + 2| =|

c

x= + 2

Hence, |y* + 2| =

X2 +2
37 B. Question

Solve the following differential equation:

d}" 79
cosec XlOg YV— XV = 0
dx

Answer

. . . . E 2.2
Given differential equation cosec X'logydx + x“y =0
Find: Find the general solution of this differential equation.

d
= cosec x.logyd—i + x%y*=0

_logydy xZdx
vz  cosecx
logy d .
= g:; Y= —x2.sinxdx

Integrating Both side

logy d
= [leevdy _

y — [x%.sinx dx

Using integration by parts both side

_logy+1

. —x?cosx + 2(xsinx + cosx)

! .
Hence, The Solution is %ﬂ + x%cosx —2(xsinx + cosx) +C
38 A. Question

Solve the following differential equation:

dy
Xy—=1+X+y+Xxy
dx

Answer

. . . . E _
Given differential equation Xy .= 1+x+y+xy
Find: Find the general solution of this differential equation.

=xy%=l+x+y+xy
=xy%=(1+x)+y[l+x)

d
=xyd—i= (1 +y)(1+x)
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_ ydy  1+x

T (1+y) x
¥ _rl+x
==&
=f1-— =+ 1dx
y+1 X

=y -logly + 1| = log|x| + x + log|C|
=y = log|x| + X + log|y + 1| + log|C|
Hence, y = log|cx(y + 1)| + x

38 B. Question

Solve the following differential equation:
2 d‘r" 2
(1) =x(1+)
dx

Answer

Given differential equation y(1 — x?) ? x(1 + y?)

.4

Find: Find the general solution of this differential equation.

=y(1-x%) ? x(1 + y?)

X

_ ydy  =xdx
T +yh) (1—x2)

_J- 2ydy _J-_ 2xdx
a+y?) 7 1)

= —log|1 + y?|=logl1 —x?| + log|C1]
= —log|C| = log|1 —x?| + log|1 + y?|

=C=(1-x)(1+Vy?)

38 C. Question

Solve the following differential equation: ye* ¥dx = (Xex R }-'z)d}-'.}-' =0

Answer
x
Given ye*/¥dx = (x ev + yg) dy
Find: Find the general solution of this differential equation.

= ye/Vdx = (x ev + yz)dy

= yeX/¥ —x ev = y2dy

- ()

egd G) = dy

Integrating on the both side we get,

X
Hence, oy — v+ C
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38 D. Question
Solve the following differential equation:(l +y? )tan_l xdx + 2}-‘(1 + xz)d}’ =0

Answer

Given differential equation (1 + y?)Jtan™*x dx + 2y(1 + x*)dy=0
Find: Find the general solution of this differential equation.

=(1+ y*tantxdx + 2y(1 + x¥)dy=0

=(1+ y*)tantxdx = —2y(1 + x?)dy

1

=J~_ tan” " x dX:j- v d}’

2(1 + x%) 1+y%)

2
=— (tan‘l Gtan‘lx) - (1:‘(2](5‘&111‘1){) dx) = gln(y2 + 1) +C

—i(tan‘lx)z—glnﬁyz + 1)+ C1

= g(tan‘lx)z + In(y* + 1)=cC

39. Question

Solve the following initial value problem:
dy

— =y tan 2x.y(0) =2

dx

Answer
Given differential equation ? = ytan 2x
X
Find: Find the general solution of this differential equation.

=% _
5. = ytan 2X

d
= ;}' = tan 2x dx

Integrating both sides,

= f%=_[tan 2x% dx
= log|y| =§log| sec2x| + log|C|

=y = +/sec2x.C -....(I)
Putx =0,y =2

2 =,/5ec2.0.C

2=C
Put value of Cin (i)

2

—
Vsec2x

Hence,y =

40. Question

Solve the following initial value problem:
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ZXE:B}-'.}-'{I} =2
dx

Answer
Given differential equation Zx.? =3y
X

Find: Find the general solution of this differential equation.

dy

=2Xx.—=3

dx y
_2dy  3dx
= 5 =

=0 [ _ g
2% -3

= 2logly| = 3log|x| + logc

=y? =x3C.....(I)

Putx =1,y =2

(2)* = (1)°C

=C=4

Put C =4 in equation (i)

yz =x34

Hence, y? = 4x3

41. Question

Solve the following initial value problem:

dv
X’}i’_}: }.'_2-'};'(
dx

[

)=0
Answer
Given differential equation xy. =7 + 2

Find: Find the general solution of this differential equation.

— dy _
=xyo =y + 2
_ ydy _ dx
_}r+2_ X
] dx
=1 H)a=%

On Integrating we get,

=y - 2logly + 2|=log |x| + log |C] ....(i)
Puty=0,x=2
=0-2log2=1log2+logc
=-2log2-log2=1logC
=-3log2=1logc

Get More Learning Materials Here : & m @\ www.studentbro.in



Put the value of C in equation (i)
Hence, y - 2logly + 2|=log|'§|

42. Question

Solve the following initial value problem:

ﬁ = 2ex}r3_}f(0) =

Answer

Given & = 2axy3
dx y

== = 2e%y?

= % = 2e*dx

Integrating both side

= _[:—]:= [ 2e¥dx

= [y3 = [ 2e¥dx

—2+1

[ e

Putx=0,y=1/2

4
=—-=2¢°
2

=-2=2+c
C=-4

Put the value of C = -4 in equation (i)

1
= = 2 E}"_
_2},2 4

= —1 = 4 e¥y? — 8y*
=—1=—y*(8—4e")
Hence, y*(8 — 4e¥) =1
43. Question

Solve the following initial value problem:

dI.
—=—1t.1(0)=1
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Answer

Given differential equation % = —1t

Find: Find the general solution of this differential equation.

dr
= =T

Integrating both side
= & [—tdt

-
t? .

= log|r| = -- + C....»0)

Put t =0, r = rg in equation (i).

Now, log|r0| = —0 +C

log|r0|=C

Put the value of C in eq(i)

t2
log|r| = -3 + log|r0|

2

_T =

- — =g =z
Iy

2

Hence, .. _ roe =

44. Question

Solve the following initial value problem:
dy .

—=ysin 2x.y(0)=1

dx

Answer
Given differential equation ? = y.sin 2x
X
Find: Find the particular solution of this differential equation.

9y _
5 = V-sin 2%

=¥ _ sin2xdx
¥
Integrating both side

= f%=_[51112xdx

cos2x

= logly| = +C
Puty =1 and x=1
=logll| = -+ C
=0=—-+C
2
=c=1
2
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cos2x

So, logly| = — +C
=loglyl = — === +
— 10g|y| _ l-cosix

2

= logly| = sin’x

Hence, y = gsinx

45 A. Question

Solve the following initial value problem:

dy _ y tan X.y(0)=1

dx

Answer

The given differential equation is g = ytanx

Find: Find the particular solution of this differential equation.

_dy _
ol ytanx

=¥ _ tanxdx

¥
Integrating both sides,
= f?=_[tanxdx

= log|y|=log]|sec x| + log|C] ..... (n

Puty =1, x=0
0 =log(l) + C
C=0

Put the value of C in equation in equation(l)
= log y = log |sec x|

Hence, y = sec x

45 B. Question

Solve the following initial value problem:

dy
2x— =5y.v(1l)=1
dx v.y(1)

Answer
The given differential Equation is 2;{? = by.
X

Find: Find the particular solution of this differential equation.

= 9,

2x =5y
_dy dx
_S}r_Q'c
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Now Integrating Both sides

- j? =5/

= 2 logly| = 5log|x| + log|C| ..... (1)
Putx=1,y=1

= 2 log(1)=5log(1) + C

=0=C

Put the value of C in equation (1)
= 2log |y| = 5log|x|

=y° = |x|?

Hence, y = |x|*/2

45 C. Question

Solve the following initial value problem:

Answer
. . . E _ 2.2
The Given equation is = 2e%y
Find: Find the particular solution of this differential equation.
=W _ oa2x2
o= Le y

dy

L = 2e%*dx

Integrating both side,

= fjji:fZe“dx

_ [},—2+1:| _ _Z_sz

—2+1 2

1=e0%C
1=1+C
C=0

Put the value of C in equation (i)

——l_ex 49
v

Hence, y = —e72%

45 D. Question
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Solve the following initial value problem:

dy b
cosy—=e".y(0)==
T dx ’ 2
Answer
dy _ x
cosy_—=e

Find: Find the particular solution of this differential equation.
On equating we get,

= cosydy = eXdx

Integrating both side

= [cosydy = [ e¥dx

Putx=0,y=m/2

= sin G) =e’ + C

=1=1+C

=C=0

Put the value of C in equation (i)
Siny = eX

Hence, y = sin'l(eX)

45 E. Question

Solve the following initial value problem:

ﬁ:ZX}-'.},-'(O):I
dx

Answer

Find: Find the particular solution of this differential equation.
=¥ _ oxdx
¥

Integrating both sides

=f?=_[2xdx
=10gy=§.2

.{2
=logy =+ +C....(H

Putx=0,y=1

log(l)=0+C
0=0+C
C=0
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Put the value of C in equation (i)

XZ
logy = 0

Hence, y = ¥
45 F. Question

Solve the following initial value problem:

ﬁ: 1+ x% +y? —XE}-'E.}-'{O} =1

Answer

. dy
Given : = = 2 2 2y
3 1+ x°+ y° + Xy

X

Find: Find the particular solution of this differential equation.
= ﬂ — 2 2
= 1 +x7)(1 +y7)

=Y — 1+ x2)dx

1+y?

Integrating both side

=[- T —[(1 + x?)dx

1+y?
1 x? i
=tanTy=x+ . +C (i)
Putx =0,y =1

=tan"'1=0 +0?+ C

Put the value of C in equation (i)

3
=tanly=x+ = + =
3 4
2(3 ™
Hence, tanly=x + — + -
3 4

45 G. Question

Solve the following initial value problem:

xy L= (x4 2)(y+2).y () =1

Answer
; . dy
Given: xy—=(x + 2)(y + 2)

Find: Find the particular solution of this differential equation.
_ Yy _x+2 4.

_}r+2_ X

=f1—idy=fl+§dx

y+2

=y-2logly + 2| =x+ 2log|x| + C
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=y-2logly +2|-x-2log|x]=C
Putx=1,y=-1

=-1-1-2log(-1 + 2)-2log1l =C
=-2=C

Thus, we have

Hence, Y - x - 2log(y + 2) - 2log x = -2
45 H. Question

Solve the following initial value problem:

ﬁ: ]__X_}-'2 —x}rz when vy =0.x =0
dx
Answer

Given:%=1 +X+y2 +Xy2

— dy 2

=¥ 1+ 00 +y?)
1

='[(1+l}-2]dy= J(1 + x)dx

2
=tan ly=x + % +C.....(i)
Puty = 0 and x = 0, then

2
=tan'0=10 + 0?JrC

=C=0

Putting the value of C in equation (i) we get.

2

1y — =
y=X+ 3

=tan”

Hence, y = tan (x + “;)

45 1. Question

Solve the following initial value problem:

(v —3)—:(}-'E =0.y(1)=-2
dx

[

Answer
Given: 2(y + 3) — xyg =0
Find: Find the particular solution of this differential equation.

d:
=2(y + 3) =xy

2 _ ¥
=;dx_}r+3dy

Integrating both sides,
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= f%dx = fﬁdy
=2loglx| =y + 3—3logly + 3| + C.....(Q)
Put x = 1 and y= -2 in equation (i), we get
=2log(l)=y +3-3log(-2+3)+C
=0=1-0+4C

=C=-1

Put the value of C in equation (i), we get
=2loglx| =y + 3—3logly + 3| -1
=log(x)’ =y + 2 —log(y + 3)?
=log(x)?—log(y + 3)® =y + 2

Hence, x*(y + 3)® =¥ *?2

46. Question

Solve the differential equation Xdi +cot v =0. given that v = E when 5 — \E
dx ’ T4 '

Answer
Given differential equation. x? + coty =0
X
Find: Find the particular solution of this differential equation.

— -
Xt coty =0

dy
=x—= —cot
dx y
_dy  dx
- coty - X

Integrating both sides, we get

A
_Icc:t}r_ X

= log|secy| = - log|x| + C ..... (i)

Put x = J’E,y=g
™
= log|sec | = - log|y2| + C
=log|V2| = —ilogz +C
1 1
—510g2= —Elogz +C

= C = log2

Put C in equation (i)

log|sec y| = - log|x| + log2

2
secy = -
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2
Hence, x =—— = 2cosy
secy

47. Question

Solve the differential equation (1 +x?2 )di + (1 +y? ) — (). given that y =1, when x = 0.

' dx
Answer
Given: (1 + ) + (1 +y?) =0
Find: Find the particular solution of this differential equation.

=1+ )T+ (1 +y)=0

=(1+x)ZT=-(1+y?

=(1+ x%)dy=—(1 + yHdx

Integrating both side,

_J- dy _ [dx
Tl ey Qe
=tanly= —tan"'x + C....(i)

Putx=0,y=1
=tan"!1l= —tan™'0 + C

T

=—-=0+C
4
Put Cin eq (i), we get

=tan'y= —tan"'x + E
=y =tan G - tan‘lx)

™ _
tan(-—tan J'x)

Y= 1+ tan—j.tan{tan_lx]
_ ., 1-x

y= 1+x
=y + xy =1-x

Hence, x + y =1 - xy

48. Question

2x(logx +1)

dv
Solve the differential equation _" = . given that vy =0, when x =1.

Sin Y+ V COs ¥

Answer

. d 2x(logx +1
dx siny + ycosy/

Find: Find the particular solution of this differential equation.

_dy  Zx{legx+1)

dx siny + ycosy

=siny + ycosy)dy = 2x(logx + 1) dx
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Integrating both side

= [siny + ycosydy = [2x (logx + 1)dx

= [sinydy + [ycosydy = [ 2x.logxdx + [ 2xdx

_ —cosy + [y. [ cosydy — [ 1. [ cosy dy.dy] = 2[logx [ xdx —
~ JESxdx]dx] + x* + C

= —cosy + ysiny— [sinydy = 2.§.logx—2f§dx +x2+C

Z
= —cosy + ysiny + cosy = x? logx—x? +x? +C

Z
=ysiny = x%logx + % +C
Puty=0,x=1
=0=0+12+C

=C=-1
2

Put C = —5 in equation (i)

=ysiny = x%logx + g— ;

Hence, The Solution is 2ysiny = 2 x%logx + x% — 1.

49. Question

Find the particular solution of @d¥'dx _ x . 1 given that y =3, when x =0,
Answer

Given o — x + 1

Find: Find the particular solution of this differential equation.

dy
eax=x%X + 1

= g =log(x + 1)
=dy =log(x + 1)dx
Integrating both sides
= [dy = [log(x + 1)dx
1
=y=1loglx + 1|.[ L.dx— [ (mf 1, dx) dx
Using Integration by parts

=y=xloglx + 1] —fﬁdx

=y=xloglx + ll—(f(l— - )dx)

x+1
=y=xloglx + 1| — (x—loglx + 1])

=y=xloglx + 1| —(x + loglx + 1|)
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=y=(x+ Dlog|lx + 1| —x +C....(I)

Puty =3 andx =0

=3=0-0+C

=C=3

Put C = 3 in equation (i)

Hence, The Solution is y = (x + 1)log|x + 1| —x + 3.
50. Question

Find the solution of the differential equation cos y d}r +COSX Sin ydx =0 given that y = /2. when
X=m/2.

Answer
The given differential Equation is cosy dy + cosxsiny dx = 0.
Find: Find the solution of this differential equation.

= cosy dy + cosxsinydx = 0.

= cosy dy = —cosxsiny dx
COs

=¥ dy = —cosx dx
siny

Integrating both side,
= [cotydy = — [ cosx dx
= log |siny| = -sinx + C .....(J)

Puty=gandx=§

L M
= log |S|n5|——5|nE+C
=0=-1+C
=C=1

Put the value of C in eq(i)
Hence, The solution is log |sin y| + sin x =1

51. Question

Find the particular solution of the differential equation d_" = _4;(}-—3 given that y =1, when x =0,

Answer
The given differential equation is ? = —4xy?
X

Find: Find the solution of this differential equation.

—dy 2
Pl 4xy
d

=—§=—4xdx
¥

Integrating both sides
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=f%=_[4xdx

—-2+1 2
X
—2+1 2

=—i1=—2x?+C
¥

Puty =1 and x =0
=-1=0+C
=C=-1

Put the value of C in eq (i)

1

- —lo_ax2-1
¥
R G|
¥
_ _ 1
=V = e

52. Question

Find the equation of a curve passing through the point (0, 0) and whose differential equation is
dy -

— =¢"sin x.

Answer

The given differential equation ? = e*.5inx
X

Find: Find the solution of this differential equation.

dy X s
— = g".5Inx
dx

=dy = e*.sinx dx

Integrating both sides

= [dy = [ e*.sinx dx

= | =sinx [ e¥dx — _[(i (sinx). [ e* dx)dx

=1 =sinx.e* — [ cosx.e¥dx

=1 =sinx.e* — [cosx. [ e¥dx — [ & (cosx).[ e¥dx
=1 =sinx.e* — [cosx.e* — [(—sinx).e* dx]

=] =sinx.e* —cosx.e®—1

= 21 = e*(sinxX — cosX)

53. Question

For the differential equation xv d_" - (X n 3) (}-' + 2}, Find the solution curve passing through the point (1, -
T dx
1).
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Answer

The given differential equation is XY . = (x + 2)(y + 2)
Find: Find the solution of this differential equation.

— o, 3¥

=xy =&+ 2)F+2)

d X+ 2
=¥ T 4k
¥y+2 X

=(1-;5)ay=(1 + Hax
Integrating both side

=f(1—i)dy=f(l + %)dx

y+2

=fdy—2fﬁdy=fdx+ Zfidx

=y—2log(y + 2)=x + 2logx +C

=y—x—C=logx® + log(y + 2)>2 +C
=y—x—C=log[x*(y + 2)?]....(D)

Putx=1landy=-1

=—1-1-C=log[1%(-1 + 2)?]

=-2-C=0

=C=-2

Put the value of C in equation (i)

Hence, The solution of the curve isy — x + 2 =log[x*(y + 2)°].

54. Question

The volume of a spherical balloon being inflated changes at a constant rate. If initially its radius is 3 units
and after 3 seconds it is 6 units. Find the radius of the balloon after t seconds.

Answer
Let the rate of change of the volume of the balloon be k (where k is constant)

Find: Find the radius of the balloon after t second.

Integrating both sides, we get:

=4n[r? dr=k/[dt

_ -
= 4T[.; =kt

=4nr® dr= 3(kt + C) .....(I)
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Now, att =0, r = 3.

=4m3*dr=3(k0 + C)

= 108m = 3C
=C = 36m
Att=3,r=6:

=4nux6*=3(kx3 + C)

= 864m = 3(3k + 36m)

=3k = —288m — 361 = 252n

=k = 84n

Substitute the value of K and C in equation (1), we get

= 4nr? = 3(84n + 36m)

= 4mr® = 4m(63t + 27)

=13 =63t + 27

=r = (63t + 27)!/3

Hence, the radius of the balloon after t seconds is (63 t + 27)1/3 .

55. Question

In a bank principal increases at the rate of r% per year. Find the value of r if ° 100 double itself in 10 years
(loge 2 = 0.6931).

Answer
Let p, t, and r represent the principal, time and rate of interest respectively.
It is the given that the principal increases continuously at the rate r% per year.

Find: Find the value of r?

=E=(L)dt

100

Integrating both sides, we get:
—[%_
=J P mofdt

=10gp=i+k

100

Now, if t =10,then p = 2x100 =200
r
=200 = e1o.e®

=200 = /1% 100 from (2)
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x
gio= 2

.
=5 = log2
== =0.6931
10
=r=6.931

Hence, the value of r is 6.93 %.
56. Question

In a bank principal increases at the rate of 5% per year. An amount of ~ 1000 is deposited with this bank,
how much will it worth after 10 years (95 = 1.648).

Answer
Let p, and t represent the principal, time respectively.

It is the given that the principal increases continuously at the rate of 5% per year.

Integrating both sides, we get:
—[é_1
=J P zofdt

=10gp=2—t0+c

It is given that when t =0, p = 1000
= 1000 = e° .....--(2)
Now, logp = — + log1000

Putting t = 10,we get

1000 -

=p =1000 x 1.648
=p = 1648

57. Question

In a culture the bacteria count is 100000. The number is increased by 10% in 2 hours. In how many hours
will the count reach 200000, if the rate of growth of bacteria is proportional to the number present.

Answer
Let y be the number of bacteria at any instant t

It is given that the rate of growth of the bacteria is proportional to the number present.

dy ;
=2 _ where k is a constant
~ = ky ( )
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A
¥

Integrating both sides, we get
= % = [kdt

=logy=kt+ C

Let yg be the number of bacteria at t = 0.
=logyy=C

Substitute the value of C in, we get

= log y = kt + log yg

=logy -log yg = kt
= log(i) =kt

Also, it is given that the number of bacteria increased by 10% in 2 hours.

_ . 110
Y= To0¥0

11

¥ _
Yo 10

Substituting the value,

=k2= log(ﬁ)

Now, the time when the number of bacteria increases from 100000 to 200000 be t1.

=y=2y,att=14

2log(L 2log2
Now, t = osle) 1ogcé)

log(15)

2log2
Hence, in ﬁ{i) hours the number if bacteria increases from 100000 to 200000.

10

58. Question

2+sm x |dy
7J& =—¢0s X and y(0) = 1, then find the value of

If y(x) is a solution of the differential equation

l+y
y(r/2).
Answer

Consider the given equation

2 + sinxy dy
=|——|—= —cosX
1+y /dx
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dy cosx dx

l+3.r_ 2 +sinx

Integrating both sides,

=J~ dy z_j-cosxdx
1+vy 2 +sinx

= log(1l + y) =-log(2 + sin x) + log C

= log(1l + y) + log(2 + sin x) = log C
=1log(1l + y)(2 + sin x) = log C
=(1+y)(2+sinx)=c...(1)

Given thaty(0) =1

=(l+1)(2+sin0)=c

=C=4

Substituting the value of C in eq (1), we get

=(l+y)2+sinx)=4

=(1+y)=

(2 + sinx)

4

(2 + sinx)

=y= —-1.... (2)
Now, find the value of y(n/2)

Substituting the value of x =g in equation (2)

=y=(2+1]_1
4

_y_g__]_

—y=1

59. Question

Find the particular solution of the differential equation (1 —}-’2 )(1 + lOg X) dx +2X}’ dy: 0 giventhaty =0
whenx = 1.

Answer

Consider the differential equation (1 —y?)(1 + logx)dx + 2xydy= 0

= (1—y?)(1 + logx)dx = —2xy dy

_dy _ _ (1-y?)d +logx)
dx 2xy
d; 1 +logx
_ydy _ BX 4y
1-y?2 2x

Let 1-y2 = t then -2y dy = dt Let log x = v

dy = ldtld =d
yoy = —patyax=dv
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Substitute the value of vand tin eq (2)

- 105{2—:.'2):(1“:5*21 +Con(2)

Putx =1 andy =3 ineq (2)

— log(1-3%) (1 +logl)
2 B 4

+C

=C=

1
4
Put the value of C in eq (2)

— log(l—yz} _a+ logx?)
2 - 4

+ 1
4
Hence, The particular solution is (1 + logx?) = 2log(1—y%) + 1

Exercise 22.8
1. Question
Solve the following differential equations:

dy

gl

=(x+y+1)

Answer

Given Differential equation is:
dy _ 2
=>dx_(x+y+ 1% ... (1)

Letusassumez=x+y +1

Differentiating w.r.t x on both the sides we get,

dz dix+z+1)
= e s
dx dx

- dz dx dy d(1)
dx dx dx dx

dz
= -
dx dx

SE 1 =¥ ()

dx dx

Substituting (2) in (1) we get,

dz
dx

Bringing like variables on same (i.e, variable seperable technique) we get,

dz
1+z®

= dx
Integrating on both sides we get,

:J- dz zj-dx

1+z2
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We know that [ —— = itan_l G) + Cand

dx

a® +x2

Also fadx = ax + C

1, _
= -tan
1

)=

stanlz=x+C

We know that z = x + y + 1, substituting this we get,

stanl(x+y+1)=x+C

. The solution for the given Differential equation istan™l(x + y + 1) = x + C

2. Question

Solve the following differential equations:

dy

—cos(x—-v)=1
Leos(x-y)

Answer

Given Differential equation is:

dy ) =
=dxcos(x y) =1

d;
I
dx

=%
dx

Let us a

Differentiating w.r.t x on both sides we get,

dz
=
dx

dz
= =
dx
dy

= = =
dx

1
cos(x—y)

ssumez=x-y

dx  dy

dx dx

dy

dx

dz
—— 2
1-— (2)

Substituting (2) in (1) we get,

dz
=1—— = 5ecz
dx

dz
=1—secz = —

Bringing like variables on same side (i.e., variable seperable technique) we get,

dz

dx

= dx
l—secz
dz
= — = dx
“cosz
dz
= wosz=r = dX
coszZ
coszdz
cosz—1
—coszdz
= = dx
1-cosz
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We know that cos2z = cos?z - sin?z = 2cos?z - 1 = 1 - 2sin?z.

I G O i )

25i112(5]
sinz(E)dz cosz(ﬁ)
= sinzzg) N sin® g:] = 2dx

= dz — cot? (z) dz = 2dx

2

We know 1 + cot?x = cosec?x

= (1 — (l:l:rse-:2 G) -1 )) dz = 2dx

= —cosec? G) dz = 2dx

Integrating on both sides we get,
_ z2(Z2 —
= [ —cosec (E)dz =2[dx

We know that:

2

(1) fcosecsx = -cotx + C

) [ f(ax)dx = 1

+ C

(3) Jadx =ax + C

Zz
=—7{_°T{5D — 2x + 2C
2

= 2cot(2) = 2x + 2¢

Since z = x - y substituting this we get,

=>c-:)t(?) =x+C

. The solution for the given Differential equation is cot (“2;3") —x+ C

3. Question

Solve the following differential equations:

dy _ (x-y)+3
dx  2(x-y)+5
Answer

Given Differential equation is:

dy _ (x-y)+3
== 2eyyas (1)

Letus assumez=x-y

Differentiating w.r.t x on both sides we get,

Ld _ ax gy

dx dx dx

dz dy
1 _
dx dx
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dz Z+3
=1 —-—=
dx 2z+5
dz Zz+3
= — = —_
dx 2z+5
dz 2z +5-z-3
= — =
dx 2z +5
dz z+2
= — =
dx 2z +5

Bringing like variables on same side(i.e., variable seperable technique) we get,

dz
==z = dx
2z+5
2z + 5)dz
LGz _ 4
zZ+3
:(22+6—1sz
zZ+3

= dx

(2z + 6)dz dz
= - - =
Z+3 Z+3

= dx

dz
zZ+3

= 2dz — = dx

diz + 3) _
zZ+3 o

= 2dz dx

Integrating on both sides we get,

diz +3) _
zZ+3 -

= [2dz— | [ dx
We know that:

(1) Jadx =ax + C
(2) 15— Jogx + C

=2z-log(z+3)=x+C

Since z = x - y, we substitute this,

=2(x-y)-log(x-y +3)=x+C

= 2Xx -2y -log(x-y + 3) =x + C

=X -2y -log(x-y + 3) =C

. The solution for the given Differential equation is: x - 2y -log(x-y + 3) = C.
4. Question

Solve the following differential equations:

Answer

Given Differential equation is:
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Letus assumez =x +vy

Differentiating w.r.t x on both sides we get,

dz dx dy
= —_ -
dx dx dx

dz dy
= — = —
dx l+dx
dy dz
=2 = — — e 2
- 1+ —.nn(2)

Substituting (2) in (1) we get,

dz
=2-1+ — =z?
dx

dz
:1+22=d—
X

Bringing the like variables to same side (i.e., Variable seperable technique) we get,

dz
1+z%

= dx

Integrating on both sides we get,

ﬂ_[ dz =_[dX

1422

=°f dz zj-dx

12 4+ 22

We know that:

(1) [ = itan‘le) +C

a? +x2

(2) fadx = ax + C
1 - z
= tan 1(;) =x+C

=tanlz=x+C

Since z = x + y we substitute this,

stanl(x+y)=x+C

=X+ Yy =tan(x + C)

.. The solution for the given Differential equation is x + y = tan(x + C).

5. Question

Solve the following differential equations:

(x+y) L
dx

Answer

=1

Given Differential equation is:
2dy _
=x+y)r =1

dy _ 1
:dx = —(x+1.-]2 ...... (1)

Let us assumez=x+vy

Differentiating w.r.t x on both sides we get,
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dz dy
-Z 14+
dx dx
dy dz
=2 = —_1... 2
dx dx 1 ( )

Substituting (2) in (1) we get,

dx z2
dz 1
-2 _ 14+ 2
dx z2
z
:E=z+1
dx z2

Bringing like variables on same side (i.e., Variable seperable technique) we get,

dz
- gzer = OX

z2

We know that:

(1) Jadx =ax + C

(2) [ = itan‘l(i) +C

a? +x2
= z—%tan‘l(g) =x+C
sz-tanlz=x+C
Since z = x + y, we substitute this,
s>x+y-tanlx+y)=x+C

sy-tanl(x +y)=C

. The solution for the given Differential equation isy - tan"1(x + y) = C.

6. Question

Solve the following differential equations:

o0y

cos’(x—2v)=1-2-2
( ) dx

Answer
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Given Differential equation is:

dy

= cos(x—2y) = 1-2—

Y _ 1 cos¥Hx—
=2 =1 cos“(x— 2y)

2

We know that 1-cos2x = sin?x

:% = sin®(x—2y) ... (1)

Let us assume z = x- 2y

Differentiating w.r.t x on both sides we get,

o dz dx  2dy

dx dx dx

Ldz _ 2y

dx dx
2dy dz

=2 = 1-—— ... 2
dx 1 dx ( )

Substitute (2) in (1) we get,
_dz _ .2
=1 . = Sin“z

. dz
=1—sin?z = =
dx

dz

= cos’z = —
dx
Bringing like variables on same side (i.e., variable seperable technique) we get,

dz

cos®z

=

= dx

1
We know that —— = sec?x
cos?x

= sec?zdz = dx

Integrating on both sides we get,
= [sec?zdz = [dx

We know that:

(1) [sec?xdx = tanx + C

(2) Jadx =ax + C

=>tanz=x+C

Since z = x - 2y we substitute this,
= tan(x-2y) =x + C

.. The solution for the given Differential Equation is tan(x-2y) = x + C.
7. Question

Solve the following differential equations:

dy
—=sec(X+Y)
dx

Answer

Given Differential Equation is:
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Letusassumez=x+y

Differentiating w.r.t x on both sides we get,

dz dx dy
= — — 4+ =
dx dx dx

dz dy
= — = —
dx 1+ dx
dy dz
== = Z_1... 2
dx dx ( )

Substituting (2) in (1) we get,

dz

=——1 = secz
dx
dz

=— =1 + secz
dx

Bringing like variables on same side(i.e, variable seperable technique) we get,

dz

1+ secz

=

= dx

We know that secx =

COSK

dz
= T = dX
! cosz
coszdz
= dx
cosz+ 1

We know that cos2z = cos?z - sin?z = 2cos?z - 1

- cosz(a)—sinz{gjl d

25052{;] Z = dx

- cosz(;)dz B sinz(‘—z)dz - 2dx

z z
cosz{—:] cosz(—)
z 2

=>dz—tanz( )dz = 2dx

Z
2

We know that 1 + tan®x = sec?x
= dz — (sec2 G) - 1) dz = 2dx
= (2 — sec? G))dz = 2dx
Integrating on both sides we get,
=>_[Zldz—fse-:z(g)dz =2[dx
We know that:

(1) [sec?xdx = tanx + C

(2) Jadx = ax + C
=2z—tan(§) =2x + C
Since z = x + y, we substitute this,

=2(x + y)—tanG) =2x+ C
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=2+ 2y—2x = tan(%) + C

=2y = tan(%) +C
- the solution for the given differential equation is 2y = tan (“2&') + C.

8. Question

Solve the following differential equations:
dy
— =tan(x+Y)
dx
Answer
Given Differential Equation is:
dy _
= = X +y) ... (1)

Letusassumez=x+vy

Differentiating w.r.t x on both sides we get,

dz dx dy
= - -
dx dx dx

dz dy
= — = —
dx 1+ dx
dy dz
> = =—1.... (2)
dx dx

Substituting(2) in (1) we get,

dz
=——1 = tanz
dx

dz

:E =1 + tanz

Bringing like variables on same side(i.e., variable seperable technique) we get,

dz

1 +tanz

sinx

We know that tanx =

COSK

dz
= sinz dx

COSE

coszdz
= dx

COSZ + sinz

2coszdz
= 2dx

codz + sinz

(2cosz + sinz—sinz)dz
=

= 2dx

cosZ + sinz

= {(cosz +sinz) + (cosz—sinz]}dz

= 2dx

cosZ + sinz

COSZ + sinz cosz—sinz
= dz + dz = 2dx

COSZ + sinz coszZ + sinz

d(cosz + sinz)

=dz + = 2dx

COSZ + sinz

Integrating on both sides we get,
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=’de + j-d(cosz+sinz] _ zj-dx

COSZ + sinz

We know that:
(1) f% = logx + C

(2) Jadx =ax + C

=z + log(cosz + sinz) = 2x + C

Since z = x + y, we substitute this,

=X + Yy + log(cos(x + y) +sin(x +y)) =2x+ C
=y + log(cos(x +y) + sin(x +y)) =x+ C

.. The solution for the given Differential Equation isy + log(cos(x + y) + sin(x +y)) = x + C.
9. Question

Solve the following differential equations:

(x + y)(dx-dy) = dx + dy

Answer

Given Differential equation is:

= (X + y)(dx-dy) = dx + dy

= (X + y)dx -(x + y)dy = dx + dy

= (X +y-1)dx = (x +y + 1)dy

d x+vy-1
L _ x+y

dx x+y+1
Letus assumez=x +vy

Differentiating w.r.t x on both sides we get,

dz dx dy
= __ - s
dx dx dx

dz dy
-Z_ 14+
dx dx
dy dz
=2 = —_1... 2
dx dx 1 ( )

Substituting (2) in (1) we get,

ﬁE—l = z-1
dx z+1
dz z—1

== = +1
dx z+1
dz z—1+z+1

= = —
dx z+1
dz 2z

= — =
dx z+1

Bringing like variables on same side(i.e., variable seperable technique) we get,

dz
=— = 2dx
Z+1

= (z +1)dz

4

= 2dx

d
=2dz + = = 2dx
z z
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=dz + ? = 2dx
Integrating on both sides we get,
=_[dz+f%= 2[dx

We know that:

(1) fJadx =ax + C
(2)f%= logx + C

=z + logz = 2x + C

Since z = x + y we substitute this,

=2X+y+logx+y)=2x+C

=>y+logix+y)=x+C

.. The solution for the given Differential equationisy + log(x + y) = x + C.
10. Question

Solve the following differential equations:

dy
X+y+l)—=1
l: ’ }dx

Answer

Given Differential Equation is :

=>(x+y+l)%=l

Letusassumez=x+y +1

Differentiating w.r.t x on both sides we get,

dz dx dy d(1)

= — = —
dx dx+dx dx
dz dy
=Z -1+ 40
dx dx
dy dz
=2 = —_1.... 2
dx dx 1 ()

Substituting (2) in (1) we get,

dx z

-3 148

dx z

dz z+1
=

dx z

Bringing like variables on same side (i.e., variable seperable technique) we get,
d
:é = dx

z

zdz

= dx

z+1
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= dx
z+1
z+1 dz
= 7 — = dx
z+1 z+1
dz
=dz — = dx
z+1

Integrating on both sides we get,

= [dz— [-= = [dx

z+1

= fdz—[222D = fax

z+1

We know that:

(1) Jadx =ax + C

(2) [Z = logx + C
=>z-log(z+1)=x+C

Since z = x + y we substitute this,
=>x+y-logx+y+1)=x+C
=>y-logx+y+1)=C

=>y=logix+y+1)+C

.. The solution for the given Differential Equationisy = log(x + y + 1) + C.

11. Question

Solve the following differential equations:

dy 1=¢""
dx
Answer

Given Differential equation is:

S 41— exty (1)
dx

Letus assumez =x +vy

Differentiate w.r.t x on both sides we get,

dz dx dy
= — = — —
dx dx + dx
dz dy
== == 4+ 1 ..... 2
dx dx ( )

Substitute(2) in (1) we get,

ﬁﬁ = p?
dx

Bringing like variables on same side (i.e., variable seperable technique) we get,

dz
=— = dx

E‘Z
= e%dz = dx
Integrating on both sides we get,

= [e™2dz = [dx
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We know that:

(1) Jadx =ax + C

ax

(2) [e™*dx = eT + C

-z

=< =x+C
1

=>-e?2=x+C

=>x+e?4+C=0

Since z = x + y we substitute this,

>x+eXtY)+Cc=0

~. The solution for the given Differential Equation is x + e"*+¥) + € = 0.

Exercise 22.9

1. Question

Solve the following equations:
x2dy + y(x + y)dx = 0
Answer

Let us write the given differential equation in the standard form:

=>ﬂ _ —yix+y) (1)
2z

dx X

Homogeneous equation: A equation is said to be homogeneous if f(zx,zy) = z"f(x,y) (where n is the order of
the homogeneous equation).

Let us assume

v+ )
f[:X:Y) = T
_ —zylz +zy)
= flzx,zy) = — 0T
- o) = 2w
ﬁf‘[:zxpzy) = ZO xL:F]

x
= f(zx,zy) = 2°f(x,y)
So, given differential equation is a homogeneous differential equation.

We need a substitution to solve this type of linear equation, and the substitution is y = vx.

Let us substitute this in (1)

o d{vx) _ —Vx(X + VX
2

dx X

We know that 2&%) _ udv , vdu

dx dx dx
r : e P2
Lxdv | ovdx | eev?)
dx dx x=
xdv
> — +v=-—v-—v?
dx
xdwv
=»— = —2v—v*©
dx
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Bringing the like variables on one side

dv _ dx
v+ 2v X
dv dx
- = ——
vi42v+1-1 x
dw N dx
(v +1)2-12 X

We know that:

X—a

dx 1
J = ;;log

+ Cand

%2 —a2 X+a

dx
_[;=logx+c

Integrating on both sides we get

J‘ dw N E
(v +1)%-12 - X
1 v+1-1
:ﬁl V+1+1| = logx + logC

(" logC is also an arbitrary constant)

1
z

=1

X

og = log

v+2

(“loga—logh = log(%))

(. xloga = logaX)

Applying exponential on both sides, we get,

=,( v )E _ o«
v+ 2 X

Squaring on both sides we get,

L=
v+2 X

Since y = vx

=

we getv =%
¥ -
ﬁ-?—x—z —
=+2 %2
x
¥ .-
:y 5% = E
— 3
z
¥ _ =
v+ 2x %2

Cross multiplying on both sides we get,

= yx% = c2(y + 2x)

~. The solution to the given differential equation is yx? = c2(y + 2x)
2. Question

Solve the following equations:
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dy v-x

dx  y+x

Answer

Given Differential equation is :

Homogeneous equation: A equation is said to be homogeneous if f(zx,zy) = z"f(x,y) (where n is the order of
the homogeneous equation).

Let us assume:

_y—x
ﬂ:x!Y) - y _I_ X
_ zy-EX
= f(zx, Z'_V) T ozy+zx
_ zX(y—=x)
= f(zx, Z'_V) T ozx(y + %)
= flzx,zy) = 2% x T

¥+
= f(zx,zy) = 2°f(x,y)

So, given differential equation is a homogeneous differential equation.

We need a substitution to solve this type of linear equation, and the substitution is y = vx.

Let us substitute this in (1)

= d(vx) _ vxx

dx VX + X

We know that:
d(uv) udv wvdu

= — 4+ —
dx dx dx
vdx xdv _ xx(v-1)
dx xx(v +1)
xdv v—1
dx v+1
xdv  v-1
de v+l
r v —y
:g _ v—1l-v-—v
dx v+1
. .
Lxv )
dx v+1

Bringing like variables on one side we get,

(v +1)dv dx
= = ——
vitl X
vdv dv dx
= = ——
v+l v+l X
1 Zvdv dv dx
= — = ——
2vE 41 visd x
=] ,
- Ed(‘. +1) dv _ _ E
2 vi+1l v+l X

We know that:
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fdx = logx + C
X 08X
and Also,

J

Integrating on both sides, we get,

dx

1 e
—— = —tfan- (—) + C
x2 + at a a

1 rdv® +1) dv. _ rdx
:2'[ vi+d J‘vz+1_ X
1 2 Lo t(%) = =
=210g(v + 1) + [ tan (J = —logx + logC

(" LogC is an arbitrary constant)
: 2 -1(¥) _ <
=210g(v + 1) + tan (1) = log(x)

(“loga—logh = log (%))
Since y = vx,

we getv = 7
X

= lﬁg((g)z + 1) + 2tan?! G) = log (?Z)

(- xloga = logaX)

- 10g(}'2”2) + 2tan~? G) = 108(2_:)

%2

= log(x* + y?)—log(x?) + 2tan™?! G) = log(c?) —log(x?)
= log(x* + y?)—log(c?) + Ztan‘l(%) =0
= log(x® + y?) + 2tan™! G) =K

(Assuming log(c?) = K a constant)

. The solution to the given differential equation is log(y? + x2) + 2tan'1(¥) =K

X

3. Question

Solve the following equations:

] -

dy y —-x~
dx 2xy
Answer

Given differential equation can be written as:

Homogeneous equation: A equation is said to be homogeneous if f(zx,zy) = z"f(x,y) (where n is the order of
the homogeneous equation).

Let us assume:

2 2

—X
2xy

y

flxy) =
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(zy)*—(zx)?

= fl@m) = e
zZx(y —x")

= flzx,zy) = )
2 2

ye—x
2xy

= f(zx,zy) = z° x
= f(zx,zy) = 29f(x,y)

So, given differential equation is a homogeneous differential equation.

We need a substitution to solve this type of linear equation and the substitution is y = vx.
Let us substitute this in (1)

- dvx) _ (wvx)®—x2
dx 2(vx)x

We know that:
d(uv) udv wvdu

= — 4+ —
dx dx dx
vdx xdv xZ(v2-1)
= — _— =
dx dx xZ(2v)
xdwv vi-1
2V 4+ — =
dx 2v
xdv v 1
SV +—— = —=
dx 2 2v
xdwv v 1
= = —=— —
dx 2 2v
r P2
Sxdv o vi-l
dx 2v

Bringing like variables on one side we get,

2vdv dx
= = — —
vi-1 X
2
o d(v+1) _ _dx
visd X

We know that:
| dx logx + C
X ogx
Integrating on both sides, we get,

divZ +1 ds
:'[ E:Z++1] = _ff

= log(v2 + 1) = -logx + logC (" LogC is an arbitrary constant)
Since y = vx,

we getv =

=>lcrg((g)z + 1) = log(g)

(" loga—logbh = log (E))

Wl

Applying exponential on both sides, we get,
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o ¥yE Xt C
x

%2

2, .2
:y+x=C

x
Cross multiplying on both sides we get,

=y2 + x% = Cx

. The solution for the given differential equation is y? + x2 = Cx.
4. Question

Solve the following equations:

dy
X—=X+Y¥

dx
Answer

Give Differential equation is:

dy
2xX=- =X+
dx y

Homogeneous equation: A equation is said to be homogeneous if f(zx,zy) = z"f(x,y) (where n is the order of
the homogeneous equation).

Let us assume:

flxy) = ty

= f(zx,2y) = 22

= f(zx,zy) = ﬂ
= f(zx,zy) = z° x Y

x
= f(zx,zy) = 29f(x,y)

So, given differential equation is a homogeneous differential equation.

We need a substitution to solve this type of linear equation and the substitution is y = vx.

Let us substitute this in (1)

:d(vx] _ X+ VH

dx X

We know that 3&v) _ udv 4 Ydu

dx dx E

Lxdv vl | x(1+v)

dx dx X

xdwv
=—+v=1+v

dx

xdv

dx

Bringing like coefficients on same sides we get,
=dy = &
b 4

We know that fadx = ax + C and
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Also,
dx
_[; = logx + C

Integrating on both sides, we get,

X
=V =logx + C

Since y = vx,

we get,
y

vV ==
X

:E = logx + C

Cross multiplying on both sides we get,
=y = xlogx + Cx

. The solution for the given differential equation isy = xlogx + Cx
5. Question

Solve the following equations:

(x? - y2)dx - 2xydy = 0

Answer

Given differential equation is:

= (x2 - y2)dx - 2xydy = 0

= (x2 - y2)dx = 2xydy

S _ v (1)
dx 2xy

Homogeneous equation: A equation is said to be homogeneous if f(zx,zy) = z"f(x,y) (where n is the order of
the homogeneous equation).

Let us assume f(x,y) = ":;:2
~f(mzy) = ST
= f(mzy) = 22 x5

= f(zx,zy) = 2°f(x,y)
So, given differential equation is a homogeneous differential equation.
We need a substitution to solve this type of linear equation and the substitution is y = vx.

Let us substitute this in (1)

R divx) _ x% —(vx)?
dx 2x(vx)
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We know that:

d(uv) _udv  vdu

= 4
dx dx dx
i i z__ =3
Sxdv , vdx X v
dx dx 2vx?
xdv %% (1-vZ
S XYy = X0
dx %2 (2v)
xdv 1—v2
= — 4+ Vv =
dx 2v
. -1
Sxdv 1V
dx 2v
r TN P
:g _ 1—v=—2v
dx 2v
. I -]
o xdv _ 1-3v
dx Zv

Bringing Like variables on same sides we get,

2vdv dx
= —

1-3v2 %

1 —6vdv dx

31-3v2 x

_1d(1-3w?)  dx
3 1-3v? x

=

We know that:

| dx logx + C
_— = Q
< gx

Integrating on both sides, we get,

1 rd(1-3v%) _ rdx
=>_§f 1-3v2 f X

= —élogll —3v?| = logx — logC
("~ logC is an arbitrary constant)

Multiplying with -3 on both sides we get,

= log|1-3v?| = -3logx + 3logC

= log|1 — 3v?| = 3log (g)
(" loga—logh = log (E))

= log|l —3v?| = log( )a

¢

x

(" alogx = logx?)

=log|1 —3v?| = log (i—z)

Applying exponential on both sides we get,
=1—-3v? = i—z

Since y = vx, we get,
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3-.'2—33.1'2 _
z

=

X

CE

:X2_3y2 — :

Cross multiplying on both sides we get,

= x(x? - 3y?) = 3

= x3 - 3xy? = K (say any arbitrary constant)

. The solution for the differential equation is x3 - 3xy2 = K
6. Question

Solve the following equations:

dy x+vy
dx x-y
Answer

Given differential equation is:

dy _ x+y
dx X-y

Homogeneous equation: A equation is said to be homogeneous if f(zx,zy) = z"f(x,y) (where n is the order of
the homogeneous equation).

Let us assume:

f(xy) = ;:;

= f(zx,zy) = %}f’

= f(zx,2y) = %

= f(zx,zy) = z“x%

= f(zx,zy) = 29f(x,y)
So, given differential equation is a homogeneous differential equation.
We need a substitution to solve this type of linear equation and the substitution is y = vx.

Let us substitute this in (1)

=>-:i.(v:(] _ X+ VH

dx K—VX

We know that:

d(uv) 3 udv  vdu

= — 4+ —
dx dx dx
xdv | vds _ x(1+v)
dx dx x(1-v)
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xdv 1+v

dx 1-w
xdwv 1+v
= — = —
dx 1-v
r r—r P2
= xdv _ 1+v—v+vV
dx 1-v
. 2
= xdw _ 1+v
dx 1-v

Bringing like variables on same side we get,

= (1—v)dv _ dx
1+v2 X
vdv dx
= — _
1+v2 1+v2 X
1 1 Zvdv dx
= —_—— = —
1+ve 21 +wvw2 X
=
o 1 _1d(1+v%) _ dx
1% + v 2 14V

We know that:

J

Also,

_ i —1fE
a2+x2dx = Stan (a) + Cand
fdx logx + C

— = lo

X gx
Integrating on both sides, we get,

1 C1ed(a+v?)  rdx

=>J‘2L+".’Zd."r 2'[ 1+v2 f X
= ltan—! (E)—Elo (1 +v?) =logx + C

1 1 2 g gX
=>ta11‘1v—$10g(1 + v?) = logx + C

Since y = vx, we get,

2

=>tan‘le)— glog(l + G) ) = logx + C
= tan~! G) - élog (‘K—J;FZ) = logx + C
= tan~! G) - é x (log(x?* + y?) + log(x?)) = logx + C
(“loga—logh = log(%))

-1(¥ 1 2 2 1 2
= tan (;)—Elog(x + y9) + Elog(x ) =logx + C
=tan‘1(%)—§log(x2 +y3) + log(xz)g = logx + C
(" alogx = logx?)

= tan~! G) - ilog(xz + y?) + logx = logx + C
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=>t:;m‘le) = ilog(xz +y3)+C

- The solution for the given Differential equation is tan~! G) = %mg(xz +y3)+C

7. Question

Solve the following equations:

d‘_-" 2 )
ZX}" =X+ y©
dx

Answer

Given Differential equation is:
=2 E — 2 2
Xy- =X +y

dy x4y
dx 2xy

Homogeneous equation: A equation is said to be homogeneous if f(zx,zy) = z"f(x,y) (where n is the order of

the homogeneous equation).

Let us assume:

x? + y?
f[:X,Y) = W
_ (20® + (zy)®
= flz2y) = = o
2.2 e A4
= f(zx,zy) = —F " xzz:;,}r
2%x(x* + y?)
=>f[:Z}{,Z'_V) = ZZX(EK}']
2 2
= f(zx,zy) = z° %

= f(zx,zy) = 2°f(x,y)

So, given differential equation is a homogeneous differential equation.

We need a substitution to solve this type of linear equation, and the substitution is y = vx.

Let us substitute this in (1)

- divx) _ x% + (vx)®
dx 2x(vx)

We know that 3&v) _ udv 4 Ydu

dx dx dx
. . 2, 2.2
:xd1+\dx=x+1.x
dx dx 2vx2
xdwv 2 (14+v2
dx xZ(2v)
xdwv 1+v°
22— 4+ Vv =
dx 2v
. =
= xdv _ 1+v _
dx 2v
r PR PP
= xdv _ 1+ve—2v
dx 2v
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xdv 1-v*

dx 2v

=

Bringing like variables on same side we get,

2vdv dx
= —

1—v2 x

—2vdv  dx

1—v2 X

We know that:

dx
_[;=logx+c

—Zvdv dx

1—v2 x

= _

= -log(1-v?) = logx + logC
= log(1-v2)! = log(Cx)
(" alogx = logx?)

(" loga + logb = logab)

1

= log (1-v2) = log(Cx)

Applying exponential on both sides, we get,

y
vV = -
X
1
= Cx
= z
1-(%)
1
= xT_yZ = Cx
uZ
2
X
= Cx
X2 —y2
X
=C
X2 —y2

Cross multiplying on both sides we get,

= x = C(x? - y2)

. The solution for the given Differential equation is x = C(X2-y2)
8. Question

Solve the following equations:

3

> dy 3
X"—=X"-2y" +Xy

dx
Answer
Given Differential equation is:

2
o ¥ dy
dx

= x?—2y* + xy

Get More Learning Materials Here : & m @\ www.studentbro.in



Homogeneous equation: A equation is said to be homogeneous if f(zx,zy) = z"f(x,y) (where n is the order of
the homogeneous equation).

2 a2
Let us assume f(x,y) = “23"%
X

(zx)®—2(zy)? + (zx)(zy)

= f(le ZY) = (zx)?
2.2 _a,2.2 o2
- f(ZX, Z}’) _ zZ(x*—2y° + xy)

zZ (x%)

2 a2
= f(zx,zy) = z2° x ——2 21"2”3

x
= f(zx,zy) = 29f(x,y)

So, given differential equation is a homogeneous differential equation.

We need a substitution to solve this type of linear equation and the substitution is y = vx.

Let us substitute this in (1)

- divx) _ x? —2(vx)?® + x(vx)

dx %2

We know that 8@¥) _ udv 4 vdu

dx dx dx
. , 20,2 z
:g \_ch _x w2 +vx
dx dx x=
xdv ¥(l=2vi+vw
= — 4+ Vv = XO=2v+v)
dx x2
xdwv 2
=—+v=1-2v- + v
dx
xdv
=— = 1-2v°
dx

Bringing like variables on same side we get,

dv dx
= —_
1-2v2 X
1 dv dx
2l 2 7 &
2
dv 2dx
= z -
EIEE
vz

We know that:

dx 1 at+x
= = and
“[ a%—x2 EaIOg a—:-.'l +C
Also,

| dx logx + C
X ogx
Integrating on both sides, we get,

dv dx
By
— | —v

%) "
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1
—=+v
= M

|
oL 08

= 2logx + logc

Z

1

—_— -V
vz vz

(" log Cis an arbitrary constant)

142V
1 =
= zlog —>—| = logx® + logC
e
(" alogx = logx?)
1 1+42v] 2
G |1-ﬁv = log(&x)

(- loga + logb = logab)

Since y = vx,

we get,
¥
V==
X
1 1+\,"§G) _ 2
=>Elog )| log(Cx*)
1
X +42¥|z
“log|2s| = log(Cx?)
X
L
= X+ \,"E}" vz _ 2
- log(Cx*)

Applying exponential on both sides we get,

1
= (—H \E}r)ﬁ = Cx?
Xx—y 2y

x+v2y _ 2\y/2
= iy (cx?)

.. The solution of the Differential equation is
X + \IEY _ (cxz)\f’z
— = =

X—2y
9. Question

Solve the following equations:

d}’ o) o)
X}.’ T = X_ — }.'_

dx
Answer

Given Differential equation is:

dy 2 2

Homogeneous equation: A equation is said to be homogeneous if f(zx,zy) = z"f(x,y) (where n is the order of
the homogeneous equation).

,__,2_},2
Let us assume f(x,y) = ——
xy
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(zx)?—(zy)?

> fz2y) = = an
= flzx,zy) = - z(:x_; )

x2 —y?

Xy

= f(zx,zy) = z° x

= f(zx,zy) = 29f(x,y)

So, given differential equation is a homogeneous differential equation.

We need a substitution to solve this type of linear equation and the substitution is y = vx.
Let us substitute this in (1)

- d(vx) _ %2 —(vx)?

dx x(vx)

We know that 2&¥) _ vdu , udv

dx dx dx
= xdv N vdx  x* v
dx de vx?
_, Xdv Ly = 22 (1-v?)
dx x2(v)
r -
= xdv +y = 1—v
dx v
. -1
= xdw _ 1—v= v
dx v
o xdv 11— —y2
de v
. -]
= xdw _ 1-2v
dx v

Bringing like on the same side we get,

vdv dx
= = —
1-2v2 X
1 —dvdv dx
= —— = —
41-2v2 X
)
o _1da-2v?) _ dx

4 1-2v2

We know that [ f = logx + C

Integrating on both sides we get,

1 rd(1-2v®) - dx
:_:Lf 1-2v=2 _“[ X

= —ilog(l —2v*) = logx + logC
(" logC is an arbitrary constant)
= log(1-2v?) = -4logx + 4logC

= log(1-2v?) = -logx* + logC?

(- xloga = logaX)
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= log(1 —2v?) = log (g)

(" loga—logbh = log (E))

Applying exponential on both sides we get,

c4d

_9ul —
=>12V—rd

Since y = vx, we get,

=x?-2y% = —
Cross multiplying on both sides we get,
- x2(x2—2y2) = C4

= x4-2x2y2 = ¢4

~. The solution for the given differential equation is x#-2x2y2 = C4.

10. Question

Solve the following equations:
XY W
ye'ldx = (xe T+ }-')d}-'

Answer

Given Differential equation is:

X

= yevdx = (xel_f + y) dy

Homogeneous equation: A equation is said to be homogeneous if f(zx,zy) = z"f(x,y) (where n is the order of
the homogeneous equation).

Let us assume:

X

xe§ +y
f[:X,Y) = - =
yey
zyel¥

= f(zx,zy) z—(}'xj_
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x
= f(zx,zy) = z° xﬂg—y
ye¥
= f(zx,zy) = 29f(x,y)
So, given differential equation is a homogeneous differential equation.
We need a substitution to solve this type of linear equation and the substitution is x = vy.

Let us substitute this in (1)

¥

- divy) _ vye¥ +y
dy =
ye¥

We know that:

d(uv) 3 udv . vdu
dx  dx dx

dw ;
o, Yo vdy _ ¥
dy dy ye

Bringing like variables on the same side we get,

: d
sevdv = &
¥

We know that [e*dx = eX + C and
dx
f; = logx + C

Integrating on both sides, we get,

:_[e"dv=f%

=eY=logy + C
Since x = vy, we getv = ;

X

ev = logy + C

=

. The solution for the given Differential equation is ez = logy + C

11. Question

Solve the following differential equations :

1d}" ' )
X—=X Xy ¥~
dx

Answer

Here,

29y

de

= x? + xy + y?
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dy_x2+xy+y2

dx X2

It is a homogeneous equation

Puty = vx
And ¥ _ av
dx v+ de
So,
dv (%% + xvx + v?x?)
V+xXx— =
dx x?
dv 5
X—=1+v+v —v
dx
dv 1+ v?
X— = v
dx

Integrating Both Sides we get,

J‘ dv B dx
1+v: J x

tan~tv = loglx| + ¢

LY

tan loglx| + ¢

12. Question

Solve the following differential equations :
(}-‘3 — ZX}f)dx = (x2 — ZX}f)d}f

Answer
Here, (y2 - 2xy)dx = (x2 - 2xy)dy

dy y’—2xy

dx  x%—2xy

It is a homogeneous equation

Puty = vx
And & _ dv
dx v de
So,
. dv  vix?—2xvx
v de T x2—2%vX
N dv  v?—2v
V+xXx— =
dx 1—2v
dv  vZ-—-2v
X— = —
dx 1—2v
dv vZ—-2v—v + 2v?
H— =
dx 1-—2v
dv  3vZ-—3v
X— = —
dx 1—2v
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1—2v dx

TCaE Rl
—(2v—1) dv = dx
3(v2—v) Ve
(2v—1) - dx
iy =37

Integrating Both Sides we get,

2v—1 dx
(@,
(vi—v) - X
loglv? —v| = —3log|x| + logc
C
vi-v = <3
y'y_<
¥z x  x3
yi—xy = -

x(y? - xy) = ¢

13. Question

Solve the following differential equations :

2xy dx —(x3 _2},2)(1}, =0

Answer
Here, 2xydx + (x2 + 2y2)dy =0

dy 2xy
dx ~ x2 + 2y2

It is a homogeneous equation

Puty = vx
And & _ dv
dx v de
So,
N dv 2XVX
V+Ex— = —"-——
dx x2 + 2v2x?
N dv 2v
v de 1+ 2v2
dv 2v
X—=—"-—+-—YV
dx 1+ 2v2
dv  2v—v—2v3
de 1+ 2v2

dv v —2vy3
de 1+ 2v2

Integrating Both Sides we get,

[0y = (&)

v=2v3 x
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1+ 2v? 1+ 2v?

v—2v:  y(1-2v2?)

1+ 2v? A . Bv + ¢

v(l—2v2) v 1-—2v2

1+ 2v° A(1—2v%) + (Bv + o)(v)
v(l—2v2) v(1l— 2v?)

1+2v2=A-2Av2 +Bv? +cv
1+2v2=Vv3(-2A+B)+cv+A

Comparing the coefficients of like power of v,
A=1

C=0

-2A+B=2

-2+B=2

B=4

1+ 2v?

v(l—2v2)

L e

Ba-2) & 120

14. Question

4y

1+
v 1—2ve

Solve the following differential equations :
3xidy = (33(}-' +y? )dx

Answer
Here, 3x2dy = (3xy + y?)dx

dy  3xy + y?
dx 3x?

It is a homogeneous equation
Puty = vx

d: dw
And & _— vV + x—
dx dx

So,

N dv  3xvx + v?x?
vV+x— = —n——
dx 3x2

dv  3v + v?
¥i— = ———
dx 3

v +

dv 3 + v?
de N 3 v

dv. 3v + vZ—3v
dx 3
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dv = v?

&x3

Integrating both sides we get,

1 dx
3J-—2dV= —
v X

1
3(—;) = log|x| + ¢

3x loglx| +
—— = log|x C
y g

15. Question

Solve the following differential equations :

dy X
dx 2v+x
Answer
d ;
Here, &¥ = X
dx 2y +x

It is a homogeneous equation

Puty = vx
And & _ dv
dx v de
So,
N dv X
v A
dx 2vx + X
N dv 1
v de 2v + 1
dv 1
X_

dx=2v+ 1_V

dv. 1—-2vi—v
dx =~ 2v+ 1

Integrating both sides we get,

J’ 2v+ 1 dx
1—2V2—Vv_ X
J‘ 2v + 1 q dx
_ —av = R
2vi +v—1 X
IJ' v + 2 d dx
2 2V2+V—1v_ X
J’4v+1+1 dx
Wzt v—1" " X

J’ v + 1 d +J’ 1 q 5 dx
Wzt v—10" w2 Fv—_1" " X

J’ v + 1 d 1J’ 1 q 5 dx
W+ v—1" "2 v+ V= X

_1
2

+
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et ey e
4v + 1 1 1 dx
J-2v2+v—1v+§fv+1)2_(§)2dv=_ X
7 Z
BTN e
2 _ _ = —
log|2v® + v—1| + sz(g)log . % +% 2log|x| + logc

16. Question

Solve the following differential equations :
(x+2y)dx—(2x—y)dy =0
Answer

Here, (x + 2y)dx - (2x -y)dy =0

dy x + 2y

dx 2x—y
It is a homogeneous equation
Puty = vx

d: dw
And & _— vV + x—
dx dx

So,
N dv X+ 2vx
V+x— = ——
dx 2X— VX

N dv 1+ 2v
v de_ 2—v
dv 1+ 2v
X— = -V
dx 2—v

dv 1+ 2v—2v + v?
de_ 2—v
dv. 1 + v?
H— =

dx 2—v

Integrating both sides we get,

J’Z—vd dx
1+ vz VT %

J’ 2 d J’ v dv — dx
1+V2V 1+V2V_ X

1
Ztan‘lv—ilogll + v%| = loglx| + logc

1
2tan~'v = log|xc| + log|1l + v?|2

- 1
et v — (1 + v2)axc

1
2 2 =
etan_lg _ [(y +X )]2XC
X2
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1¥

- 1
etan % = {(yz + xg)}ic
17. Question

Solve the following differential equations :

It is a homogeneous equation

Puty = vx
And & _ dv
dx v de
So,
N dv VX v2x?
V+xXx— = —— —
d X x2
dv R
V+tEx—=v—yvi-1
dx
dv J—
— 2
X— —Jv2—1
dx v

Integrating both sides we get,

dx
=
loglv + 4JvZ— | = —log|x| + logc
g +vi-1) =

y+V(y2-x2)=c
18. Question

Solve the following differential equations :

dy vy

— =={log y-log x +1}
X

Answer

& = tloe () + 1)

It is a homogeneous equation

Puty = vx

v + xg = ?[log(?) + 1}
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dv

V+x£=vlogv+v
dv 1
xg, = viegy

Integrating both sides we get,

1 dx
J- dv = | —
vilogv X

log log v = log|x| + logc

log v = xc

log y/x = xc

y = xeX¢
19. Question

Solve the following differential equations :

dy v . [ﬂJ
—=+s1n| =
dx x X

Answer

d; .

T =¥ sin (E)
dx X X

It is a homogeneous equation

Puty = vx
And & _ dv
dx v de

So,

N dv + sin(v)
V+x—=1v sin(v

dx

dv
X— = sin(v

= (v)

dx
cosecvdv = g

Integrating both sides we get,
dx
J-cosecv dv = | —
v
logtani = logx + logc

; v
an- = cx
2

tan Y _ CX
2x

20. Question

Solve the following differential equations :
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},-'de—(x2 — Xy _},E)d}, =0

Answer

y? + (x* - xy + y?)dy = 0
dy v

dx X2—xy + y?

It is a homogeneous equation
Puty = vx

d dv
And & — &
dx v+ de

So,
. dv —x2y?
V+Xx— = —
dx X2 —xvx + vixe
N dv —vy2
V+Xx— = —
d 1—v + v2
dv —y?
dx = 1—-v + v2

1—v + v?

1—v + v2 dx
—v(—v—v3)

Integrating both sides we get,

J’ 1 1d_dx
[:1+V2 V) V= X

1 1 dx
—J-—dV-FJ- dv = | —
v 1+ v2 X

—log|v| + tan~'v = log|x| + logc

10g|§| + tan‘lg) = logc

tan‘l(g) = logxc—log?
tan‘l(z) = log?
tan‘l(g) = logcy

21. Question

Solve the following differential equations :

[xq ix? +y° —}-'E_ldx—xy dy =0
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Answer

Here, [x,/xZ + yZ —y?]dx + xydy = 0

dy [x/xT + y2—y?
dx ~ Xy

It is a homogeneous equation

Puty = vx
And & _ av
dx v+ de
So,
dv [xvxZ + vixZ — x?v?]
V+x— = —
dx XVX
dv [V1+ vZ—v?]
V+x— = —
dx v
dv [V1+ vZ—v?]
X— = — -V
dx v
dv [V1 + vZ—v?]—v?
X— = —
dx v
dv [V1 + vZ]
X— = -
dx v

Integrating both sides we get,

J‘ v d dx
— v = — _
V1 + ve X
1 2v dx
-f—dv B
2041 + v? X

Letl + v¢ =

Differentiating both sides we get,

2vdv = dt
1J’ 1 dt dx
2 \."’E N X
1
7% 2yt = —log|x| + logc
— C
V1 + vE = 10g|—|
X
Jx2 +y? c
= log |§|

22. Question

Solve the following differential equations :

dy [%J
X—=y-—-Xcos | —
dx X

Answer
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dy ¥
Here, x—= = v — 2(_)
X~ =y xcosT|T

gy _ (3o ()

dx X

It is a homogeneous equation

Puty = vx
And ¥ _ dv
dx v de
So,
R —)
v+ x— =
dx X
dv 5
V+ X— = V—COS“V
dx
dv .
X— = V—CO0S8"V—V
dx
dv .
X— = —COS8°V
dx
dv dx
COSZV X

Integrating Both sides we get,

dx

J-seczvdv =—|—

X

tanv = - log|x| + logc
Vv C
tan; = —logl;l

23. Question

Solve the following differential equations :

icos[zjdx—Izsin[ij—cos[ij}d}’ =0
X X 1 v X X

Answer

Here, gcos G) dx — Esin G) + cos G)}dy =0
dy _ (zeos(3)

dx %sin@) + cos @)

It is a homogeneous equation

Puty = vx
And % =v+ xg
So,
v (Feos(3))
V+x— =
dx %sin (%) + cos (%)
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VvV COsv

1.
7 Sinv + cosv

dv vZcosv
V+Ex—= ———
dx sinv + vcosv
dv vZcosv
Xx— = ————— —
dx sinv + vcosv
dv  vZcosv—vsinv—vZcosv
dx sinv + vcosv
dv —vsinv
Xx— = ————
dx sinv + vcosv
sinv + vcosv dx
———dv = ——
vsinv X

Integrating both sides we get,

f G * “’“’) dv = —log|x| + logc
loglv] + log|sinv| = 10g|;3_{|
loglvsinv| = 1og|§|

=

] -

lysind] = ¢

24. Question

Solve the following differential equations :

Xy lﬂg{inX—-[}’z —le-:}g[E

y | y

Answer

Here, xyloge) dx + {yz —x? loge)}dy =0

dy

ix

x%log (E) —y?

y

xy log @)

It is a homogeneous equation

Put x = vy
dx dw
And i + Y
So,
v V'yilog % —y?
vV+y— =
dy yvylog %)
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. dv  vZlog(v)—1
VA y— = ——
dy vlog (%)

dv  v?log(v)—1

yd_.? B vlog (%)

dv  vZlog(v) —1—v?logv

y— =
d vy
¥ vlog(y)
dv 1

Yoo = -
dy vlogv

Integrating both sides we get,

dy
vlo dv=—f—
[ vioss ;

1
logvvadv —J-;vadvdv = —logl|y| + logc

Itegration it by parts

Vzl J’ Vzd | |c|
— —_ — % — — —
5 logv SX v og 5
V2

o= ]
5 logv Zvv—agy
v? v

c
Elogv— T log|§|

e 3] - esf]
> ogv 5| = -:)gy
Xz

37_[ x_1_ |E|
5 ln:)gy 2 lcz-gy
25. Question

Solve the following differential equations :

l+e? ]dx—e"[l—Xde:O.
'}.'

Answer
x x x
Here, (1 + e?)dx + ev (1—;)dy =0

It is a homogeneous equation

Put x = vy

And yﬁ + v = E
dy dy

So,
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dv e%(l—%)

Yo DTN
dy (1 + e}’)
dv e"(1—v)

ydy (1 + ev) v

dv. —e"(1—-v)—v(1l + e")
ydy 1+ ev

Integrating both sides wee get,

J' 1+ e dv — J’l q
—ev(1—-v)—v(1 + ev) Vo= y y

E
X +yey =c

26. Question

Solve the following differential equations :
) ) d‘y" ) )

(X" +y")—=8x"—-3xy +2y~

Answer

Here,(x? + yg)% = 8x? —3xy + 2y?

dy  8x*—3xy + 2y’
dx (x2 + y?2

It is homogeneous equation

Puty = vx
dx dx
So,
dv . 8x% — 3xvx + 2vZx?
x TV T (x2 + vZx?)

dv. 8—3v + 2v?

dx 1+ v2
dv. 8-—3v + 2vZ—v?
de_ 1+ v?

dv. 8—3v + 2vZ —v3
dx 1+ v2

Integrating both sides we get,

J’ 1+ v? i J’:Ld
B—av +2vzi—vi' ~ Jx ¥

J‘ 1+ v? 4 _J’ld
4(2—v) + vI(2—V) VEI®

J‘ 1+v2 dv _ J.de ...... (A)

(2—v)(v® +4)
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1+ v? Ax+B+ C
2-v)(vZ+4) 4+vZ 2-v

1+v?=v3(-A+C) + v(2A + B) + 2B + 4C

Comparing the coefficient of like power of v

Solving eq. (i),(ii) and (iii),
A=-3/8B=-3/4,C=5/8

Using eq.(A)
J’— dx

4 +v 2—- X

3J’v+2 SJ’ dx

8) 4 + v2 3 X

BJ’ J’ 5 1 dx
—— —dv = | —
3 4+V2 4+v2 8 2—v X
2 Jogld + v2|— tan~t Y —2logl2— v| = loglx| + 1
T og v 5 an~ 578 og v oglx 0gc

[1.;.g|4 + v2|15 + ogestan ‘z) + loglz—vlg] = logxc

3
(4 + v3)1e y eat*‘“_ly (2x— y)s C
3
X8 X

i

1¥
(4 + v2)1ﬁ X (2x— y)s = cest““ o
27. Question

Solve the following differential equations :
(x3 2xy )d\ —(X" —3xy+2y° )dx 0
Answer

(x2—2xy)dy + (x*—3xy + 2y?)dx = 0

dy x?—3xy + 2y?
dx 2xy —x?

It is a homogeneous equation

Puty = vx
dx  dx
So,
dv . x% — 3xvx + 2vZx?
de V= 2xvy — x2
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dv. 1-—3v + 2v?

=TT w—1 "
dv 1-—2v

H— =

dx 2v—1

dv 1

de N

Integrating both sides we get,

1
J-dv=—f—dx
X

= —logx + ¢

= =

= —logx + ¢

28. Question

Solve the following differential equations :
dy 2[}’ J

X—=y—XcCos | —
dx X

Answer

d;
Here, x y = }’—XCOSZ(E)
X

dx

ay _ y—xcos® (§)
=~ x

It is a homogeneous equation

Puty = vx
dx dx
So,
dv VX — xcos? (%)
X— + vV =
dx X
dv .
X— = V—C08°V—V
dx
dv )
de = —COS°V

Integrating Both Sides we get,

1dv 1
J- > =—J-—dx
cosZv X

sec’v = — | —dx
X

tanv =-log x + log ¢
Y _ <

tan .= logx

29. Question

Solve the following differential equations :
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Answer

Here, x%_ y = 2/yz—x?
dy _ 2Jy?—x2 +y

dx X

It is a homogeneous equation

Puty = vx
dx dx

So,

dv 2yvex2 —x2 + vx
X—+ v =

dx X

dv N
de = 4y V

Integrating Both Sides we get,

1 1
dv=2J-—dx
J-\-Vz—l X

log (v+mivz_1) =2logx +logc

log (v + 2 —1) =log cx?

(V+\v2-1) =cx?

y+ y?—x% = x*

30. Question

Solve the following differential equations :
xcos[ J ydx +xdy}= ‘,sm[ J xdy —ydx}
X X

Answer

X COS G) {ydx + xdy} = ysin G) {xdy — ydx}

d
yx cos (y) + x? cos( )—y = xysm -y sm(i)

dy —Xycos [%) —y? sin(%)

dx —yxsin@) + x? cos(%)

It is a homogeneous equation

Puty = vx
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dv dy

And _
X— + v =—
dx dx
So,
VX . VX
dv —xvxcos () — vx’sin(3)
X— + vV =
dx _ (VX 2 VX
vxx sin + x?cos(—)
X X
dv —vcosv — vZsiny
X— = — , -V
dx COSV — v sinv
dv —2VCOsV
Xx—= ——
dx COSV — v sinv

Integrating Both sides we get,

J‘ cosv — vsinv

1
dv = —Zf—dx
VCOSV X

1 1
J-(——tanv)dv = —ZJ-— dx

v X
logv-logsecv=-2logx+c

log (—) = log =
secv xZ

C
ycos(g) =3

31. Question

Solve the following differential equations :
(X2 + 3xy + y2)dx - x2dy=0

Answer

Here, (x? + 3xy + y?)dx-x*dy = 0

dy x? + 3xy +y?

dx x2

It is a homogeneous equation

Puty = vx
dx dx
So,
dv x? + 3xvx + v?x?
X— + vV =
dx x2
dv
Xx—=1+3v+vi-vy
dx
av + 1)2
Xx— = (v
== ¢ )

Integrating Both Sides we get,

J e =[x
(v+1)2v_ x
1

= logx—c

v—1
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X+y+logx=c

32. Question

Solve the following differential equations :
dy

(X—y)—=x+2y
dx

Answer
Here, (X—y)% = ¥ + 23{

dy x + 2y

dx X—¥y

It is a homogeneous equation

Puty = vx

dx  dx
So,
dv X + 2vx
X—+v=—+H+
dx X— VX
dv 1+ 2v
=T 1-v Y

dv. 1+ v+ v?
de 1—v
Integrating Both Sides we get,

J’ 1—v J’d
1+V+V2 x

IJ’ 2v—2 J’ q
2 1+V+V2 X
(2v+1)-3 1
—dv=—2J-—dx
1+ v+ ve X
(2v + 1) 3 1
1+v+v2dv_f 1 N2 1\ dVZ_ZJ-EdX
v+av(z) + () —(3) +1
[: 2) 2 1 V+%
log(l + v+ v —3(—)‘5311‘ = —2logx + C
g 3 E g
2

2y + x
log(y? + xy + x%) = Zx.@tan‘l( Y ) +c

33. Question

Solve the following differential equations :
(-x y+ )dx (X}-'3 —3x3)d}f:0

Answer

(2x%y + y3)dx + (xy?—3x%*)dy = 0
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dy  (x%y +y?%)
dx  (xy?-—3x3?)

It is a homogeneous equation
Puty = vx

dx  dx

dv (2x%vx + v3x%)
X—+v =
dx (—xv2x2 + 3x3)

dv  (2v + v3)
dg  (—v2 + 3)

dv (2v3 —v)
ax T (—v2 + 3)

Integrating Both Sides We get,

(—v? + 3)
(ng—v) J- dx

(v +3) A Bv+C

vav -1 v o)

3—v? = A(2v?-1) + (Bv + Qv

3—v? = (2A+Bv?+ Cv—-A
Comparing the coefficient of like power of v
A=-3

C=0

And2A+B=-1

=B =5
So,
f_ d +f oV d
v wvz_1 " " x
—BJ- dv + J-22—1dv= —dx

-3logv +zl-::og(2*i.='2 —1) = logx + logc
-121log v +5log(2v? — 1) = 4logx + 4logc

(2v?—1)°
v12

4

= x*c*

chcLyu _ 23!2 _x2
34. Question
Solve the following differential equations :

dy . [EJ
X——y+xsm| = |=0
dx X
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Answer

dy AT
X———y + xsin (;) =0
dy B y—xsin[%)

dx X

It is a homogeneous equation

Puty = vx
dx dx
So,
dv vx—xsin(%)
X—+v= —"
dx X
dv .
X— =v—sinv—v
dx

Integrating Both Sides we get,

1
J-cosecvdv = —J-— dx
X

log (cosec v + cot v) = - log<
X

log (cosec v + cot v) = log=
C

(1 + cosd))  x
sin@) S«
xsing) = (1l + cos(z))

35. Question
Solve the following differential equations :

ydx —leog L dy — 2xdy =0
|
X

Answer
ydx + [xlog G)}dy— 2xdy = 0

y)dy y_,

Wax  Fax T
y__ v
dx  2x —xlog @)

y + xlog(

It is a homogeneous equation,

Puty = vx
dv dy
And P
de v dx
So,
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dv VX
X— + vV =

dx Zx—xlog(%)
dv v
Yax T 2- logv
dv.  v—2v + vlogv
ax T 2 —logv

Integrating both sides we get,

J‘ —logv J‘

= dx
-V + vlogv
Letlogv-1=t

1
—dv = dt
v

J’t—ldt_ J'ld
(de = x
t-logt=log<

log v - log(log v - 1) = log<
X
v C
gloglz) — - (logv—1)

y = cog(%) - 13

36 A. Question

Solve each of the following initial value problems
(x2 + y2)d x = 2xy dy, y(1) = 0

Answer

(x? + y?)dx = 2xy dy, y(1) = 0

dy x? + y?
dx  2xy

It is a homogenous equation

Puty = vx
dx dx
So,
dv . x2 + v2x?
dx V= 2XVX
dv. 1 + v?
X— = -V
dx 2v

dv 1 + vZ—2vy?
de 2v

dv. 1-—v?
de 2v

Integrating both sides we get,
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J’ZV q _J’ld
1—ve V= xx

log (1 -v2) = -log(x) + log c
log (1 -v2) =log=
X

putv =12
X

Puty =0,x=1ineq. (1),
1-0=c

c=1

put value of c in eq,(1),
(x*=y*) = x

36 B. Question

Solve each of the following initial value problems

xeX E’—XEZU'y(e) =0
Tdx

Answer

v
Xex —y + xg =0y(e)=0

dy y—xe%

dx X

It is a homogeneous equation

Puty = vx
dx dx
So,
VX
dv VX — Xex
— +v =
dx X
dv .
X—=vi—e"—vVv
dx
dv .
de = —ea

On integrating both sides,

1
J-—e"dv=J-—dx
X

av =log xc
v = log(log xc)

put value of v,
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{ =log(log x) + k ...... (1)

Puty =0,x=¢e

0 =elog(log e) + k

k=0
putin eq. (1),
y = x log(log(x))

36 C. Question

Solve each of the following initial value problems

dy vy y

— —Z +cosec==0,y(1) =0
dx x X

Answer

dy

—¥ 4+ cosec = 0,y(1)=0
dx X X

It is a homogeneous equation
Puty = vx

So,

dv VX VX
X— + Vv = — + cosec—
X X

V— Cosecv—v

X—— = —C0secv

Integrating both sides we get,

1 1
J- dv = —J-— dx
COSecv X

1
J-sinvdv=—f—dx
X

-cosv=-logx+c

put value of v,

~cosf¥=-logx+c.... (1)

=
Puty = 0, x = 1,We have
c=-1

Now,

—cos%=—|ogx—1
log x = cos% -1
36 D. Question

Solve each of the following initial value problems
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(xy-y2)dx+x2dy=0,y(1) = 1
Answer

(xy —y?)dx —x2dy = 0,y(1) =1
dy xy—y*
dx x?

It is a homogeneous equation

Puty = vx
dx dx
So,
dv xvx — vix?
dx V= X2
dv .
de V-V —V
dv
— _ _y2
de v
1 1
—| s dv = J-— dx
v X

(-5) = t0gx +
;) = logx +c

X logx +
— = 108X C
5 = log

Puty=1,x=1
c=1
Using equation(1),
x =y(log x + 1)

X
V= logx + 1
36 E. Question

Solve each of the following initial value problems

dyv vix+2
dx xX(2x+v
Answer

&y _ yerzy gy o0y + 2y)
dx  x(2x+y) dx  x(2x + y)

It is a homogeneous equation

Puty = vx
dv dy
And + - =
de v dx
So,
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dv _ vx(x + 2vx)
ax VT X(2x + vx)
dv  v(1 + 2v)
dx  (2+ V)

dv  vZi-—v
dx 2+ v
24+ v dx

v
vZ—v X

fz+vdv = f% dx ...... (1)

viy

2+v A+ B
viv—1) v v-—1

2+v=(A+B)v-A

Comparing the coefficient of like power of v,
A=-2

A+B=1

-2+B=1

B=3

Using in eq. (1)

-2 1 1
J-—dv+3J- dV=J-—dX
v v—1 X

-2logv+3log(v-1)=logx +c

(v—1)° = vZ cx

Put the value of v,

(y—-x°® y?
<3 = X_ECX

—x° _y*
X3 T ox

36 F. Question

Solve each of the following initial value problems
(}-'4 —2x°y )dx —(x4 —2xy° )d}-' =0
Answer

(v*—2x3y)dx + (x*—2xy3)dy = 0

dy 2x°y—y*
dx ~ x*— 2xy3

It is a homogeneous equation

Puty = vx
dx
So,
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H— =
dx 1— 23
dv v+ v
de_l—ZVg
1-—2v3 dx
vi+v X
1-2v? 1
— (2 d% .on... a
J"'.’3+vd fxdx ( )
1-—2v3 A+ B N Cx+ D
viv+ D(vi-v+1) v v+1 vZ-v+1

1—-2v? = A(v? + 1) + Bv(v?—v + 1) + (Cx + D)(v? + v)
1-2v2 =vA+B+C+v(-B+C+D)+v(B+D) +A
Comparing coefficients of like power of v,

A=1.... (1)

Solving eq.(1),(2),(3) and (40,We get,
A=1B=-1C=-2D=1

Using eq. (a)

1 1 2v—1 1
[Tar [ ar= [ 2 g [l
v v +1 vi—-v + 1 X

logv-log(v+1)-loglyg? —v + 1) =log xc

W

log ( ) = log xc

v+l

36 G. Question

Solve each of the following initial value problems
x(x +3y? )dx—}f(y2 +3x2 )d}-‘ =0,y(1)=1
Answer

Here, x(x? + 3y?)dx + y(y? + 3x%)dy = 0y(1) =1

dy  x(x* + 3y%)

dx _y(y2 + 3x?)

It is homogeneous equation

Puty = vx
dv dy
And N
de v dx
So,
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dv x(x? + 3vix?)
Xx—+v=—
dx vx(vix? + 3x2)

dv 1+ 3v?
Yax ~ v(vZ + 3) v
dv. —vi—6v—1
dx  v(v2 + 3)

v(vi + 3) dx
——dv = —
—v+—6v—1 X
J’ v(v: + 3)
_— = | —dx
—vt—6v—1 X
J’ 4v3 + 12v . :Ld
vt 4+ 6V + 1 V= X

log (v* + 6v + 1) = |09%

v* +6v+ 1) =

e

Put value of v,

(y* + 6y°x* + x*¥) =cC

Puty=1x=1

c=28

putin eq. (1),

(y* + 6y*x* + x*) =8

36 H. Question

Solve each of the following initial value problems

{xsinz[EJ—y}dx—xd}f:O

l :

[X51112 G) —y} dx + xdy = 0
)

dx
Putv =7
X
And XE v = g
dx
So,
- dv
sin“v+v=v+x—
dx
1 1
— dv = —dx
sin?v X

Integrating both sides,

Get More Learning Materials Here : & m @\ www.studentbro.in



1 1
J-,zdv=J-—dx
sin?v X

-cotv=Ilogx +c

- cot (E) =logx +cC...... (2)
Putx =1,y =—in eq. (2)
c=-1

put in eq.(2),

—cot(§)= log x - 1

36 I. Question

Solve each of the following initial value problems

dy [y

X— —y+Xsin '—J:O,y(Z) =X
dx X

Answer

xg—y + xsin(}') = 0,y(2) =x

dx ;

It is homogeneous equation,

Puty = vx
dx
So,
dv N . (vx) N VX
X— + v = —sin {— —
dx X X
dv .
X— = —sinv
dx
dv dx
sinv X
cosecvdv = — &
X
-log (coscev + cotv) =-logx + ¢

Puty = ,x = 2,We have,
¢ =0.301

now,

- log (cosec(}') + cot({)) = -log x + 0.301

X

37. Question

. . . . . . v \dy
Find the particular solution of the differential equation Xcgs[ '_J_' = VCOS
X

lJ + x given that when x =
X
l,y=mn/4

Answer

Consider the given equation
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xcos($) < = yeos(?) +x

g B ycos(g) + X
dx xcos@)

this is homogeneous equation,

Puty = vx
dx dx
So,
dv VX COS (%) +x
XE + v = VX
X COS (?)
dv vecosv + 1
X— = ———
dx COSV
dv 1

sin v Casv

cos v dv = &

1
J-cosvdv = J-— dx

X
sinv=1logx+c
sin G) = logx + c...... (1)

Putx=1,y =E in eq.(1),

(@]
I
il

now,

sin g) = logx + x,"_lf

38. Question

Find the particular solution of the differential equation (X — }-')E:X— 2y giventhatwhenx =1,y =0

Answer
Consider the given equation,
dy
—V)—=x+ 2
(x—y)g =x+2

dy x+ 2y

dx X—y

It is a homogeneous equation

Puty = vx
dv dy
And —,
de v dx
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dv X+ 2vx
I—+tv=——
dx X— VX

dv 1+ 2v
de_ 1—v v

dv. 1+ v+ v?
dx 1—v

J’ 1—v q J’ld
1+V+V2V_ x
1J’ 2v—2 J’d
2 1+V+V2 X

(2v+ 1) -3 1
—dv=—2J-—dx
1+ v+ ve X

(2v + 1) “—f 3

1+ v + ve

V2+2V +

l
2
+ 1
log(1 + v + v3)—3 tan 2 = —2logx + ¢

log(y? + xy + x?) = 2y/3tan” ( ...... (1)
Putx =1,y =0ineq.(1)

C =

mik

Thus,

S

log(y? + xy + x%) = 2v 3tan‘1(

)+ %
X\.@ \,"'5

39. Question

\.' X‘r.'
Find the particular solution of the differential equation —=-———- given that wheny =1, x =0
X" +y°
Answer
by _
dx %2 +y?
dy 1
ax = E ¥ (1)
v X
Letv =1
b 4
dv dy
X—+v=—
d dx

Integrating on both sides we have
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1

ﬁ—logv = logx + ¢

x—zz = log(ixx) + Coeee (2)

2y
Putx=0y=1
0 =log(l) + ¢
c=0

From equation (2) we have

2

X
252 = log(y)

40. Question

3 3

Show that the family of curves for which d_": x
dx  2xy

Answer

Here, X2 — y2 = Cx

x2—Cx = y*°

Differentiate both side,
2x dx - Cdx = 2y dy

dy _ =< (i)

dx 2y
Put equation (i) in equation(ii),We get,

2 2

X—
dy 2x—( )
dx 2y
dy 2x? —x? + y?
dx 2Xy
dy_x2+y2
dx  2xy

Hence prove.

Exercise 22.10
1. Question

Solve the following differential equations :

dy :
- 1 2}' = ei'k

dx
Answer

Formula:-

- . . e dy _
(i) if a differential equation is = + Py = Q.

then y(I.F) = [Q.(l.F)dx + c, where I.F = e/Pdx
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(i) [dx =x + C
eax
(i) [ e**dx = = +cC

Here, dy
d

— + 2y = %
< ¥

This is a linear differential equation, comparing it with

v +Py =Q
dx
P=2,Q=e
|.F = eJPdx

= eJ2dx

= @2X

multiplying both the sides by I.F

eExg + 9232}, — 923-.'_63:(

dy -
2x 2x 5x
= e —+eTly=¢e
dx y

Integrating it with respect to x,
ye2X = [e>X dx + ¢

5X
= ye’* = S

5

ES}.’
=>y=?+CE_

2x

2. Question

Solve the following differential equations :

dy , 8y = S5e~%

Answer

Formula:-

(i) If a differential equation is LT =0Q
then y(I.F) = [Q.(I.F)dx + ¢, where I.F = g/Pdx

(ii) Jdx =x + ¢

eax
(i) [ e**dx = = +cC

Given:-

dy He—3x
— + 2y =

dx y 4

This is a linear differential equation, comparing it with
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dy+ B
P=2,

He~3%
!

I.F = e/Pdx
= el2Pdx
= @2X
Solution of the equation is given by

y(L.F) = [Q.(I.F)dx + ¢

—3x
- 5e

= ye?* = | e?¥dx + ¢

5
= yel¥ = fge‘xdx +c

= ye’* = Te‘xdx +c

=y = Te‘“ + ce %

3. Question

Solve the following differential equations :

dy
— +2y =6¢"

dx
Answer

Formula:-

o . . i dy _
(i) if a differential equation is dx + Py = Q,

then y(I.F) = [Q.(I.F)dx + ¢, where I.F = g/Pdx

(ii) Jdx =x + ¢
eax
(i) [ e**dx = = +cC

dy
Here, = = p3x
Ix + 2y e

This is a linear differential equation, comparing it with

TPy =0
dx
P=2,Q=6¢&
|F = elPdx

— ol2Pdx

- e2X

Solution of the equation is given by
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y(L.F) = [Q.(I.LF)dx + ¢
= ye?X = [6eX e2X dx + ¢

= ye?X = [6e3X dx + ¢

3Ix

= y(e*™) = +c

= ye?X = 2e3% 4 ¢
=y =2e3 + ce X
4. Question

Solve the following differential equations :

dV -
_'—}-' =g =X

Answer

Formula:-

o . . S _
(i) if a differential equation is = + Py = Q.

then y(I.F) = [Q.(I.F)dx + c, where I.F = g/Pdx

(ii) Jdx =x + ¢C
pax
(i) [ e**dx = = +cC
This is a linear differential equation, comparing it with
P=1,Q=e2X
I.F = e/Pdx
= elPdx
= eX
Solution of the equation is given by
y(L.F) = [Q.(I.F)dx + ¢
=>y(eX) = [e?X eXdx + C
=>y(eX) =feXdx+cC
> y(eX) =-e2X 4+ ¢
>y =-e2X 4 ce¥
5. Question

Solve the following differential equations :

dy
X—=X+V

Answer

Formula:-
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- . . e dy _
(i) if a differential equation is = + Py = Q,

then y(I.F) = [Q.(l.F)dx + ¢, where I.F = /Pdx

(i) Jdx = x + ¢

1
(iii) J-;dx =logx + ¢

Given:-
dy _ y
dx_l+x
dy vy
— - =1
dx x

This is a linear differential equation, comparing it with

dy
x T =Q

integrating it with respect to x,
1 1
- = —|dx +
FRRIGERE

1
=:-y;=logx+c

6. Question

Solve the following differential equations :

ﬁ—2}-':4);
dx

Answer

Formula:-

- . . e dy _
(i) if a differential equation is = + Py = Q.
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then y(I.F) = [Q.(I.F)dx + ¢, where I.F = g/Pdx

(i) [dx =x + C
eax
(i) [ e**dx = = +cC

This is a linear differential equation, comparing it with

& +Py =Q
dx

P=2,Q =4x
I.F = e/Pdx

— ol2dx

— e2X

Solution of the equation is given by

y(L.LF) = [Q.(LLF)dx + ¢

= y(e?¥) = [4x.e®* dx + c

= y(e2X) = 4(x[e?* dx- [ ( [e®* dx)dx) + ¢

using integration by part

EE:(
= y(e™) = 2xe?*— Z.de +c

= y(e™) = 2xe?*— e¥¥dx + c
y(e?™) = (2x—1)e®™ + ¢

=y =(2x—1) + ce ™

7. Question

Solve the following differential equations :

dy x
X—+4+y=Xxe
dx

Answer

Formula:-

(i) If a differential equation is dx + Py = Q,

then y(I.F) = [Q.(I.F)dx + ¢, where I.F = g/Pdx

(ii) Jdx =x + ¢

eax
(i) [ e**dx = = +cC

1
(iv)fgdx = logx + c

Given:-
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— 4+ X

dy X:e
dx X

This is a linear differential equation, comparing it with

dy
x T =Q
P=E,Q=e"
.F = e/Pdx

1
_efgdx
= elogx
=X

Solution of the equation is given by
y(L.LF) = [Q.(LLF)dx + ¢

=>yx = [eXxdx + ¢

= yx = x[eX dx- [ ( [eX dx)dx) + ¢
using integration by part

yx = xeX-[eX dx + ¢

= yx = xeX-eX + ¢

=yXx = (x-1)eX + ¢

x—1 . C
- (e

8. Question

Solve the following differential equations :

dy 4x 1
5 0 "2 y- 7] =0
dx x°+1 (Xj—l)_

Answer

o . . e dy _
(i) iIf a differential equation is = + Py = Q,

then y(I.F) = [Q.(I.F)dx + c, where I.F = g/Pdx

(ii) Jdx =x + ¢

ea:\-.'
(iii) [ e*™dx = el

1

. 1

(iv)[ —dx = _log|ax + b|
Given:-

dy N 4x B 1

ax xz + 17 (x2 + 1)2

This is a linear differential equation, comparing it with
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dy+ B
4x 1
=19 "o
X2+ 1 (x2 + 1)
I.F = e/Pdx

4x

= e'r %2 + ldx

2x
_ EEJ"—XZ 3 1dx

2
= g2 log|x= +1]

= (x2 + 1)
Solution of the equation is given by

y(L.F) = [Q.(I.F)dx + ¢
1
= y(x*+ 1)? = f—m(xz + 1)%xdx + ¢

>y(x2+ 12 =-[dx+c

Sy(x2+ 12 =-x+c¢

_ X + C
YT Tarr 02T k2t 1)2

9. Question

Solve the following differential equations :

dy
X—+vy=Xlog x
dx

Answer

(i) If a differential equation is dx + Py = Q,

then y(I.F) = [Q.(I.F)dx + ¢, where I.F = g/Pdx

n+1

(i) [ x"dx = +cn=-—1

(n + 1)

ax

e
(i) [ e**dx = -

. 1 1
(W)J-ax n bdx = Elog|ax + b

Given:-

This is a linear differential equation, comparing it with

dy

x =
1

P=",

X
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=X, x>0
The solution of the equation is given by
y(.F) = [Q.(I.LF)dx + ¢

= yx = [logx.x.dx + ¢

1
= yx = logxfxdx—f()—(fxdx)dx + c
XE 2

X
=>yx=?10gx—f§dx+c

x2 X
= yx = ?logx—fider c

x2 x2
= yX = ?logx—zdx +c

Xl X N
10. Question
Solve the following differential equations :

dy
X R
dx

Answer

y=(x-1)e*

Formula:-
(i) [If(x) + f'(x)]eXdx = f(x)eX + ¢

.. . . Lo dy _
(ii) If a differential equation is dx + Py = Q,

then y(I.F) = [Q.(I.F)dx + ¢, where I.F = g/Pdx

(iii) [dx =x + ¢

eax
(iv) [ e*dx = = +c

1 1
(V)J-ax T bdx = Elog|ax +b] +c

n+1

(v) [x"dx = +cn=-—1

(n + 1)
Given:

dy v x—-1 _
_— = = o
dx x X

This is a linear differential equation, comparing it with
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Solution of the equation is given by
y(.F) = [Q.(I.LF)dx + ¢

1 x—1 1
=>y(;)=f " ex.;dx+c

= y(é) = f(é—:lz).ex.dx + c
using formula(v)

¥
X

= le*dx + ¢
X

=>y=¢eX+cx

11. Question

Solve the following differential equations :

dy v _ s
- 4 L = X
dx x
Answer

(i) If a differential equation is = + Py = Q.

then y(.F) = [Q.(I.F)dx + c, where I.F = /Pdx

(i) Jdx = x + ¢

ea:\-.'
(iii) [ e*™dx = el

, 1 1
(IV)J- n bdx = 510g|ax + b| +¢

ax
n+1
(v) [x"dx = mi D +cn=-—1
Given:-
dx x

This is a linear differential equation, comparing it with
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Q=x3
I.F = e/Pdx
1
= elogx
=X
Solution of the equation is given by
y(L.F) = [Q.(I.F)dx + ¢

= yx = [ x3xdx + C

w0

x4
=:-y=g+

12. Question

Solve the following differential equations :

dy

—+y=smX

dx

Answer

(i) If a differential equation is dx + Py = Q,

then y(I.F) = [Q.(I.F)dx + ¢, where I.F = g/Pdx

(ii) Jdx =x + ¢

eax
(i) [ e**dx = = +cC
(iv)fea".sin(bx + c)dx

ax

= ————[asin(bx + c¢) —bcos(bx + c)] + constant

a? + b?
n+1
(v) [x"dx = mi D +cn=-—1
given:
d
E:i + y = sinx

This is a linear differential equation, comparing it with

dy
x T =Q
P=1,Q=sinx
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I.F = e/Pdx

= eldx

= eX

Solution of the equation is given by
y(.F) = [Q.(.LF)dx + ¢

=y eX=[sinx.eXdx + ¢

X
= ye* = E(sinx—cosx) +c

1

=y = E(sim{—cosx) + ce ™™

13. Question

Solve the following differential equations :

dy

—+Vy =C0s X

dx

Answer

. . . (i dy _

(i) If a differential equation is = + Py = Q.

then y(I.F) = [Q.(I.F)dx + c, where I.F = g/Pdx

(ii) Jdx =x + ¢c

eax
(i) [ e**dx = = +cC

(iv)J- e . cos(bx + c)dx

ax

= ————[asin(bx + c) + bcos(bx + ¢)] + constant

a2 + b2
n+1

(v) [x"dx = mi D +cn=-—1

Given:-

d

E‘Z + y = cosx

This is a linear differential equation, comparing it with

>ty =0
dx

P=1, Q = cosx
I.F = eJPdx

= eldx

= eX

Solution of the equation is given by
y(L.LF) = [Q.(I.LF)dx + ¢;

=y eX = [cosx. eXdx + ¢y
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let | = [ eX cosxdx

= cosx| eXdx [(sinx[fe*dx)dx + ¢,

using integrating by part

| = eX cosx + [sinxeXdx + ¢

= eX cosx [sinxJeXdx[(cosx[eXdx)dx] + ¢y
= | = eX cosx + sinxe*-I + C,

= 2| = (cosx + sinx)eX + Cy

(cosx + sinx)e* C
2

I = + 2

= 2 2
e:{

=1= E(cosx + sinx) + C

putting |

X

£

= ye* = E(cosx + sinx) + C, + Cq
EK

= ye* = E(cosx + sinx) + C

1
=y = E(cosx + sinx) + Ce™

14. Question

Solve the following differential equations :

dy

+2y =sin X

Answer

i) If ifferential tionis = =0,
(i) If a differential equatio de+Py Q

then y(I.F) = [Q.(l.F)dx + c, where I.F = /Pdx

(i) Jdx = x + ¢

ea:\-.'
(iii) [ e*™dx = el
(iv)fe“.sin(bx + c)dx

ax

= T b2 [asin(bx + ¢) — bcos(bx + c)] + constant

32
n+1
(v) [x"dx = m +cn=-—1
Given:-
d
d—i + 2y = sinx

This is a linear differential equation, comparing it with
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>ty =0
dx

P=2,Q =sinx
I.F = e/Pdx

= eJ2dx

= @2X

Solution of the equation is given by

y(L.F) = [Q.(I.F)dx + ¢

=y e?X = [sinx. e?X dx + ¢

EE:\-:
= ye'* = ?(Zsinx— cosx) + ¢

1
=y = E(Zsilm—cosx) + ce™2¥

15. Question

Solve the following differential equations :
dy .
— =ytan x —2sm X

Answer

(i) If a differential equation is . + Py = Q,

then y(I.F) = [Q.(l.F)dx + c, where I.F = /Pdx

(ii) ftanxdx = log|secx| + ¢

ea:\-.'
(iii) [ e*™dx = el

(iv)fsin[x)dx = —CO0SX + C

n+1
(v) [x"dx = m +cn=-—1
Given:-
d

¥ .
— = ytanx — 2sinx
Ix al sir

This is a linear differential equation, comparing it with

dy
x T =Q

P = -tanx, Q = - 2 sinx
|.F = efPdx
= e/-tanxdx

= g-log|secx|
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Solution of the equation is given by
y(I.F) = [Q.(I.F)dx +

y 25inx

-~ Lo

s5ecx secx

dx + ¢y

= ycosx = -[ 2sinxcosxdx + €1

= ycosx = -[ sin2xdx + ¢

cos2x
= YCOSX = +
cos2x
=1 =
y 2cosx

16. Question

Solve the following differential equations :

(1 +x? )j—; +y= tan~' x

Answer

(i) If a differential equation is dx + Py = Q,

then y(I.F) = [Q.(I.F)dx + ¢, where I.F = g/Pdx

1.
dx = tan—1xdx + ¢
x2 4+ 1

(i) |

ea:\-.'
(iii) [ e*™dx = el

n+1

(iv) [ xdx = +cn=-—1

(n + 1)
Given:-
dy
2y Y — (-1)
(1+x)dx+y tan*~Mx

dy y tan“Vx
dx 1+ x2 1+ x2

This is a linear differential equation, comparing it with

T =Q
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Solution of the equation is given by
y(I.F) = [Q.(I.F)dx +

. (-1)
tan! ™Yy J’taIl X tan"lx
= ve = | —e dx + ¢
y X2 + 1

let tan"ix =t

dx = dt

x2+1

so, yet = —Jtet dt + ¢

= tf et dt-J( et dt)dt + ¢

using integration by parts
yel=tel-et + ¢

>y = (t-1)cet

=y = tan“VYx — 1 + cetan"Vx
17. Question

Solve the following differential equations :
dy

—+yfan X =cos X

dx

Answer

(i) If a differential equation is = + Py = Q.

then y(I.F) = [Q.(l.F)dx + c, where I.F = /Pdx

(ii) [ tanxdx = log|secx| + ¢

eax
(i) [ e**dx = = +cC

n+1

(iv) [ xdx = +cn=-—1

(n + 1)

Given:-

y
— + ytanx = COS¥
dx yt

This is a linear differential equation, comparing it with

dy
x T =Q

P = tanx, Q = cosx
|.F = efPdx

= eltanxdx

= eloglsecx|

= Secx

Solution of the equation is given by

Get More Learning Materials Here : & m @\ www.studentbro.in



y(L.F) = [Q.(I.LF)dx + ¢

= ysecx = -[cosx.secxdx + ¢

= —=[dx+c
COSX

=:-L=X+C
COSX

=y = xcosx + Ccosx
18. Question

Solve the following differential equations :
Y 2
—+yvceotx=x"cotx+2x

Answer

(i) If a differential equation is dx + Py = Q,

then y(I.F) = [Q.(I.F)dx + ¢, where I.F = g/Pdx

(ii) [ cotxdx = log|sinx| + c
eax

(i) [ e**dx = = +cC

(iv) [ cosxdx = sinx + c

du
(v)ifu and v are two function then [ uvdx = uf vdx— [ (E”[ vdx)dx
given:-

ﬂ + yeotx = x%cotx + 2x
dx y

This is a linear differential equation, comparing it with

dy
T =Q

P = cotx, Q = x? cotx + 2x

.F = e/Pdx

= gJcotxdx

= elog|sinx|

= sinx

Solution of the equation is given by
y(L.LF) = [Q.(LLF)dx + ¢

= ysinx = f(x2 COSX + 2xsinx)dx + ¢
= ysinx = [(x? cosxdx + [2xsinxdx + ¢
= ysinx = x2sinx + ¢

19. Question

Solve the following differential equations :
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dV o) 3
—+Y fanx =X ¢cos™ X

Answer

(i) If a differential equation is = + Py = Q.

then y(I.F) = [Q.(I.F)dx + c, where I.F = g/Pdx

(ii) ftanxdx = log|secx| + ¢
ea:\-:
(iii) [ e*™dx = el
(iv) fcosxdx = sinx + ¢
du
(v)ifu and v are two function then [ uvdx = uf vdx— [ (E”[ vdx)dx
given:-

dy
— + ytanx = x’cos’x
dx yt

This is a linear differential equation, comparing it with

dy
=T =Q

P = tanx, Q = x2cos2

X
I.F = e/Pdx

= eltanxdx

= elogl|secx|

= secx

Solution of the equation is given by

y(I.F) = [Q.(l.LF)dx + ¢

= ysecx = [(x% cos?x(secx)dx + ¢

= ysinx = [(x? cosxdx + C

= ysecx = x2[ cosxdx-[(2x cosxdx)dx + ¢
using integrating by parts

y(secx) = x2sinx-2[x2 sinxdx + ¢

= y(secx) = xzsinx—2(xf sinxdx-[ sinxdx)dx + ¢
= y(secx) = x2sinX + 2XCosx-2sinx + C

25iNXCOSX-2XC0S2X-2SINXCOS2X-2SINXCOSX + CCOSX

= y = X

20. Question

Solve the following differential equations :
5 dy -1,

(I—X')—'—}’ =g X

' dx

Answer
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(i) If a differential equation is = + Py = Q,

then y(.F) = [Q.(l.F)dx + ¢, where I.F = /Pdx
n+1

(ii) [ x"dx = T -1

ea:\-.'
(iii) [ e*™dx = el

1
(iv) J-xz n 1dx = tanVx + ¢

Given:-

tan'™1)

dy_l_ y _ e
dg (1 +x2) (14 x2)

This is a linear differential equation, comparing it with

dy N
1 etan':_l:':\-:
P=——-0Q =
1+ x°2 Q 1+ x2
|.F = efPdx
1
= e-r %2 + 1dx
etan':_l)x

Solution of the equation is given by

y(L.F) = [Q.(I.LF)dx + ¢

- etan_ X -
= yetan X _ J- 5 " 1etan de +
X

letetan * — ¢

S e gy = dt

X+ 1T
so,
yt = Jt.dt + ¢

t?
=:-yt=§+l:
I

2 t

>y = Eetan_lx + I:etan_*:{
2

21. Question
Solve the following differential equations :
xdy = (2y + 2x* + x2)dx

Answer
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(i) If a differential equation is = + Py = Q,

then y(.F) = [Q.(l.F)dx + ¢, where I.F = /Pdx

n+1

(ii) [ x"dx = +cn=-—1

(n + 1)

ea:\-.'
(iii) [ e*™dx = el

1
(iv) J-xz n 1dx = tanVx + ¢

1
(V)J-de = logx + ¢
Given:-

dy 4 p)
XE—(2y+2x + x9)

This is a linear differential equation, comparing it with

dy
x T =Q

= g-2logx

_ ooel)

_1
]
Solution of the equation is given by

y(L.F) = [Q.(I.F)dx + ¢

1 1
= y(;) = J-(ng + x);der C

2

X
= 2.? + log|x| + ¢

=

¥
2
= vy = x* + x’loglx| + cx?

22. Question

Solve the following differential equations:

(1—}’2)—(31 —em_l-")%: 0

Answer

Given (1+y?)+ (x— Etan_l}r)% -0
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-1 d
= (x—ef=® Y)d—i= —(1+y%)

dy (1+y?)
T ———

i x— e )

d _ atan”ly
Jix__(x—em )

dy (1+y2)

dx ¥ etan_ly

=;'d_yz_l+y?+l+y2

dx x etan_l}r

=>d_y+1+y2= 1+y?

dx . ( 1 ) Etan_l}r
= — =
dy \1+y? =1+ y2

This is a first order linear differential equation of the form

dx + Px
dy =Q

1 eta]'l_lj?
Here, P = T and Q= e

The integrating factor (I.F) of this differential equation is,

L.F = efPdy

1
4
o LF = T

1
1+y®

We have [ ——dy = tan 'y +¢

~LF= etan_l}r

Hence, the solution of the differential equation is,

%(LF) = f(Qx LE)dy +c

-1
tan~?t etﬂn Y tan™?t
= x(e V)= l+y2xe Y ]dy +c

- - etan_l}r
= X[etan }r) — J-etan ¥ d}’ +

1+y?

Let atan™y _ ¢

= e"an_ll"di (tan~!y)dy = dt [Differentiating both sides]
y

e P
etan_ly
=7 Ty dy = dt

By substituting this in the above integral, we get

xt=ftdt+c
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.\_‘,]'.I.+J.

We know [ x"dx="—+¢
n+1
t1+1
= Xt= +c
1+1
tz
=Xt=—+cC
2
1 1/t?
=>xtx—=—|—+c
t\2
e
=X=z+¢C
2
tan 1y _
=y = € 5 + C[etan_ly) 1 [ t= etan_ll.r]

1 - -
AX = _etan ty + Ce—tan Ly

Thus, the solution of the given differential equation isx = ietan_l}' + ce~tan 'y

23. Question

Solve the following differential equations:

Answer

Givenyzj—;+x—i=0

zdx_'_ 1
= yi—4+x=—
y ¥

This is a first order linear differential equation of the form

dX+Px—
dy =Q

Here,P=y2and Q = y3

The integrating factor (I.F) of this differential equation is,

L.F = efPdy

= LF=elv " dy

We have [ yody = yr 1

n+1

—z+1
¥

=[LF=e-—2+1

F—J.
=[LF=e-1
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1

~LF=ev¥

Hence, the solution of the differential equation is,

%(LF) = f(Qx LE)dy +c

1 1

= x(e_i) = J-(y‘a X e_i)dy+ C
1 11

=:-x(e }’): J-e }'de+c

1
Let eV =t

1

Sevl (_ E) dy = dt [Differentiating both sides]
dy \ ¥

11
= e }'?dy=dt

_ild ><1 dtxl
=e¥— —= —
yzy v v

11
=e }'de= dt x (—logt)

11
= e }'ﬁdy= —logtdt

By substituting this in the above integral, we get
xt=f—10gtdt+c
= Xt= —J-(lc-gt) x (Ldt+c

Recall [ f(x)g(x) = f(0) [ g(x)dx] — [[f' GO ([ g(x)dx)]dx + ¢
=xt=— [logt U 1dt] - J- [% (logt) (J- ldt)] dt} +c
= Xt= —{1ogtxt—f[%xt] dt}+ C

=Xt= —[tlogt—fldt}Jrc

=>xt=-{tlogt-t} +c¢

=>xt=-tlogt+t+c

2 2 2 2 2
=:-x(e }’)=—(e F)log(e }')+e Y+ ['-'t=e }']

1 1 1 1
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1 C
=2x=—+1+—
ey
1 1
~X=1+—+ce¥
y

1
Thus, the solution of the given differential equation isx = 1 + £ + cev
y

24. Question

Solve the following differential equations:

1093\ Ly o
(2x-10y )dX y =0

Answer

Given (2x — 1gy3)_:i_ y=0
dy
- 3 —_— = —
= (2x— 10y )dx v

dy y

Tax T - 10y3

dx 2x — 10y?

= — =
dy y
dx 2% 10y?
—_ = ——+ Y
dy v v
&L oy
- — —_— =
dy y
dx+(2) 10vy?
kY fuc) PV
dy \y Y

Here, P = 3 and Q = 10y2

The integrating factor (I.F) of this differential equation is,

L.F = efPdy
2
= [F= ef§d}'

SLE = ey

We have fidy =logy+c

= L.F = e?lo8y

= LF = elo8y’ [ mlog a = log a™]
S LE=y2[velogx =

Hence, the solution of the differential equation is,
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x(l.p)=f(q><1.1:)dy+c
= x(y?) = J-(lﬂyz x y?)dy + ¢
= xy’ = J-lOy“dy+ c

= xy’ = lofy“derc

n+i

Recall [yrdy =Y — +¢

n+1

y4+1
= xy’ = 10(4+1)+c

= xy’ = 10(%)+c
=>xy2 =2y’ +c
1 - 1
2 — 2 —
= Xy XF—(Zy +c)><y2
=:-}x;—?.ya-l-i
yz

soxo=2y3 4+ cy?

Thus, the solution of the given differential equation is x = 2y® + cy2
25. Question

Solve the following differential equations:

(x + tan y)dy = sin 2y dx

Answer

Given (x + tan y)dy = sin 2y dx

dy sin 2y
= —=—
dx x-+tany
dx x-+tany
= ="
dy sin 2y

dx X tany

= — =
dy sin2y sin2y

dx X (32;9

- — — =
dy sin2y 2sinycosy

dx 5 siny
= — — -_—
dy xcosecsy 2sinycos?y
dx oy — 1
= ay X cosec2y = 2 costy
dx+[: 29) 1,
=> — - = —
ay cosec2y)x = S sec’y

This is a first order linear differential equation of the form
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dX+Px—
dy =Q

Here, P = —cosec 2y and Q = iseczy

The integrating factor (I.F) of this differential equation is,
LF = e/Pdy

=LF= ef—cosec?}rd}r

= |F = o[ cosec2ydy

We have [ cosecx dx = log|cosecx — cotx| + ¢

S F— e‘% loglcosec2y—cot2y|

—El 4 1  cos2y
=[F=e 2 o sin 2y sin2y

1 41—:052}1'
=[F=e 2 o sin 2y

_1, 4 2sin®y
=[F=e 2 o 2sinycosy

1 og‘siny
= LF =e 2 °8cosy
—Elogjtan |
=[LF=e72 y

1
S _ m
= LF = elogltan}rl z["mloga=loga™]

(=)
log o ra—
=[LF=e \tany

#LLF=—=[elo9x = x]

y tany

Hence, the solution of the differential equation is,

%(LF) = f(Qx LE)dy + ¢

1 1 1
=X = | | =sec?y x dy +c
(\;tany) J-(E y \;tany) v

1 1
x =— | (tanv) Zsecivdy+c
a2 f (tany) y dy

Lettany =t
= sec?y dy = dt [Differentiating both sides]

By substituting this in the above integral, we get

X J' ld
—=—] tzdt+c
Vi
Recall [ yxndx= X 4 ¢
n+l
1
x 1f tz*
=-—=_— +c
t 1
vt 2 —§+ 1
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x 1
:ﬁ=§ ? +cC
2
X 1
:ﬁ=t2—l—c
=:-%=\."f+c

=>x=(Vt+ct

=x=t+ao/t

~x=tany+ c,/tany [ t = tany]

Thus, the solution of the given differential equation isx = tany + Cvm

26. Question

Solve the following differential equations:
dx + xdy = eYsec?ydy

Answer

Given dx + xdy = eYsec?ydy

1 1
= (dx + xdy) xd—y= e Vseclydy x —

dy
dx+ —
= —+xX=e"7Y3ec
dy y
This is a first order linear differential equation of the form
dx + Px
dy =Q

Here, P = 1 and eYsec?y

The integrating factor (I.F) of this differential equation is,
ILF = elPdy

= [.F=elldv

S [F=eld

We have [dy =y +c

S LF = @Y [ elogx = x]

Hence, the solution of the differential equation is,

x(l.p)=f(q><1.1:)dy+c
= x(e¥) = J-(e‘l" sec’y x e¥)dy + c

= xe¥ = J-seczydy+ c
Recall [ sec?xdx = tanx + ¢

=>xe¥y=tany +c

Get More Learning Materials Here : & m @\ www.studentbro.in



1 1
Yy — — _
= xe xe}' (tamy+c)><el’r

X =(tany + c)e¥
Thus, the solution of the given differential equation is x = (tan y + c)e¥
27. Question

Solve the following differential equations:
dy .
— =ytanx —2smx

Answer
ven = ytanx— 2sinx
X

dy . 5 si
= dX y dll X = SINnx

dy
= —+(—t = —2 3]
= (—tanx)y sinx
This is a first order linear differential equation of the form

dy
T =Q

Here, P = -tan x and Q = -2 sin x
The integrating factor (I.F) of this differential equation is,

LF = efPdx

=LF = ef—tanxdx

= LF = o ftanxdx

We have [ tanxdx = log(secx) + ¢

= LF — p-log(secx)

= LF = e&lzee) [ mlog a = log a™]

= LF=——[-el99% = x]

SEeCXK

S LF = cos x

Hence, the solution of the differential equation is,

y(L.F) = f(Qx LF)dx+c
= y(cosx) = J-(—Z sinx x cosx)dx+c

= yCOSX = ZJ- cosx(—sinx)dx+c

Letcosx =t
= -sinxdx = dt [Differentiating both sides]

By substituting this in the above integral, we get

yt=2ftdt+c
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Recall [y dx = +c

n+1l

t1+1
= =2 +cC
w=2(75)

t2
=:-yt=2(5)+c

>yt=t2+c

1 1
=:-yt><¥=(t2+c)><¥

C
=>y=t+£

=y= cosx+$‘ [t =cosx]

Sy = COS X + C sec x

Thus, the solution of the given differential equation is y = cos x + ¢ sec x
28. Question

Solve the following differential equations:
y :

— + VCOSX —SINXCOSX

dx

Answer

. d .
Given d—}r + Y COSX = S5INXCOSX
X

dy
:
= I + (cosx)y = sinx cosx
This is a first order linear differential equation of the form

dy
T =Q

Here, P = cos x and Q = sin x cos X
The integrating factor (I.F) of this differential equation is,

LF= efcosxdx

We have [ cosxdx = sinx + ¢
~LLF = eSinX

Hence, the solution of the differential equation is,

y(LF) = f(Qx LF)dx+c
= y(esin¥) = J-(sinx cosx x eS"¥)dx + ¢

= ye¥it¥ = J- sinx e®** cosxdx+ ¢

Letsinx =t
= cosxdx = dt [Differentiating both sides]

By substituting this in the above integral, we get

Get More Learning Materials Here : & m @\ www.studentbro.in



ye' = J-tetdt+ C

S yet = f(t) « (eN)dt+ c

Recall [ f(x)g(x) = f(x)[[ g(x)dx] — [If' ) ([ g(x)dx)]dx + c

- st e [ s

= ye' =t x et—fl(et)dt+ c

=:-yet=tet—J-etdt+c

syel=tel-el+ ¢

> yel x et = (tef - et + c)et

>y=t-1+cet

sy =sinx-1+ceSNX[.t=sinx]

Thus, the solution of the given differential equation is y = sin x - 1 + ceSin
29. Question

Solve the following differential equations:

5 dy ) 2
(I—X')é—z}(}’ :(X‘ —2)(:(' —1)

Answer

Given (1 + xz)% —2xy=(x*+2)(x*+ 1)

dy 1

FAN A — (2 2
=T -l x s = D DX
dy 2xy .
T w1 Yt
dy —2x )
-5t (Eey)y -2

This is a first order linear differential equation of the form

dy
T =Q

_2"1 andQ = x2 + 2

Here, P =
X2+

The integrating factor (I.F) of this differential equation is,

LF = efPdx
—2x
= LF = el@a®
2x
S LF=e foa®

We have f%dx =log(x*+ 1) +c

= LF = e~ logl+1)
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= LF = eglzz;) [" mlog a = log a™]

#LF=——[vel°9%=x]
x=+1

Hence, the solution of the differential equation is,

y(LF) = f(Qxl.F)derc

1 1
_ 2
=:-y(x2+l)—f((x +2)><X2+1)dx+c
v J‘ x2+2 .
= =
X241 X241 xTe
y _J‘ X2+1+1 s
=;'){2+1_ X241 xTe
Y f(1+ L )d+
= =
X241 X241 XTe

y J-d +f ! o+
=;'){2+1_ X x2+1x ¢

Recall fﬁdx=tan‘1x+candfdx=x+ C

=x+tan tx+c

= x2+1
Ly = (x4 1)(x + tanix 4+ ¢)

Thus, the solution of the given differential equation is y = (X + 1)(x + tan"1x + c)
30. Question

Solve the following differential equations:
. d‘f ~y o2
(sinX)——+ycosx = 2sin"Xcosx
dx
Answer

- . ~d .
Given (sinx) d—y + ycosx = 2sin® X cosx
X

1 . dy - 1
=— [(smx)— + ycosx] = 2sin“Xcosx X —
sinx dx sinx

=

ﬂ N (cosx

- = 2sinxcosx
dx smx) y

dy :
= (cotx)y = 2sinxcosx

This is a first order linear differential equation of the form
dy

LA —

x T =Q

Here, P = cot x and Q = 2 sin x cos x

The integrating factor (I.F) of this differential equation is,

LF = efPax

= L.F = ef cotxdx
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We have [ cotxdx = log(sinx) +c
=LF = elog(sinx]
~LF =sin x [ elo9 % = x]

Hence, the solution of the differential equation is,

y(LF) = f(Qx LF)dx+c
= y(sinx) = J-(Z sinx cosx x sinx)dx+ ¢

= ysinx = ZJ-sinzxcosxdx+ C

Letsinx =t
= cosxdx = dt [Differentiating both sides]

By substituting this in the above integral, we get

yt=2ft2dt+c

n+i

Recall [ x?dx==—+c

n+1l

t2+1
= =2 +C
yt (2+1)
tS
2t3+
=> = — ':
=73
1 2t3+ 1
X—=|—= X =
=yt t 3 c
2t2+t
=2yV=—7""Tz
y 3 t
_26mx* e [t = sinx
=¥= 3 +sinx[ !
2

“y=3 sin®x + c cosecx

Thus, the solution of the given differential equation isy = 251112 X+ ccosecx

31. Question

Solve the following differential equations:
2 d‘r’
X°—1)—+2(x+2)y=2(x+1
(¢ =) F = 2(x+2)y = 2(x 1)

Answer

Given (x2 —1) % +2(x+2)y=2(x+1)

=2(x+1) x

- [(f - 1)% +20x+ Z)y] x

x2—-1 x2-—-1
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dy 2(x+2)y 2(x+1)
- -

dx  x2-1  x?-—1
dy 2x+4) 2 2 -1 = _
= E—i_ [:\-.'2 l]y T ox—-1 [ x 1 (X * 1)(X 1)]

This is a first order linear differential equation of the form

dy
T =Q

Here P= 2x+4

2
and Q=
The integrating factor (I.F) of this differential equation is,

IF = efPdx

2x+d
= LF = el o™

J..( 2x + 4
= [LF = " '\%x%-1 "x2—1

Jaix

= [.F = e-r('cg l)d\'-'--r(-cz 1)d\'

S LF= EJ“( ]dw-:+4j“{ . 1]-:1

We have [ 2% dx = 2 _ and [—2_dx = oo =2
[ o dx =loglx* — 1] +¢ [ozdx=_log| —[+c
= LF = '8l _1|+4{21°g|'c+1:l
1
= LF = 10g|\' —1|+2105|:+1

= LF = elc=g|x2—1|+1c:g,-|g|Z ['"mlog a = log a™]
=LF= ek’g('“ ~1IxZ4) [ log @ + log b = log ab]

x—1)%
g Jos{ieneeniE)

log (:-.'—1]3]

x+1

=[LF=e

2 LE = D[ elog X = x]
x+1

Hence, the solution of the differential equation is,

y(LF) = f(Qxl.F)derc

-v(&) - [ () < e

= (x—1)° —J-Z(X_l)z dx +c
Xx+1 B Xx+1
x—1)3 x—1)2

Xx+1 x+1

We can write (x - 1)2 = (x + 1)? -

. (x—l)gyzzj’ (x+1)% —4x

Xx+1 Xx+1 dx+c
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(x—1)*

X+1
[:};111)33" =2
(1:11)35" =2
[:};111)33" =2
(1:11)35" =2
(}:;11)33" =2
[:};111)33" =2

—zf[+1 4X]d +
y= x x+ 1T
[ 4x
J-xderJ-dx—J-

| X

I X
J-xdx+J-dx—4J-

| X+
J-xderJ-dx—-‘-}J-(l—
J-xdx+J-dx—4U-dx—J-
[ 1
J-xderJ-dx—-‘-}J-der-ﬂ:J-

| X+
[ 1
J-xdx—BJ-dx+4J-

! X+

1

1

X+1

Xx+1

dx]+c

dx]+ C

Jas] +

L] e

1dx]+c

dx]+ C

n+1 1
Recall [ 4oy =*_ and | —dx =log|lx+ 1| +¢
[ xdx T t¢ f:(+1 gl |

(x—1)*

1+1

=2
Xx+1 y

(x—1)3
Xx+1

(x—1)3
Xx+1

(x—1)*

X
1+

Xx+1

1

Xx+1

o Xx+1
IR CEEVE

Thus, the solution of the given differential equation isy =

32. Question

ICEEE

—3x +4loglx + 1]

XZ
y=2[5—3x+4log|x+ 1]

=(x*—6x+8loglx+ 1| +c) x

y=x>—6x+8log|lx+ 1| +c

+cC

(x?—6x+8loglx+ 1|+ )

Solve the following differential equations:

dy

X—+2y =Xc¢
dx

Answer

05X

- d
Given xd—i + 2y = X COSX

dy

dy 2y

= — +— = C0SX

dx x

dy 2

=>E+(—)F=COSX

X

1

1
X—=XCOSX X—
X X

+C

+1
(x—1)3

x+1

This is a first order linear differential equation of the form

dy
Ty =Q
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Here, P = 2 and Q = cos x
X

The integrating factor (1.F) of this differential equation is,
IF = ef P

=LF= eéd"

= LF =é? fédx

We have fidx =logx+¢c

= [.F = g?losx

= LF = elgx” ["m log a = log a™]
S LF=x2 [ elogx = ]

Hence, the solution of the differential equation is,

y(LF) = f(Qxl.F)derc
= y(x?) = J-(cosxxxz)dx+c
= yx’= J-xz cosxdx+ ¢

= yx’= J-(xz) x (cosx)dx+ ¢

Recall [ f(x)g(x) = f(x)[[ g(x)dx] — [If' () ([ g(x)dx)]dx + c

= yx? = x° U- cosxdx] —J- &(xz) (J- cosxdx)] dx +c

= yx? = x?(sinx) — J-[Zx(sinx)]dx+ C

= yx?= xzsinx—zfxsinxdx+ C

= yx? = x’sinx — Z{X U sinxdx] - J- [%[x) U- sinxdx)] dx} +c

= yx% = x*sinx — Z{X[— cosx] — J-[l(— cosx)]dx} +c

=:-yx2=xzsinx—2{—xcosx+fcosxdx}+c
= yx2 = x2sin x - 2{-x cos x + sin x} + ¢
= yxZ = x%sin X + 2X c0S X - 2 sin X + C
2 1 2 o3 : 1
= VX x;= (x“sinx+ 2xcosx— 2sinx+ c)x;

. 2 2 C
~y=snX+ —-cosx — S sinx + —
X X X

Thus, the solution of the given differential equation isy = sinx + 2 cosx — %siner iz
X X X

33. Question
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Solve the following differential equations:

dy

- }-‘ o Xex
dx

Answer

- d
Given ¥ _ y — wp¥
dx y

dy .
=t (—1)y =xe

This is a first order linear differential equation of the form

dy
T =Q

Here, P = -1 and Q = xe&X

The integrating factor (I.F) of this differential equation is,

LF = efPdx

= LF = ef -1dx

= LF=e [dx

We have [dx=x+c

S LF=e™

Hence, the solution of the differential equation is,

y(LF) = f(Qx LF)dx+c
= y(e™) = J-(xe" X e ®)dx+c

=ye * = J-xdx+c

n+i

Recall [ xdx==—+c

n+1l

. X1+1+
= vye ¥ = C
y 1+1
= e_“—xz—i-c
e T3

XE
Ly = (?Jrc)ex

Thus, the solution of the given differential equation is_y = (f+ .;) a¥

34. Question

Solve the following differential equations:

dy
— 42y =xe™

dx
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Answer

. d
Given & = godx
™ + 2y = xe

dy 4x
=t (2)y = xe

This is a first order linear differential equation of the form
dy

—+ —

xTv=Q

Here, P = 2 and Q = xe**

The integrating factor (I.F) of this differential equation is,
LF = efPdx
= LF = ef2ax

= LF =e?fdx

We have [dx=x+¢c
S LF = e2X

Hence, the solution of the differential equation is,

y(LF) = f(Qx LF)dx+c
= y(e*™) = J-(xe"‘" x e?¥)dx + ¢
= yei* = J-xe“dx+ C

= ye’¥ = J-(x) x (e¥)dx+ ¢

Recall [ f(x)g(x) = f(x)[[ g(x)dx] — [[f'(x)([ g(x)dx)]dx +c
= ye=x U- eé"dx] - J- [% (x) (J- eé"dx)] dx+c

eﬁ}.’ eﬁ:{
=se=x(5) - [[1(5)

dx+c

> yer = —e® %J-e“dx+c
:yeh_%esx_%(e;)ﬂ
=>yezx=%e“—3—l695x+c

= ye2¥x e 2 = (%Eéx—%eéx+c) % @=2%
.-.y:%eﬂ‘rx_%eéx_i_ce—zx

Thus, the solution of the given differential equation isy = Ee"‘" — g—lée‘Lx + ceT2x

35. Question
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Solve the differential equation (x + 2\,:3)%:\-—_ given that when x =2,y = 1.
AR

Answer

Given (x + 23:2)% =y andwhenx=2,y=1

Yy
dx x+ 2y°?
dx  x+ 2y°
= — =
dy y
d 2y?
Jdx_x 2y’
dy y ¥
dx x 5
—_ — — — =
av vy 7
dx+( 1) 5
=—+|—=]x=
dy y Y
This is a first order linear differential equation of the form
dx_l_ Py —
dy =Q

Here, P = —i and Q =2y

The integrating factor (I.F) of this differential equation is,
LF = e/Pdy

SLF=¢ _id}'

L LF—e ¥
We have fidy =logy+c

= LLF = g~ log¥y

= LF=e¢°8y " [ mlog a = log a™]
S LF =yl elogx = x]

Hence, the solution of the differential equation is,

X(I.F)=J-(Q><I.F)dy+c
=x(y ™) = J-(nyrl)dyﬂ
=xy 1= J-Zderc

=:-xy‘1=2J-dy+c
We know [dy =y + ¢
=>xyl=2y+c

=>xylxy=Q2y+cy
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SX = (2y + Q)y

However, when x = 2, we havey = 1.
=22=2x1+c)x1

=2=2+c

nc=2-2=0

By substituting the value of c in the equation for x, we get

X = (2y + 0)y
=X = (2y)y

Thus, the solution of the given differential equation is x = 2y2
36 A. Question

Find one-parameter families of solution curves of the following differential equations:

dy C o :

. + 3y =™, mis a given real number
dx

Answer

%—I_ 3y = ™%, mis a given real number

Given % — pnx
dx+ Jy=e

dy mx
= (3)y=e

This is a first order linear differential equation of the form
dy

LA —

x T =Q

Here, P = 3 and Q = e™X

The integrating factor (I.F) of this differential equation is,
IF = efPdx
= L.F = e/ 3

= LF =e3/d

We have _[ dx=x4c
S LF = e3X

Hence, the solution of the differential equation is,

y(LF) = f(Qx LF)dx+c
= y(e¥) = J-(e““x x e¥*¥)dx + ¢
= yeax — J-em:(+3:(dx+ C

= ye¥*= J-e(m*a]"der c
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Case(l) m+3=0orm=-3

When m + 3 = 0, we have eM+3)X = g0 = 1
= yei¥ = J-dx+c

syedX=x+c

= yeX x e3X = (x + c)e ¥
Ly = (X + c)e3x

Case (2)m+3=0o0orm= -3

When m + 3 # 0, we have
yezx — J- e(m+3]xdx+ C

Recall [ e¥dx = e* + ¢

e(1n+3]:(

3x
= ye it = +cC
y m+ 3

E(m+3]x
3Ix —3x —3x
= Ve " xXe = +cCle
y (m +3 )

emxanx
=sy=|——F—+c|e
y ( m+3 )

mx
e

Ly = + ce™3
y m+3

. . _ _ o (x+cle™** m= -3
Thus, the solution of the given differential equation isy = { gmx

—— + ce™3* otherwise
m+3

36 B. Question

Find one-parameter families of solution curves of the following differential equations:

dy

— —y=cC0s2X
dx

Answer

g —yV=1c082X

Given % —y =c052x
= g+ (—1)y = cos2x

This is a first order linear differential equation of the form

dy
T =Q

Here, P = -1 and Q = cos 2x
The integrating factor (I.F) of this differential equation is,

IF = efPdx

= LF =/
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= LF=e fd
We have [dx=x+¢c
SLF=eX

Hence, the solution of the differential equation is,

y(LF) = f(Qx LE)dx + c
= y(e™) = J-(cos 2x X e ¥)dx+ c
= ye = J-e"‘ cos2xdx +c¢

=ye ¥ = J-(e‘x) x (cos2x)dx + c

Let I = [(e™) x (cos2x)dx

d
=[=e7" U c0s 2% dx] — J- [ﬁ (e™) U- C0s2x dx)] dx
stx stx
Sl=e f |- (357 ax
I= L 2%+ = J- = 2xd
= —Ze *3in2x > sin2x dx
1
=1= Ee *sin2x +— {e ‘U- 51112xdx] J- —(e ) J-Sillz}{dx)] dx}
CoSs 2% cost
o e A R G

e” cost—EJ-e costdx}

1
=[=—-e"*sin2x +
2
I Le-
=[=—e
2
1 1
== Ee‘x sin2x ——e™* COSZX_ZJ- e *cos2xdx
=:-I=Ee‘“sian——e"‘cosZX——l
2 4 4

1 1
=-—]l=—-e"*sin2x ——e *cos2x
2 4

1
SNRT RS

1
I= 1 e *(2sin 2x — cos2x)

= 5] = eX(2 sin 2x - cos 2x)

X

e
= (2sin2x — cos2x)

By substituting the value of | in the original integral, we get

X

e
= (2sin2x— cos2x) + c

= ye =

—X

e
Xy xz[
= ye e =

(2sin2x — cos2x) + c] e®

1
y=<¢ (2sin 2x — cos 2x) + ce®
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Thus, the solution of the given differential equation isy = %(2 sin 2x — cos 2x) + ce®

36 C. Question

Find one-parameter families of solution curves of the following differential equations:

xﬁ—}f =(x+1)e™"
dx
Answer

dy . _ —x
X —V= (x+ 1)e

Given X% -y = (X+ l)e_}"

1 1
=:-(x—y— )x—=(x+l)e"‘x—
X X X

dx x X
dy+ (—1) B (x+ 1) x
= dx X y= X €

This is a first order linear differential equation of the form

dy
T =Q

Here, P = —i and Q = (il) o

X

The integrating factor (I.F) of this differential equation is,

IF = efPdx
1
= LF =ef 3%
_I"Ed:\-:

=LF=e"'%

We have fidx =logx+c

= L.F = e lo8x

= LLF =e°2x " [ mlog a = log a™]
SLF = x 1 elogx = x

Hence, the solution of the differential equation is,

y(LF) = f(Qxl.p)dHc

=y = J-((X:; 1) e X x‘l)dx +c

y Xx+1
=== ( > )e"‘dx+c
X X
y 11y
=== (—+—2)e *dx +c
X X X
Let£=t

X
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- ) e(-ea

1 1
= —a % (—+—2) dx = dt
X X

1 1
= (—+ —2) e dx = —dt
X X

By substituting this in the above integral, we get

=:-E=—J-dt+l:
X

We knowjdg= X+ C

e—}.’ E—X
-
X X

e—}.’
v (-5

==
X

+ c)x
Sy =-eX +cx
Thus, the solution of the given differential equation isy = - + cx

36 D. Question

Find one-parameter families of solution curves of the following differential equations:

dy 4
X—+y=X
dx
Answer

dy 4
X—+y=X
dx y
Given XE —+ V= X‘J“
dx

dy 1 s 1
:(XEJ’_F)X;_X XE

d
=>_Y+X=X3
dx x

dy 1 2
ﬁ&*(g)y—x

This is a first order linear differential equation of the form
dy
LA —
x T =Q
Here,p=2and Q = x3
b 4

The integrating factor (I.F) of this differential equation is,

IF = efPdx

1
= LF = ofz9

We have f%dx =logx+¢c
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= L.F = elosx
S LF = x [ elogx = x]

Hence, the solution of the differential equation is,

y(LF) = f(Qxl.F)derc
= y(x) = J-(xa x x)dx+c

= Xy = J-x“dx+ C

.\_‘,]'.I.+J.

We know [ x7dx = -
n+1

+c

x4+l

4+1

= Xy = +cC

XS
SxXy=_+c

1 x5+ 1
=xXyx—=|—+c|x—
y X 5 X

AV =—4—
y 5 X

Thus, the solution of the given differential equation isy =

L”|I":-r.>-

+

Wl

36 E. Question

Find one-parameter families of solution curves of the following differential equations:

(xlﬁgx)ﬂ—y =logx
dx

Answer
dy
(xlogx) i +vy=logx

Given [xlogx)g +vy=logx

1 1

dy
= [(xlogx)ﬁ + y] X xlogs logx X xlogx

S,y 1
dx xlogx x

dy 1 1
- ¥+ g
dx ‘\xlogx X
This is a first order linear differential equation of the form
dy
LA —
x T =Q

1

xlogx

Here, P =

and Q =2

The integrating factor (I.F) of this differential equation is,

IF = efPdx
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f

L LF = ol

Lett = log x

= dt = de [Differentiating both sides]

By substituting this in the above integral, we get
LF=effd ¢ ¢

We have fidx =logx+c

= |.F =elogt

= |.LF =t [ el°9X = x]

“LF=log x [t =log x]

Hence, the solution of the differential equation is,

y(L.F) = f(Qxl.F)dx+c
= y(logx) = J- Gx logx) dx +c

= ylogx = J- logx G dx) +c

Lett = log x

=dt= édx [Differentiating both sides]

By substituting this in the above integral, we get

yt=ftdt+c

+
We know [ x2dx = < l_|_ C

n+1

t1+1

= +
SYt=Ta e

tz
=§-y't=5+l:

1 [t? 1
=>y't><¥= E+C X =

1 C
=>y=it+E

1 c
=~y =;logx+ Togn [t =logx]

Thus, the solution of the given differential equation isy = ;logx + é

36 F. Question

Find one-parameter families of solution curves of the following differential equations:

i 2 e
dx 1+y-
Answer
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d: 23
Y _ B 243
dx 1+y?

. ay 2
GivenZ - = _ %219

dx 14y =
dy —2x
—= =x%+2
= dx (xz + 1)}’ X

This is a first order linear differential equation of the form

dy
T =Q

Here, P = ~2* and Q = x2 + 2
X241

The integrating factor (I.F) of this differential equation is,

LF = efPdx
—2x
= LF = el@a®
2x
S LF=e foa®

We have f%dx =log(x*+ 1) +c

=[F=ea" log(x®+1)

L LF  o8l#5) [ m log a = log a™]

~LF= z; [ elog X — x]
x=+1

Hence, the solution of the differential equation is,

y(LF) = f(Qxl.p)dHc

1 1
— 2

:y(xz_l_l)—f((x +2)><X2+1)dx+c

y _J’x2+2d+
=;'){2+1_ x2+1 xTe

v J’x2+1+1d+
= = -
x2+1 ¥x2+1 xTe

Y —f(1+ ! )d+
=;'){2+1_ x2+1 xTe

- e [
——= | dx+ dx +
=>x2+1 X x2+1x ¢

Recall fﬁdx=tan‘lx+c and [dx=x+c

=x+tan tx+c

= x2+1
Ly =(x2 4+ 1)(x + tanIx + ¢)

Thus, the solution of the given differential equation isy = (3 + 1)(x + tan"1x + c)
36 G. Question

Find one-parameter families of solution curves of the following differential equations:
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S X
=

dy
— +VCOSX COSX
dx

Answer

sinx

d;
d—i+yCOSX= e COSX

. d .
Given —d}' + ycosx = e""¥ cosx
X

dy sin x
=2 + (cosx)y = e *cosx

This is a first order linear differential equation of the form
dy

—+ —

xTv=Q

Here, P = cos x and Q = e5" X cos x

The integrating factor (I.F) of this differential equation is,

LF = of cosxdx
We have [ cosxdx = sinx + ¢
“|.F = eSinx

Hence, the solution of the differential equation is,

y(LF) = f(Qxl.p)dHc

. y(esinx} — J-(esinx COSX X esinx}dx 4

sinx __ sin x+sinx

cosxdx+c

= ye J-E
= yesinx _ J-EE sinx cosxdx 4+ c

Letsinx =t
= cosxdx = dt [Differentiating both sides]

By substituting this in the above integral, we get
yet = J- e?tdt+ c

Recall [ e*dx = e* + ¢

2t

t e+c

=yet= —
&=

e?t
= yetxet= (?-i- c) x et

1
=y= Eet +ce™"
Ly = iesinx 4+ ce” sinx [t = sin x]

Thus, the solution of the given differential equation isy = ;eSiM 1 e Sinx

36 H. Question
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Find one-parameter families of solution curves of the following differential equations:

dy
X+y)—=1
( ')dx

Answer
dy _
x+y) =1

Given (x + y)g =1

N _dx
=X y_dy
dx_ N
=:-dy—x y
dx
= — — =
dy X=y
dx
=:-d—y+(—l)x=y

This is a first order linear differential equation of the form

dX+Px—
dy =Q

Here, P=-1land Q =y

The integrating factor (I.F) of this differential equation is,
LF = e/Pdy

= LF=el-%

= LF=e/d

We have [dy =y +c

S LF=e?

Hence, the solution of the differential equation is,

X(I.F)=J-(Q><I.F)dy+c
=x(e V)= J-(y x e V)dy+ ¢

= xe V¥ = J-(y) x (e7¥)dy+c

Recall [ f(x)g(x) = f(x)[[ g(x)dx] — [If' () ([ g(x)dx)]dx + c

=xe Y=y U- e‘}'dy] - J- [diy (v) (J- e‘l"dy)] dy+c
= xe~V = y[—e~¥] — f[l(—e-v)]dy+ c

=xeV=—-ye ¥+ J-e‘l"dy+ C

=>xeVY =-yeY-eY +c
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=>xeVY =-eY(y+1)+c

>xe¥YxeY=[-e¥(y+1)+clxe

ax=-(y+ 1)+ ce¥

Thus, the solution of the given differential equation is x = -(y + 1) + c&

36 1. Question

Find one-parameter families of solution curves of the following differential equations:
dV 2
—cos"X=tanx —y

Answer

a
d—}'coszx =tanx —y

X
Gi dy 2
ven 5, 087X = tanx —y
X

dy

2
= — (05X X = (tanx —v) X
dx COSZXx ( y)

COSZXx

y

= (tanx — y) sec’x
— 2. 2
= tanxsec’x —ysec’x

: _
dx
d

: _
dx
d

= d—i+ysec2x = tanx sec’x

d
= d_i + (sec®x)y = tanx sec’x

This is a first order linear differential equation of the form
dy

LA —

x T =Q

Here, P = sec?x and Q = tan x secx

The integrating factor (I.F) of this differential equation is,

LF= efseczxdx

We have [ sec?xdx = tanx+ ¢

o |LF = efanx

Hence, the solution of the differential equation is,

y(LF) = f(Qxl.p)dHc

= y(ett*) = J-[tanx sec?x x e ¥)dx + ¢

= yelan® = J-tanx et *gac?xdx + ¢

Lettanx =t
= sec?xdx = dt [Differentiating both sides]

By substituting this in the above integral, we get
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ye' = J-tetdt+ C

S yet = f(t) « (eN)dt+ c

Recall [ f(x)g(x) = f(x)[[ g(x)dx] — [If' ) ([ g(x)dx)]dx + c

- st e [ s

= ye' =t x et—fl(et)dt+ c

=:-yet=tet—J-etdt+c

>yel =tel-el + ¢

> yel x et = (tef - et + c)et

s>y=t-1+cet

Ly=tanx -1+ ce@ X[t = tan x]

Thus, the solution of the given differential equation isy = tan x - 1 + cetanx

36 J. Question

Find one-parameter families of solution curves of the following differential equations:
eVsec?ydy = dx + xdy

Answer

eVYsec?ydy = dx + xdy

Given eYsec?ydy = dx + xdy

1 1
= e Vsec?ydy x — = (dx + xdy) xd_y

dy

= e Vsec? —§+
e ¥ sec y—dy X
dx+ oy 5
=:-dy X =e Ysec'y

This is a first order linear differential equation of the form

IdX+ Px =
dy =Q

Here, P = 1 and e Ysec?y

The integrating factor (I.F) of this differential equation is,
LF = e/Pdy

= LF=el1d

= LF=el%

We have [dy =y +c

L LF =Y [ elodx = x]

Hence, the solution of the differential equation is,
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x(l.p)=f(q><1.1:)dy+c
= x(e¥) = J-(e‘l" sec’y x e¥)dy + c

= xe¥ = J-seczydy+ c
Recall [ sec?xdx = tanx+ ¢
=xe¥=tany +c

. 1 t 40 1
= xe¥x — = (tany +¢) X

X =(tany + c)e¥
Thus, the solution of the given differential equation is x = (tan y + c)e¥
36 K. Question

Find one-parameter families of solution curves of the following differential equations:
dy
xlogx —+vy =2logx
Answer
1 E+ = 2logx
xlogx—+y= g

Given xlogxg +y=2logx

1 1

dy
= (xlogxﬁ + y) X xlogx 2logx x xlogx

S,y 2
dx xlogx x

dy 1 2
- ¥+ g
dx ‘\xlogx X
This is a first order linear differential equation of the form
dy
LA —
x T =Q

1

xlog

Here, P =

2
xandQ=;

The integrating factor (I.F) of this differential equation is,

LF = efPdx

1
= LF = oJlogx®™
Let t = log x

— dt = 1 dx [Differentiating both sides]
b 4

By substituting this in the above integral, we get
1

LF=elt¥ 4 ¢

We have f%dx =logx +c
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= |.F =elogt
= |F=t[ el99%=x]
S ILF=log x [t = log x]

Hence, the solution of the differential equation is,

y(L.F) = f(Qxl.F)dx+c
= y(logx) = J- Gx logx) dx +c

= ylogx = ZJ- logx de) +c

Let t = log x

= dt = de [Differentiating both sides]

By substituting this in the above integral, we get

yt=2ftdt+c

n+i
We knOW fxndxz X + C
n+1

t1+1
=2 +
=y (1 n 1) ¢

t2
=>y‘t=2(§)+l:

syt=t2 4 ¢
1 1
=>y't><¥=(t2+C)XE

C
=>y=t+E

~y=logx+ @ [t =log x]
Thus, the solution of the given differential equation isy = logx + é

36 L. Question

Find one-parameter families of solution curves of the following differential equations:

dy

X—+2y=x"logx

Answer
dy w2
X t2y=x logx

Given x? + 2y = x?logx

X

(dy+2) 1 2) 1
= de i xx—x ogxxx

dy 2y
= £+;— xlogx
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dy+(2) —xl
=?'dX Xy—XOgX

This is a first order linear differential equation of the form
dy
—+ —
xTv=Q
Here,P=3andQ=ongx
X

The integrating factor (I.F) of this differential equation is,

IF = efPdx

= LE = /3

o LE = e2/5

We have fidx =logx+c¢

= L.F = e?lesx

= L.F = el°ex” ["mlog a = log a™]

S LF = x2 [ elogx = x]

Hence, the solution of the differential equation is,

y(LF) = f(Qxl.p)dHc
= y(x?) = J-(xlogxx x?)dx+c
= yx’= J-xg logxdx+ c

= yx? = J-(logx) x (x¥)dx+c

Recall [ f(x)g(x) = f(x)[[ g(x)dx] — [[f' (x)([ g(x)dx)]dx + ¢

= yx? = logx U xadx] — J- [% (logx) (J- xadx)] dx+c
-G
= yx’= }::—‘Llogx— J- E(}:‘—‘L)

2 X4 1 3
= yx =Ilogx—g x*dx+c

, x* 1(}{“)
=yx‘=—logx——|—]+c

X
3+1

= yx? = logx dx+ ¢

dx+c¢

4 4\ 4
2 X4 1 4
= yx =Ilogx—Ex +c

th-
=:-yx2=ﬁ(410gx—l)+c
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,_ 1 [x* 1
=S VXTX 5= E(4logx—l)+c X

v = (logx— 1)+ S
AT AN X2

Thus, the solution of the given differential equation is y = f(.gr logx — 1) + 12
16 X

37 A. Question

Solve each of the following initial value problems:

y+y=¢e,y(0)=

b | =

Answer
Yy +y=ey(0) =3

Giveny’ +y = eX and y(0) =§

dy
— 4y ="
= = y=e
dy
—+(1)y=¢e*
=4 T Wy=e
This is a first order linear differential equation of the form
dy
LA —
x T =Q

Here, P =1and Q = &
The integrating factor (I.F) of this differential equation is,

LF = efPdx

= LF =efd

We have [dx=x+¢c

Hence, the solution of the differential equation is,

y(LF) = f(Qxl.F)derc
= y(e¥) = J-(e" X e¥)dx+ c
= ye* = J-e"“‘der C

= ye¥ = J-ezxdx+ C

Recall [ e¥dx = e* + ¢

Zx
=yef=—+¢C
=3
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X

~y=—+ce”
y=3

1
However, when x = 0, we havey =3

1]

=:-1—e + ce?
2 2
1 1
=:-E=E+C
Lc=0

By substituting the value of c in the equation for y, we get

X

=—+0xe™™
y=3

-u y = E
Thus, the solution of the given initial value problem isy = E;

37 B. Question

Solve each of the following initial value problems:
dy

Xx—-—vyv=logx,y(1)=0
dx

Answer

xg—y =logx. ¥(1) =0

Given X?—y = lggx andy(l)=0
X

dy 1 1
=:-(x—— )x—=10gx><—
X X X

d
dy v logx
dx x X
dy /-1 logx
~at(Flv=

This is a first order linear differential equation of the form

dy
T =Q

Here, P = — X and Q= logx
X

Tx
The integrating factor (1.F) of this differential equation is,

IF = efPdx

1
= LF = of =9

1
= LF = o /39

We have f%dx =logx+c¢
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= [.F = g7 lo&x
= LLF = elgx ' [""m log a = log a™]

S LF=x1[relogx =]

Hence, the solution of the differential equation is,

y(LF) = f(Qxl.F)derc

logx

=y(x )= J-(Txx )dx+c
=== J-x‘zlogxdx+c

= g = J-(logx) X (x72)dx +c

Recall [ f(x)g(x) = f(x)[[ g(x)dx] — [[f' (x)([ g(x)dx)]dx + ¢

= z =logx J- x™? dx] — J- [% (logx) (J- x‘zdx)] dx+c

—2+1

y —241
=:-;=logx ] J-[ (2+1) dx +c
=:-X=logx J-[( )dX—FE

X

1
Y ——logx+J-x‘2dx+c
X X

y 1 X_2+1

—=——logx+ +
=>x Xogx —-2+4+1 ¢

A A S
=—-=——|logx+—+¢

X X g -1

1 1

:X=——logx——+c

X X X

=y= (—Elogx—EJrc)x
X X
Ly=-logx-1+cx
However, when x = 1, we havey =0
=20=-logl-1+4c(l)
=20=-0-1+c
=20=-14+c
Lc=1
By substituting the value of c in the equation for y, we get
y=-logx-1+ (1)x
=>y=-logx-1+x
Sy =x-1-logx
Thus, the solution of the given initial value problemisy = x -1 - log x

37 C. Question
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Solve each of the following initial value problems:

dx Ay .

— +2y=¢ "sinx, y(0)=0
dy

Answer

E — a—ZK g3 —
d1.-+ 2y = e “*sinx, y(0) = 0

Given :—;+ 2y = e **sinx and y(0) = 0

dy o
= i +(2)y = e **sinx

This is a first order linear differential equation of the form
Here, P = 2 and Q = e ?*sin x

The integrating factor (I.F) of this differential equation is,
IF = efPdx

= LF = /2

= LF =e2fdx

We have [dx=x+¢c
o LF = e

Hence, the solution of the differential equation is,

y(LF) = f(Qxl.F)derc

= y(e) = J-(e‘z"sinx x e?¥)dx + ¢

= ye’¥ = J-sinxdx +c

Recall [ sinxdx = — cosx +c

= ye?X = _cos X + C

= ye?X x e2X = (-cos X + c) x e2X
~y = (-cos x + c)e2X

However, when x = 0, we havey =0
=0 = (-cos 0 + c)e?
=20=(-1+c)x1

=0=-1+c

Le=1

By substituting the value of c in the equation for y, we get
y = (-cos x + 1)e2x

~y = (1 - cos x)e 2%
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Thus, the solution of the given initial value problem isy = (1 - cos x)e 2%

37 D. Question

Solve each of the following initial value problems:

xﬁ—}f =(x+1)e" y(1) =0
dx
Answer

xg—y =(x+1)e™y(1)=0

Given x%—y =(x+1)e®andy(l) =0
dy 1 |
ZP(XE_ )X;—(X-Fl)e X;

dy ¥ (x+ 1) x
= " = g’
dx x X

dy+(—1) _(x+ 1) x
=>dx X y= X €

This is a first order linear differential equation of the form

dy
T =Q

Here, P = —i and Q = (il) ax

X

The integrating factor (I.F) of this differential equation is,
IF = ef P

~ LF = of 5%

~ LF = e Jze

We have fidx =logx+c¢

= [.F = g~ losx

= LF =el°ex" [ mlog a = log a™]
SLF = x 1 elogx =

Hence, the solution of the differential equation is,

y(LF) = f(Qxl.p)dHc

=y = J-((X:; 1) e X x‘l)dx +c

y Xx+1
=:-—=J-( 2)9“dx+c
X X
y 1 1
=== (—+—2)e *dx +c
X X X
Let® _ —¢
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- ) e(-ea

1 1
= —a % (—+—2) dx = dt
X X

1 1
= (—+ —2) e dx = —dt
X X

By substituting this in the above integral, we get

=:-E=—J-dt+l:
X

We knowjdg= X+ C

—X

e [
Y +c[‘-'t= ]
X X X

e—}.’
v (-5

+ c)x

Ly =-eX 4+ ¢cx

However, when x = 1, we havey =0

=0=-el+c(l)

>0=-el+c

SC = e_l

By substituting the value of c in the equation for y, we get
y = -eX 4 (e )x

sy =xel-eX

l_e—x

Thus, the solution of the given initial value problem is y = xe&
37 E. Question

Solve each of the following initial value problems:

(1—}fz)dx—(x—e_[m_l}']d}’ =0,y(0)=0

\ /

Answer
(1+y2)dx+ (x — e = '¥)dy =0, y(0) = 0

Given (1+ y?)dx+ (x — e ¥)dy = 0 and y(0) = 0
1~ dy
2 _p—tan Ty Y
=:-(1+y)+{x e )dx 0

-1 d
= (x—ef=® Y)d—i= —(1+y%)

dy  (+yH)

Zax (x—e—tan™'y)
_ —tan™t

Ldx (x—erm )
dy (1+y?)
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dx X e tan 1y

=>d_y__1+y2+ 1+ y2

dx X e tan 1y

=>d_y+l+y2_ 1+y2

ty

dX+ ( 1 ) e—tan_
= — =
dy \1+y? =y y2

This is a first order linear differential equation of the form

dx + Px
dy =Q
— -1
Here, P = — andq =% ey
1+y? 1+y2

The integrating factor (I.F) of this differential equation is,

L.F = efPdy

1
1 4
=[LF= erlﬂ-'z v

1
1+y®

We have [ —dy =tan" 'y +c¢

~LF= etan_l}r

Hence, the solution of the differential equation is,

%(LF) = f(Qx LE)dy + ¢

_ -1
a tan

-1 }" -1

tan"ly _ 1 d
= Xe = 1+y2 y+cC

1
We know fmdx =tan'x+c

= xet YV —tan~ly + ¢

= xet 'V x et Y — (tan~ly 4 () x e7tAM Y

~x=(tan "ty + c)e Y

However, when x = 0, we havey =0

= 0= (tan" 10 +cle = 0

=0 =(0+ c)e?

=20=(c)x1

c=0

By substituting the value of c in the equation for x, we get
x=(tanly+0)e"tan ¥

~x=e B Vianly

Thus, the solution of the given initial value problem is y — g—tan™'y tan"ly

37 F. Question
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Solve each of the following initial value problems:
dy 5

— +vytanx =2x+x tanx,y(0) =1

Answer

% + ytanx = 2x+ x%tanx, Y(0) =1

Given g +ytanx = 2x+ x*tanx and y(0) = 1

d
= d—i + (tanx)y = 2x + x*tanx

This is a first order linear differential equation of the form
dy

LA —

x T =Q

Here, P = tan x and Q = 2x + x%tan x

The integrating factor (I.F) of this differential equation is,

IF = efPdx
= LF = eftanxdx

We have [ tanx dx = log(secx) + c

=LF = elog(sec x)

S ILF = sec x [ el°9 % = x]

Hence, the solution of the differential equation is,

y(LF) = f(Qxl.p)dHc

= y(secx) = J-((2x+ x?tanx) x secx)dx +cC

= ySecx = J-(szecx + x?tanxsecx)dx +c

= ysecx = J- 2xsecxdx + J-xz tanxsecxdx + ¢
= ysecx = ZJ-xsecxdx+ J-xz tanxsecxdx+ ¢

= ysecx =2 J-(secx) x (x)dx + J-thaIIXSECXdX-F C

Recall [ f(x)g(x) = f(x)[[ g(x)dx] — [If' () ([ g(x)dx)]dx + c

= ysecx =2 {secx J- xdx: - J- % (secx) (J- xdx)] dx} + J- x?tanxsecxdx
+cC
'X1+1 [ X1+1
= ySecx = Z[SECX 1 —J- (secxtanx) (1 n 1) dx]

+ J-xz tanxsecxdx + C

x2 x?
= ysecx =2 [? secx — J- [(secxtanx) (?)
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2
X 1
= ysecx =2 [E secx — EJ-XE secxtanxdx] + J- x?tanxsecxdx +c

= ysecx = x%secx — J- x%secxtanx dx + J-xztanxsecxdx+ C

=y sec x = xsec X + ¢

1 1
= ysecx X — = (x?secx+ ) Xx —
secx secx

3 C
sy=x>+——
secx

Sy = X% + ccos x

However, when x = 0, we havey =1

=1 = 02 + c(cos 0)

=21=0+c(1)

Lc=1

By substituting the value of c in the equation for y, we get

y = x2 + (1)cos x

sy = X% + cos X

Thus, the solution of the given initial value problem is y = X + cos x
37 G. Question

Solve each of the following initial value problems:

dy )
— +ytanx =2x+x"tanx, y(0) =1
dx

Answer

%"’ ytanx = 2x + x*tanx, Y(0) = 1

Given % +ytanx = 2x+ x*tanx and y(0) =1

d
= d_i + (tanx)y = 2x + x*tanx

This is a first order linear differential equation of the form

dy
T =Q

Here, P = tan x and Q = 2x + x2tan x
The integrating factor (I.F) of this differential equation is,

LF = efPdx
= LF = e_rtanxdx

We have [ tanx dx = log(secx) + c
=LF= elog(sec x)
~I.F = sec x [ e|og X = X]

Hence, the solution of the differential equation is,
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y(LF) = f(Qxl.p)dHc

= y(secx) = J-((2x+ x?tanx) x secx)dx +cC

= ySecx = J-(szecx + x?tanxsecx)dx +c

= ysecx = J- 2xsecxdx + J-xz tanxsecxdx + ¢
= ysecx = ZJ-xsecxdx+ J-xz tanxsecxdx+ ¢

= ysecx =2 J-(secx) x (x)dx + J-thaIIXSECXdX-F C

Recall [ f(x)g(x) = f(x)[[ g(x)dx] — [If' () ([ g(x)dx)]dx + c

= ysecx =2 {secx J- xdx: - J- % (secx) (J- xdx)] dx} + J- x?tanxsecxdx
+cC
'X1+1 [ X1+1
= ySecx = Z[SECX 1 —J- (secxtanx) (1 n 1) dx]

+ J-xz tanx secxdx + C

x2 x?
= ysecx =2 [? secx — J- [(secxtanx) (?)

2
X 1
= ysecx =2 [E secx — EJ-XE secxtanxdx] + J- x?tanxsecxdx +c

dx] + J-xz tanxsecxdx +c

= ysecx = x%secx — J- x%secxtanx dx + J-xztanxsecxdx+ C

>ysecx=xsecx +C

1 1
= ysecx X — = (x?secx+ ) Xx —
secx secx

3 C
sy=x>+——
secx

Sy = X% + ccos x

However, when x = 0, we havey =1

=1 = 0% + c(cos 0)

=1=0+c(l)

Lec=1

By substituting the value of c in the equation for y, we get

y = x2 + (1)cos x

Sy = X% + cos X

Thus, the solution of the given initial value problemisy = X + cos X
37 H. Question

Solve each of the following initial value problems:
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dy T
—+vycotx=2cosx., y| — |=0
dx

Answer

™
2

%+ycotx=2cosx.y( )= 0

Given %+ ycotx = 2cosxandy G) =0

dy
— + (cot =2
=2 (cotx)y COSX
This is a first order linear differential equation of the form

dy
T =Q

Here, P = cot x and Q = 2 cos x
The integrating factor (I.F) of this differential equation is,

IF = efPdx
= L.F = ef cotxdx

We have [ cotxdx = log(sinx) + ¢

= LF = elog(sinx]

S LF = sin x [ €09 X = x]

Hence, the solution of the differential equation is,

y(LF) = f(Qx LF)dx+c
= y(sinx) = J-(Z cosx X sinx)dx+c

= ysinx = ZJ-sinxcosxdx +c

Letsinx =t
= cosxdx = dt [Differentiating both sides]

By substituting this in the above integral, we get

yt=2ftdt+c

n+i

Recall [ x?dx==—+c

n+1l

t1+1
=2 +
=y (1 n 1) ¢

t2
=>y‘t=2(§)+l:

s>yt=tZ+c

1 1
=>y't><¥=(t2+C)XE

C
=>y=t+E
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Ly =sinx+— [ t=sinx]
sSinx

However, when x = g we havey =0

=:-0=5111E+%
sin
c
=>0=1+E
=0=1+c

By substituting the value of c in the equation for y, we get

-1
y = sinx + (—)

sinx
. 1
=¥ =8MX——
sinx
sinx—1
2y =—
y sinx
—(1—sin?x)
yV=—"
y sinx

2 .
=y =T sin26 + cos?0 = 1]
sinx

Sy = -cos x cot x

Thus, the solution of the given initial value problem is y = -cosec x cot x

37 1. Question

Solve each of the following initial value problems:

dy . (T
X—+y=Xcosx+sinx, y| — [=1
dx 2

-

Answer
XE+ = XC0osX + sinx (E)= 1

- d .
Given xd—i+y = X cosx + sinx and yg) =0

( dy+ ) 1_( + sinx) 1
= de \i XX— XCOSX + 51X XX
dy 1

¥ .
= —+4+>~=cosx +—sinx
dx X X

dy+(1) - +:L ,
=:-dX - ¥ =C0S8X XSII]X

This is a first order linear differential equation of the form
dy

—+ —

xTv=Q

Here, P = é and Q = cosx + %sinx

The integrating factor (I.F) of this differential equation is,
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LF = efPdx

1
= LF = ex®™
We have f%dx =logx+¢c
= L.F = elosx

S LF = x [ elogdx = ]

Hence, the solution of the differential equation is,

y(LF) = f(Qxl.F)derc
= y(x)= J-((cosx+ ésinx) X x) dx+c

= Xy = J-(XCOSX-F sinx)dx+c
=Xy = J-xcosxdx+ J- sinxdx +c

= Xy = J-(x) x (cosx)dx+ J-sinxdx+ C

Recall [ f(x)g(x) = f(x)[[ g(x)dx] — [If' () ([ g(x)dx)]dx + c

= Xy = xU-cosxdx]—J- &(X)(J- cosxdx)]dx+fsinxdx+c

= xy = x(sinx) — J-[l(sinx)]dx + J- sinxdx + c

= Xy = xsinx — J- sinxdx + J-sinxder C
=Xy =Xsinx+c¢

1 1
= Xy X —=(xXsinx+c) X —
yX o ( ) "

C
~y=s8inx+ -
y X

However, when x = E we havey =1

n ITII+ C
=1=sin—+-—
2 (I
)
2c
=1=1+—
T
2C
=—=10
s
c=0

By substituting the value of c in the equation for y, we get

= sinx —
y sinx
Sy =sin x

Thus, the solution of the given initial value problem is y = sin x
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37 ). Question

Solve each of the following initial value problems:
dy T

— +vcotx = 4xcosecx, v, — |=0

dx

Answer
dy + v cotx = 4x cosecx (E) =0

Given % + ycotx = 4xcosecx and y G) =0

dy
=2 + (cotx)y = 4xcosecx

This is a first order linear differential equation of the form

dy N
Here, P = cot x and Q = 4x cosec x
The integrating factor (I.F) of this differential equation is,

IF = efPdx
= LF = e_rcct:\-:dx

We have [ cotxdx = log(sinx) +c
=LF = elog(sinx]
~1.F =sin x [ elo9* = x]

Hence, the solution of the differential equation is,

y(LF) = f(Qxl.p)dHc

= y(sinx) = J-(-‘-}xcosecx x sinx)dx+ ¢

1
= ysinx = 4J- (x ®—x sinx)dx+ C
sinx

= ysinx = 4J-xdx+ C

x]'.I.+J.

Recall [y dx = 4

n+1l

Xl+l
=vsinx =4 +cC
y (1 n 1)

X2
= ysinx = 4 (E) +c

=ysinx=2x2+c

, 1 , 1
= ysinx X —=(2x"+¢) Xx —
sinx sinx

sy = (2x% + c) cosec x

However, when x = g we havey =0
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By substituting the value of c in the equation for y, we get

i} (2 : (w_))
¥y= X+ 2 COsecXx

TI.'2
~y=|2x* —— |cosecx
2
Thus, the solution of the given initial value problem iSy = (2;& — ﬂ—z)cosecx
2

37 K. Question

Solve each of the following initial value problems:

dy ] T
— +2ytanx=sinx,y =0whenx =—
dx 3

Answer

.od .
Xi. d—i + 2ytanx = sinx, Y = 0 whenx =§

. d}r _ . E _
Given * + 2ytanx = sinxand y (3) =0

dy .
= i + (2tanx)y = sinx

This is a first order linear differential equation of the form

dy
T =Q

Here, P = 2 tan x and Q = sin X

The integrating factor (I.F) of this differential equation is,
LF = efPdx

= LF = of 2tanxdx

= LF = e?_rtalixdx

We have [ tanx dx = log(secx) + c

= LF = o2 log(sec x)
= LF = alogsecx)®* [ m log a = log a™]
= LF = elog(seczx]

o ILF = secx [ elo9 X = x]

Hence, the solution of the differential equation is,
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y(LF) = f(Qxl.p)dHc

= y(sec’x) = J-(seczx x sinx)dx+ c

1
=:-ysec2x=J-( 5 ><sinx)dx+c
cosZx

5 1 sinx
=ysec'x= | |—x——|dx+c
COSX COSX

= ysec’x = J- secxtanxdx +c

Recall [ secxtanxdx = secx +¢

= ysec?x = sec X + C

= ysec’x X = (secx+c) x

sec?x sec?x

1 C

Sy=—+
y secx secix

Sy = COS X 4 C COs?X

However, when x = g we havey =0

= 0=cosE+ cc(:-s2E
3 3
=>0=E+C(E)2
2 2
=:-0=1+EC
2 4
1 1
=3¢="3
LCc=-2

By substituting the value of c in the equation for y, we get
y = Cos X + (-2)cos?x

Sy = COS X - 2C0S°X

Thus, the solution of the given initial value problem is 'y = cos x - 2cos?x

37 L. Question

Solve each of the following initial value problems:

i

dy .
E;—3yanx:sm2x,y=2mmenxz

o | A

Answer

d :
d—i— 3y cotx =sin2x, Y = 2 Whenx=g

Given % — 3ycotx = sin2x and y G) =2

dy .
=2 + (—3 cotx)y = sin 2x
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This is a first order linear differential equation of the form

dy
T =Q

Here, P = -3 cot x and Q = sin 2x

The integrating factor (I.F) of this differential equation is,
LF = efPdx

= LF = of ~3cotxdx

= [F=eg3 [ eotxdx

We have [ cotxdx = log(sinx) +c
—3log(sinx)

=[LF=e

= LF = logGinx)™ [ m log a = log a™M]

2
= LF = eloﬁ(?lix)

= LF = elog(cosecxja

. L.LF = cosec3x [~ €09 X = x]

Hence, the solution of the differential equation is,

y(LF) = f(Qxl.F)derc

= y(cosec®x) = J-(sian x cosec?x)dx + ¢

=:-ycc-sec3x=J-(251nxcosx>< , )dx+c
sin® x
2 COSX
= ycosec’x =2 | ——dx+c
sin?x
3 1 COSX
= ycosec’x =2 | — X ——dx+c
sinx sinx

= ycosec®x = ZJ- cosecx cotxdx +c

Recall [ cosecxtanxdx = —cosecx + ¢
= ycosec3x = 2(-cosec x) + ¢

= ycosec3x = -2cosec X + C

= ycosec?x X = (—2cosecx+ c) X

cosec3x cosec3dx

—2 C
= e T 3
cosSeC~X cosSeC*X

=¥
~y = -2sin?x + c¢sin3x

However, when x = E we havey =2

™ ™
= 2 =—2sin®=+ csin®—
2 2

=2 =-2(1)% + c(1)3
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=22=-2+cC

LCc=4

By substituting the value of c in the equation for y, we get

y = -2sin?x + (4)sin3x

sy = -2sin®x + 4sin3x

Thus, the solution of the given initial value problem is y = -2sir®x + 4sin3x
37 M. Question

Solve each of the following initial value problems:

EJZO
3

dy R .
— ¥ COtX =2CosX ., ¥

—

Answer

dy — L)
3, T ycotx = 2c08% y(z) =0

i dy — L
Given o, T ycotx =2cosx and y(z) =0

dy
= —+(cot =2
= (cotx)y COSX
This is a first order linear differential equation of the form

dy
T =Q

Here, P = cot x and Q = 2 cos X
The integrating factor (I.F) of this differential equation is,

IF = efPdx
= L.F = ef cotxdx

We have [ cotxdx = log(sinx) + ¢

= LF = elog(sinx]

S LF = sin x [ el09 X = x]

Hence, the solution of the differential equation is,

y(LF) = f(Qx LE)dx + c
= y(sinx) = J-(Z coSX X sinx)dx+c

= ysinx = ZJ-sinxcosxdx +c

Letsinx =t
= cosxdx = dt [Differentiating both sides]

By substituting this in the above integral, we get

yt=2ftdt+c
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x]'.I.+J.

Recall [y dx = +c

n+1l

t1+1
= =2 +cC
w=2(75)

t2
=:-yt=2(5)+c

>yt=t2+c

1 1
=:-yt><¥=(t2+c)><¥

C
=>y=t+£

. C s H
~y=sinx+—/["t=sinx]
SInX
However, when x = E we havey =0

C

T
= 0 =sin—+
sins

2
0 1+c
= 0= -
1
=20=1+c
c=-1

By substituting the value of c in the equation for y, we get

-1
y = sinx + (—)

sinx
. 1
=¥ =8MX——
sinx
sinx—1
2y =—
sinx
—(1—sin?x)
yV=—"
y sinx

Sy= =05 [+ 5in20 + 0520 = 1]

sinx

Sy = -cos x cot X

Thus, the solution of the given initial value problem is y = -cosec x cot x
37 N. Question

Solve each of the following initial value problems:

dy = cos x (2 - y cosec x)dx

Answer

dy = cos x (2 - y cosec x)dx

Given dy = cos x (2 - y cosec x)dx

= cosx (2 — ycosecx)

:;. —
dx
dy

= E = 2C08X — }'COSXCOSECX
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dy 1
=2C0SX—VCOSX X ——
sinx

~ dx
= d—= 2c08X —ycotx
dx
d
= E+ycotx= 2cosx

dy
= i + (cotx)y = 2 cosx

This is a first order linear differential equation of the form

dy
T =Q

Here, P = cot x and Q = 2 cos X

The integrating factor (I.F) of this differential equation is,
LF = efPdx

= LF = e_rcct:\-:dx

We have [ cotxdx = log(sinx) +c

=LF = elog(sinx]

S LF = sin x [ elo9 X = x]

Hence, the solution of the differential equation is,

y(LF) = f(Qx LE)dx + c
= y(sinx) = J-(Z coSX X sinx)dx+c

= ysinx = ZJ-sinxcosxdx +c

Letsinx =t
= cosxdx = dt [Differentiating both sides]

By substituting this in the above integral, we get

yt=2ftdt+c

x]'.I.+J.

Recall [xPdx=

+c

n+1l

t1+1
=yt=2 +cC
w=2(75)

t2
=:-yt=2(5)+c

syt=t2+c

1 1
=:-yt><¥=(t2+c)><¥

C
=>y=t+£
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Ly =sinx+— [ t=sinx]
sSinx

c

Thus, the solution of the given differential equation isy = sinx +

sin x

37 0. Question

Solve each of the following initial value problems:

tanxﬁ = 2xtanx + x> —y, tan x = 0 given thaty = 0 whenx = T
dx 2
Answer

tanxg = 2xtanx + x? —y, tan x # 0 given thaty = 0 whenx =g

Gi dy 2 d Ty _
ven - = -+ — vy an - =
taIlex 2xtanx +x V ?(2) 0

dy 1 . 1
=tanx— X —— = (2xtanx +x* —y) X ——
dx  tanx tanx
d x?
= F_ 2x + —
dx tanx tanx
d x?
= _}’ + L = iX
dx tanx tanx
dy x2
=—+ ( )y =2x+
dx tanx tanx

d
Y + (cotx)y = 2x + x%cotx
dx
This is a first order linear differential equation of the form
dy
—+ —
xTv=Q
Here, P = cot x and Q = 2x + X2 cot x

The integrating factor (I.F) of this differential equation is,

LF = efPdx
= LF = e_rcct:\-:dx

We have [ cotxdx = log(sinx) +c

=LF = elog(sinx]

~ LF = sin x [ el°9 X = x]

Hence, the solution of the differential equation is,

y(LF) = f(Qx LF)dx+c
= y(sinx) = J-((2x+ x?cotx) X sinx)dx+ C
= ysinx = J-(szinx +x% cotxsinx)dx +c

= ysinx = J-[szinx +x%cosx)dx +c¢
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= ysinx = J-szinxdx+ J-xz cosxdx +c

= ysinx = J-Zx sinxdx + J-(xz) x (cosx)dx+c

Recall [ f(x)g(x) = f(x)[[ g(x)dx] — [If' ) ([ g(x)dx)]dx + c

d
= ysinx = J-szinxdx+x2 U- cosxdx] —J- E(Xz) (J- cosxdx)] dx +c¢

= ysinx = J- 2xsinxdx + x2(sinx) — J-[Zx(sinx)]dx +c

= ysinx = J-szinxdx+x2 sinx— J-szinxdx+ C

=y sin x = x%sin x + ¢

1 1
= ysinx X — = (x?sinx+¢) x —
sinx sinx

C
e y = Xz + —
S5Inx

However, when x = g we havey =0

=:-0=(E) + CT[

2 sin=
0 H2+C
=20=—+-
4 1
0 H2+
=0=—+c
4
TI.'2
c=——
4

By substituting the value of c in the equation for y, we get

T
y = x? . 4
sinx
2 Trz

y 4sinx

2

Thus, the solution of the given initial value problem isy =x2_
4 sinx

38. Question

Find the general solution of the differential equation Xﬁ +2y =x~.

Answer

Given x &¥ = 2
de+2y X

dy , 1

:(XE-FZY)X——X xg
dy 2y
x x
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(3
=>dx X y=x

This is a first order linear differential equation of the form
Here,P=§andQ=x

The integrating factor (I.F) of this differential equation is,
LF = efPdx

= LF = el

o LF = e?/5ex

We have fidx =logx+c¢

= L.F = e?lesx

= L.F = el°ex” [ mlog a = log a™]
S LE=x2 [ elogx = x]

Hence, the solution of the differential equation is,

y(LF) = f(Qxl.F)derc
= y(x?) = J-(x x x2)dx+c

= yx?= J-ngx-i- c

x]'.I.+J.

Recall [xPdx=

+c

n+1l

3+1

Thus, the solution of the given differential equation is y = f_,_ iz
4 X

39. Question

Find the general solution of the differential equation ﬁ_}r —Cc0oS X

Answer

. d
Given & _  —
.~ ¥ =cosx

dy
= &-ﬁ- (—1)y = cosx
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This is a first order linear differential equation of the form

dy
T =Q

Here, P = -1 and Q = cos X
The integrating factor (I.F) of this differential equation is,

LF = efPdx

= LF = ef -1dx

= LF=e fdx

We have [dx=x+¢c
S LF =e™X

Hence, the solution of the differential equation is,

y(LF) = f(Qxl.F)derc
= y(e™) = J-(cosx Xe ¥)dx+c
= ye = J-e"‘ cosxdx +c¢

=ye ¥ = J-(e‘x) x (cosx)dx+ ¢

Let I = [(e™®) x (cosx)dx

o= feossa] - [ [Lemn ([ cosxad]o

= [ = e™™(sinx) — J-[—e‘x[sinx)]dx

=[=e"*sinx + J- e *sinxdx

d
=]=e sginx +e7* U sinx dx] — J- [ﬁ (e™) U- sinxdx)] dx

== e ¥sinx + e *[—cosx] — J-[—e"‘(— cosx)]dx

=[=e""sinx — e *cosx — J- e *cosxdx

= | = eX(sin x - cos x) - |
= 2| = eX(sin X - cos Xx)

E—X
(sinx — cosx)
2

.'.I:

By substituting the value of | in the original integral, we get

—X

e
=ye ¥ = > (sinx— cosx) + ¢

—X

e
—}.’x XZ[
= ye e >

(sinx — cosx) + c] e®
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1
“y=3 (sinx — cosx) + ce®
Thus, the solution of the given differential equation isy = ;(sinx — COsX) + ce®

40. Question

> dx
Solve the differential equation (y —SX‘}d—:X
}.’

Answer

Given (y + 3:42):—; =x

dx X
= — =

dy v+ 3x?

dy y+ 3x?
= — =

dx X

d 2
Ly _y, 3%

dx x X

d
=:-—y—g= 3x

dx x

dy+( 1) _3
= dx x)¥ T

This is a first order linear differential equation of the form
dy
—+ —
xTv=Q
Here, P = —Xand Q = 3x
X

The integrating factor (I.F) of this differential equation is,

LF = efPdx
1
= LF =ef =%
1
= LF=e J3%

We have f%dx =logx+¢c
= [.F = g7 lo&x
= LF = elgx ' [""m log a = log a™]

S LF = x1[relogx =]

Hence, the solution of the differential equation is,

y(LF) = f(Qxl.F)derc
=y(x )= J-(Bxxx‘l)dx+ c
=yx 1= J-deJrc

=yx 1= 3J-dx+c
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We know [dx=x+c

>yxl=3x+c

=>yx 1 x x=(3x + ¢)x

Sy = (3xX + ¢)x

Thus, the solution of the given differential equation is y = (3x + ¢)x

41. Question

dx )
Find the particular solution of the differential equation d_ +Xcoty =2y +y coty, y # 0 giventhatx =0
'}.’

when y =

o | A

Answer
. dx 2
Given a + xcoty =2y + ¥y~ coty

dx
dy

= —+ (coty)x = 2y + y% coty

This is a first order linear differential equation of the form

dX+Px—
dy =Q

Here, P = coty and Q = 2y + y?cot y

The integrating factor (I.F) of this differential equation is,
LF = e/Pdy

= L.F = ef cotydy

We have [ cotydy = log(siny) + ¢

= LF = elog(siny)

S LF =siny [ el99% = x]

Hence, the solution of the differential equation is,

%(LF) = f(q « LE)dy +
= x(siny) = J-((Zy +y?coty) x siny)dy +c

= xsiny = J-Zy sinydy + J- y? coty siny dy + ¢

o . 2 COSY) .
=:-x5111y—J-2y5111ydy+J-y (siny sinydy +c
= xsiny = J-Zysinydy+fy2 cosydy + ¢

= xsiny = J-Zysinydy+ J-(yE) X (cosy)dy + ¢

Recall [ f(x)g(x) = f(x)[[ g(x)dx] — [[f'(x) (] g(x)dx)]dx +c
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d
= xsiny = J-Zysinydy +y? U- cosydy] - J- [d_y (v?) (J- cosydy)] dy + ¢
= xsiny = J-Zy sinydy + y?(siny) — J-[Zy(siny)]dy +c

= xsiny = J-Zysinydy+y2 siny — J-Zysinydy+ C
=»xsiny=y2siny +c

1 1
iny X — = (y*siny + ¢) x ——
= xsiny siny (y*siny + c) sy

5 C
Sx=y>+—
siny

X =Yy% 4+ ccosecy

However, wheny =7, we have x = 0.

0= (%) +ccosecs
= =\{— CCosec—
2 2
2
s
=20=—+4+c(1
2 (1)
TI.'2+
- — =
e
.].L_Z
=73

By substituting the value of c in the equation for x, we get

1.[2

x=y2+ (— T) cosecy

2 TL-E
“X =y° —-cosecy

Thus, the solution of the given differential equation is y — y2 — n cosecy
4

42. Question
Solve the following differential equation (cm_l y+x)dy =(1+ \rz)dx_

Answer
Given (cot ™y + x)dy = (1 + y2)dx
dy 1+y?
= =
dx cotly+x
dx cotly+x
= dy  1+y?2
dx cot™ly X
= — = +
dy 1+y2 1+y?

dx x  cotly
Tdy 14y 1+y?
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dx+(

This is a first order linear differential equation of the form

1 ) cot™ly
1+y? x= 1+y?

IdX+ Px =
dy =Q

1
1+y2

cot 1y

Here, P = —
1+y2

and Q =

The integrating factor (I.F) of this differential equation is,

LF = elPay
1
S1F=¢ T

1

We have [ — v

dy =cot ™y +c
#LF =gty

Hence, the solution of the differential equation is,

%(LF) = f(Qx LE)dy + ¢

- cot™ -
=:-x[e°°t F):J-( 3"><e“’" F)dy+c

1+y?
cot™tyY) _ J- 1 cot_l}r( )d +
= x(e ) cot™"ye 15y y+c
Let cot™ly =t
1 . I .
ey dy = dt [Differentiating both sides]

dy = —dt
1+ y? y
By substituting this in the above integral, we get

et = [ —tetdr+ o

= xe=— [0 x (eNdt+ ¢

Recall [ f(x)g(x) = f(x)[J g(x)dx] — [[f' x)(J g(x)dx)]dx + ¢
=gl oo

= xet = —{txet— [ 1(e9at) + o

= xet =~ fre— [[efatf +c

= xet = -{tet - et} + ¢
= xet = -tet + et + ¢
= xet x et = (-tet + et + ¢)et

>x=-t+1+cet
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2X=—cotly + 1+ ce~° 'V [t =cot'ly]

Thus, the solution of the given differential equation isy = — cot™y + 1 + ce” cot™y

Exercise 22.11
1. Question

The surface area of a balloon being inflated, changes at a rate proportional to time t. If initially its radius is 1
unit and after 3 seconds it is 2 units, find the radius after time t.

Answer
Let the surface area of the balloon be S.
5 S = 4nr?

According to the question,

dsS .
—
dt

ds
=:.a = kt
- d{‘l-'l'[l’z} .

dt kt

= 8l _ Lt

dt

= 8nirdr = ktdt
Integrating both sides, we have
= 8nfrdr = k[tdt

r? kt?
,8n—=—+z¢
2 2

Given, we have r = 1 unit when the t = 0 sec

Putting the value in equation (1)

Given, we have r = 2 units when t = 3 sec

k(2)®

“4m(2)? = + 41

= 16m — 4m = =

=12n=92—k

Now, putting the value of k in equation (2),
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gnt?
=4m(rt—1) = ﬂT
=r—1 =t3—2
tZ
=r’=—-+1

...r= E+1
\fE

2. Question
A population grows at the rate of 5% per year. How long does it take for the population to double?
Answer

Let the initial population be P,.

And the population after time t be P.
According to question,

dP— 5% x P
dt_ o X

9 _ 5

dt 100

-4 _F

dt 20
dP
= 20? = dt
Integrating both sides, we have
= 201d_: = [dt
= 20log|P| =t + cC...... (1)
Given, we have P = P, when t = 0 sec

Putting the value in equation (1)

- 20log|P| =t + ¢

= 20log|Py| =0 + ¢

= ¢ = 20log|Pgy| ...... (2)

Putting the value of c in equation (1) we have,
20log|P| = t + 20log|Pg|

= 20log|P| - 20log|P,| = t

= 20(log |P| - log|Py]) = t

[loga - logh = log(%)]

= E =
20log (P:) t...... (3)
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Now, for the population to be doubled

Let P = 2P, at time t1
.t =20log (£
g (P:)
t1 = 20log (322
=tl = 20 log2
. time required for the population to be doubled = 20 log2 years

3. Question

The rate of growth of a population is proportional to the number present. If the population of a city doubled
in the past 25 years, and the present population is 100000, when will the city have a population of 5000007

[Given loge 5 = 1.609, loge 2 = 0.6931]
Answer

Let the initial population be P, .

And the population after time t be P.

According to question,

L
dt
dP
:E = kP
= dP = kPdt
dP
=< = kdt

Integrating both sides, we have
dP
aF — k(dt
= [ =k/d
=log|P| =kt +c...... (1)
Given, we have P = P, when t = 0 sec
Putting the value in equation (1)
“log|P| = kt + ¢
=log|Py| =0 + ¢
= = log|Py| ...... (2)
Putting the value of c in equation (1) we have,
log|P| = kt + log|P,|
= log|P| - log|P,| = k t
= (log |P| - log|Py|) = kt [loga - logh = log(E)]
log (£ = kt ......
= log () (3)

Now, the population doubled in 25 years.

Let P = 2P, at t = 25 years

ket = P
-~ kt = log (F)
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= kx25 = log (QP_P:")

Now, equation (3) becomes,
P log2

1 (—) = —t

% \ps) 25

Now, let t1 be the time for the population to increase from 100000 to 500000

1 (500000) _log2_
°€ \1o0000/ ~

25
=logh = 1:g_ztl
25logs
=t = log2
1.609
=>1t] = 25 % a1 (log5 = 1.609 and log2 = 0.6931)
=tl =58

. The time require for the population to be 500000 = 58 years.
4. Question

In a culture, the bacteria count is 100000. The number is increased by 10% in 2 hours. In how many hours
will the count reach 20000, if the rate of growth of bacteria is proportional to the number present?

Answer
Let the count of bacteria be C at any time t.

According to question,

dC .
—
dt
= ? = kc where k is a constant
t
=dC = kCdt
dc

Integrating both sides, we have

= fd_; = k[dt

= log|C|=kt+a...... (1)

Given, we have C = 100000 when t = 0 sec
Putting the value in equation (1)

~log|C| =kt + a

= 10g|100000| =0 + a

= a = log|100000] ...... (2)

Putting the value of a in equation (1) we have,

log|C| = kt + log|100000|

= log|C| - 109|100000| = k t lloga - logh = log(%)]
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=log (—= )=kt .....(3)
100000

Also, att =2 years, C = 100000 + 100000 x % = 110000

From equation(3),we have

c

-~ kt = log ( )
100000

110000
=kx2 =log (——)
100000

=Elog11 (4)

2log10
Now, equation (3) becomes,

C 1logll
1000000 ~ 2 log10

log ( t
Now, let t1 be the time for the population to reach 200000

tl

(200000) 1logl1
°€ \100000/ ~ 2loglo

1logll
=log2 = -
2loglo

2loglolog2

= =
tl log11

2logl0log2

. The time require for the population to be 200000 = hours

5. Question

If the interest is compounded continuously at 6% per annum, how much worth X 1000 will be after ten years?
How long will it take to double X 10007

[Given e9-6 = 1.822]
Answer
Let the principal, rate and time be Rs P, r and t years.

Also, let the initial principal be Py

dp Pr

dt 100
dP r

T = 1ol

Integrating both sides, we have
Ay T,
P 100
log|P| = —=—t +cC...... 1
=log|P| = —t+c....(1)

Now, att =0, P = P,

log|Po|=0+cC

Putting the value of c in equation (1) we have,

log|P| = ﬁt + log|Py|

= log|P| - log|P,| = ﬁt
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= (log |P| - log|Po|) = —t [loga - logb = log(>)]

P, _ r
= log (F) = Et ...... (3)

Now, P, = 1000, t = 10years, r = 6

9 (1000) 100

= log (L) = 0.6
1000

=_P2 _ _o06

1000

= P = a06x1000

= P =1.822x1000 (Given: g0-6 = 1.822)

=P =1822

Rs 1000 will be Rs 1822 after 10 years at 6% rate.
6. Question

The rate of increase in the number of bacteria in a certain bacteria culture is proportional to the number
present. Given the number triples in 5 hrs, find how many bacteria will be present after 10 hours. Also find
the time necessary for the number of bacteria to be 10 times the number of initial present.

[Given loge 3 = 1.0986, 21972 = 9]
Answer
Let the count of bacteria be C at any time t.

According to question,

dC .
—
dt
= ? = kc where k is a constant
t
=dC = kCdt
dc
:E = l{dt

Integrating both sides, we have

= fd_; = k[dt

= log|C| = kt + a...... (1)

Given, we have C = Cy when t = 0 sec
Putting the value in equation (1)

~log|Cl =kt + a

=1log| Col =0+ a

=a = log| Cy| ...... (2)

Putting the value of a in equation (1) we have,
log|C| = kt + log|100000]|

= log|C| - log| Co| = k t lloga - logb = log(>)]

c,_
=log (£) =kt ......(3)
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Also, att = 5 years, C = 3G,
From equation(3),we have
Skt =lo E

g (CO)

kx5 = log (352
= kX og(co)

Now, equation (3) becomes,

C log3
08l = 5

Now, let C1 be the number of bacteria present in 10 hours, as

1 (Cl) _ logs 10
%8\ o) = X

5
= log (%) = 2log3

=C1l = 9C0
Let the time be t1 for bacteria to be 10 times

C log3
10g (ﬁ) = Ttl

= log (o0) = =1

=log10 = 8¢

5logla0
=] = 22820
log3

. . sloglo
. The time required for = % hours
og

7. Question

The population of a city increases at a rate proportional to the number of inhabitants present at any time t. If
the population of the city was 200000 in 1990 and 25000 in 2000, what will be the population in 20107

Answer
Let the initial population be P, .
And the population after time t be P.

According to question,

dPoct
dt
dP
== = kp
= dP = kPdt
dP
:? = kdt

Integrating both sides, we have

dp _
:j?— kJdt
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= log|P| = kt + logc...... (1)

Given, we have P = 200000 when t = 1990
Putting the value in equation (1)

. 10g|200000| = kx 1990 + logc...... (2)

we have P = 250000 when t = 2000

Putting the value in equation (1)

. 10g9]|250000| = kx 2000 + logc...... (3)

On subtracting equation(2) from(3) we have,

log|250000]| - 10g|200000| = kx (2000 - 1990)

250000
- 10g200000 = 10k

=>10g‘—1' = 10k
1 4
= k = Elogg ...... (4)
Substituting the value of k from (4) in (2), we have
log|200000| = Tlologifx 1990 + logc......(5)

Substituting the value of k, log c and t = 2010 in (2), we have

1. 4 4
logP = Elogg % 2010 + log 200000 — 1990 x 3

201 5 199

= logP = log (E) + log(200000 x (E)

201 5y 199
=P = (—) X 200000 x (—)
5 4

5\ 2 25
=P = (E) X 200000 = =X 200000 = 312500

~ P = 312500

8. Question

If the marginal cost of manufacturing a certain item is given by C"(x} = 3_§ =2 +().15x%.Find the total cost
function C(x), given that C(0) = 100.

Answer

=2+ 015x

= dC = (2 + 0.15x)dx
Integrating both sides we have
= [dC = [ (2 + 0.15x)dx

= [dC = 2[dx + 0.15[xdx

0.15x% (1)
2

=C = 2Xx +

Now, given C = 100 when x =0
=2100=0+0+k
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Putting the value of k in equation (1)

2

C(x) = 2x + + 100

9. Question

A ban pays interest by continuous compounding, that is, by treating the interest rate as the instantaneous
rate of change of principal. Suppose in an account interest accrues at 8% per year, compounded
continuously. Calculate the percentage increase in such an account over one year.

[Take €0-08~1.0833]
Answer
Let the principal, rate and time be Rs P, r and t years.

Also, let the initial principal be Py.

dp Pr

dt 100
dP r

T = Tl

Integrating both sides, we have

dP r
= [— = —[dt
IP 100f

Now, att =0, P =P,

log| Py | =0+cC

Putting the value of c in equation (1) we have,
=_"

log|P| = 10ﬂt + log|Py|

=1

= log|P| - log|P,| = 1m]t

= (log |P| - log|P,|) = ﬁt [loga - logb = log(E)]
Py_ ©

= log (F) = 10ﬂt ...... (3)

Now, t = 1 year,r = 8%

. P, _ 8
- log (E) - 1OGX1

log (£ = 0.
=>og(P:) 0.08

P _pos
ﬁp: = g
P
:E= 1.0833
P
:E_l = 1.0833—-1

(Given: g0-08 = 1.0833)

=P _ 00833
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.. Percentage increase = 0.0833x100 = 8.33%
10. Question

In a simple circuit of resistance R, self inductance L and voltage E, the current i at any time t is given by

di — +R 1=E.If Eis constant and initially no current passes through the circuit, prove that
dt
:EJI—E_IR Ljt]
{ -
Answer

We know that in a circuit of R, L and E we have,

Ld-I-R E
a

=2y
dt

L

R, E
L
We can see that it is a linear differential equation of the form + Py = Q

Where P =§and Q=

= lm

|.F = efPdt
R dt
=e| —
b

R
= -t

eL
Solution of the given equation is given by

ixILLF=[QxLFdt+c

=i x —t—f X grtdt + ¢

=ix —t—f >< X grtdt + ¢

Initially, there was no current

So,ati=0,t=0

E
0 =—=+ ce’
R
E
=C= ——
R

Now, putting the value of c in equation (1)

E E E

| === —t

L LEL

E R
=_(1- .7t

L eL

11. Question

The decay rate of radium at any time t is proportional to its mass at that time. Find the time when the mass
will be halved of its initial mass.

Answer

Let the quantity of mass at any time t be A.
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According to the question,

dA A
—
dt
dA .
= - = —kaA where k is a constant
t
=dA = —kAdt
dA
5= —kdt

Integrating both sides, we have
dA
= =-k/dt

= 2=k

= log|A| = - kt + c...... (1)
Given, the Initial quantity of masss be Ay when the t = 0 sec

Putting the value in equation (1)
~log|Al = -kt + ¢

=log| Agl =0+ cC

Putting the value of c in equation (1) we have,
log|A| = - kt + log| Ag|

= log|A| - log| Ag| = - k t [loga - logh = 1og(§)]
= log %) =-kt.....(3)

Let the mass becomes half at time t1, A = ?
From equation(3),we have

-~ -kt =log (%)

= - kxtl = log (%)

= - kxtl = 1og§

=-kxtl =-log 2

=t] = log2
k

log2

. Required time = where k is the constant of proportionality.

12. Question

Experiments show that radium disintegrates at a rate proportional to the amount of radium present at the
moment. Its half - life is 1590 years. What percentage will disappear in one year?

_log2
Use: e 1°°0 =(0.9996

Answer
Let the quantity of radium at any time t be A.

According to question,
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— A
dt
da .
c = —kA where k is a constant
t
= dA = —kAdt
dA
S = —kdt

Integrating both sides, we have
dA
= = - k[dt
==k
= log|A| = -kt + c...... (1)
Given, Initial quantity of radium be Ag when t = 0 sec

Putting the value in equation (1)
~loglAl =-kt+c

=log| Ag| =0+ cC

Putting the value of c in equation (1) we have,

log|A| = - kt + log| Ag|

= log|A| - log| Ao| = - k t lloga - logh = log()]
log (2y = -kt ...... 3

= log (=) (3)

Given its half life = 1590 years,

From equation(3),we have

°9 ()
- kx1590 = log (X
- °9 )
= - kx1590 = logé

= - kx1590 = - log 2

1590

. The equation becomes

A log2
9 ﬁﬂ) 1590

log (2 = - 0.9996 t
°9 G5
Percentage Disappeared = (1 - 0.9996) x 100 = 0.04 %

13. Question

—X

The slope of the tangent at a point P(x, y) on a curve is —_If the curve passes through the point (3, - 4),
v

find the equation of the curve.

Answer

Given the slope of the tangent = —;
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We know that slope of tangent = dy

dx
. dy _x
Tax ¥
=2 ydy = —xdx

Integrating both sides,

= [ydy = —[ xdx

=

&S,
Il
|

ba | ""N
_l’_
(]

b3

=

ra |

+Z =

=y2 +x2 =2c = cloer (1)

Now, the curve passes through (3, - 4)
So, it must satisfy the above equation
Sy +x? =l

=(-42+(3)0%=cl

=216+9=cl

=cl=25

Putting the value of c1 in equation (1)
Sy? 4+ x? =25

14. Question

Find the equation of the curve which passes through the point (2, 2) and satisfies the differential equation

dy , dy
'}r —-X = :'}r— + -,

dx dx
Answer

Given the differential equation

LW

y dx y dx

d

Sy-yt = o+ xg

(1 +x)dy

ﬁy(l_y) B dx
- dy ~  dx
yi-y)  (1+x)

Integrating both sides we have,

dy dx
> i = @

1 1 dx
=J (} + 1—_})(13! - f{1+x]

= logly| + log|1l - y| = log|1 + x| + logc

= log|y(1 - y)| = log|c(1 + x|
=>y(l-y)=cl+X)..... (1)

Since, the equation passes through (2,2), So,
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2(1-2)=c(1 +2)

=-2=CX3

=c=—7

Therefore, equation (1) becomes

y(l-y)=—-2(1+x)

15. Question

.
Find the equation of the curve passing through the point [ 1‘_J and tangent at any point of which makes an

¥ SV .
angle tan_l ~ —cos” = |with the x - axis.
X X
Answer
The equation is tan% = —logx + c

It is passing through (1,2)

tang = —logl + ¢
=1=0+c
=c=1

Putting the value of c in the above equation
. ¥y _
“tan 7 = —logx + 1

16. Question

Find the curve for which the intercept cut - off by a tangent on the x - axis is equal to four times the ordinate
of the point of contact.

Answer
Let P(x,y) be the point of contact of tangent and curve y = f(x).

It cuts the axes at A and B so, the equation of the tangent at P(x,y)
Y-y =%X-x)
dx
Putting X =0
Y-y=%0-
y dx( X)
Y=y-x¥
- y de
So, A0, y - X&)
dx
Now, puttingY =0
0-y=%Xx-
y dx( X)
dx
=2>X=X- yd—]rr
So, B(x - yE,O)
dy

Given, intercept on x - axis = 4x ordinate
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d> X
Zr4==
dy

dy ¥

We can see that it is a linear differential equation.
Comparing it with ? +Px=0Q
¥
P=>Q=-4
¥

I.LF = elPdy
— 1dy
= e— -

J ¥
= e - logy

1

¥

Solution of the given equation is given by

x X I.LF = [Q x L.LF dy + logc

=>xx(3)=j—4x3dy+logc
¥ ¥

=>;=—4Iogy+logc
ﬁ;=logy‘4+logc
b 4
~=logcy 4
:y gcy
X -
ﬁe§=cy 4

17. Question

Show that the equation of the curve whose slope at any point is equal to y + 2x and which passes through
the originis y + 2(x + 1) = 2e2X,

Answer
Given slope at any point =y + 2x

- 9y

dx=y+2x

dy
=> —_— ==
™ Vv 2X

We can see that it is a linear differential equation.
Comparing it with &¥ =
p g w b Py = Q
P=-1,Q=2x
I.F = e/Pdx
— ej - dx

=e—X
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Solution of the given equation is given by
y X LF=[QXxLFdx +c

s2yxe X=[2xxe Xdx+c

=>ye X=2[xxe Xdx+c

s>ye X=-2xe X" 2e X+

=y =-2x-2+ceX ... (1)

As the equation passing through origin,
0=0-2+4+cx1

=2Cc=2

Putting the value of c in equation (1)
Ly =-2x-2 4 2&

18. Question

The tangent at any point (x, y) of a curve makes an angle mn—l(jx +3y)with the x - axis. Find the equation

of the curve if it passes through (1, 2).
Answer
19. Question

Find the equation of the curve such that the portion of the x - axis cut off between the origin and the tangent
at a point is twice the abscissa and which passes through the point (1, 2).

Answer
Let P(x,y) be the point of contact of tangent and curve y = f(x).

It cuts the axes at A and B so, equation of tangent at P(x,y)
Y-y=%X-x)
dx
Putting X =0
Y-y=2%0-
y dx( X)
Y=y-x¥
- y de
So, A0, y - x¥)
dx
Now, puttingY =0
0-y=2%x-
y dx( X)
dx
=>X=X- yd—]rr
So, B(x - yE,O)
dy

Given, intercept on x - axis = 4x ordinate

dx
=X -y—=2X
dy
- dx
ydy
dx  dy
x ¥
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= -logx = logy + C ...... (1)

As it passes through (1,2)

So, the point must satisfy the equation above
-logl =log2 + ¢

=0 =10g2 + ¢

=Cc=-log2

Putting the value of c in equation (1)
- logx = logy - log2

= log2 = logx + logy

= log2 = logxy

=Xy =2

20. Question
. . e dy .
Find the equation to the curve satisfying X(x + 1)_- -y = X(X + 1)and passing through (1, 0).

Answer
=x(x + 1)%—3} =x(x+ 1)

Yy
dx  x(x+1)

We can see that it is a linear differential equation.
Comparing it with & =
p 9 ™ + Py Q

P=-—2_Q=1

x(x+ 1]'

I.F = e/Pdx

= _ 1 dx
- e'[ x(x+1)

— 1 1. dx
=e - _Z
J.[::(+1 3-.')

= glog|x + 1] - log|x|
— alogpxt1l
= €95

x+1

X

Solution of the given equation is given by

yxLF=[Qx LFdx + ¢

=>yx"i1=j1xxildx+c

:yxx+1

=j(1+i)dx+c

X

x+1

>y X =X+ logx + C ...... (1)

As the equation passing through (1,0),

0=1+logl +c
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>c=-1

Putting the value of c in equation (1)

1 x +logx -1

Sy X
21. Question

R T

Find the equation of the curve which passes through the point (3, - 4) and has the slope iat any point (x,
X

y) on it.

Answer

Given the slope of the tangent = 2y
X

We know that slope of tangent = ?
X

.dy 2y
de | x
- Gy _ 2dx
v X

Integrating both sides,

=T =2

X

Now, the curve passes through (3, - 4)
So, it must satisfy the above equation

2c

=>-4=(3)2xc
=-4=09cC
=C = _E

9
Putting the value of c in equation (1)
. 4
y = _EX
22. Question

Find the equation of the curve which passes through the origin and has the slope x + 3y - 1 at any point (x,
y) on it.

Answer

Given Slope of the equation at any point (x,y) = x + 3y -1

=>?=x+ 3y—1

X
dy
= _ — _
™ 3y x—1
We can see that it is a linear differential equation.
Comparing it with & =
p g = T Py = Q

P=-3,Q=x-1
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I.F = e/Pdx

=ef - 3dx

= e -3

Solution of the given equation is given by
y X LF=[Q X ILFdx +c

syxe X=[(x-1)xe 3dx +c¢

:yxe‘3x=(x—1)x—ée‘3x—f(1)—§e‘3xdx+c

=>yxe‘3x=(x—1)x—ée‘3x+(—§e‘3x)+c

X

sy =—-+ 114 e

=>y=—'—+z—|—cea:‘ ...... (1)
As the equation passing through origin(0,0)

0=0+2+c
9

$C=_E
9

Putting the value of c in equation (1)
. b4 2 2

Sy o= _E + ;—aea:‘

23. Question

At every point on a curve, the slope is the sum of the abscissa and the product of the ordinate and the
abscissa, and the curve passes through (0, 1). Find the equation of the curve.

Answer

Given the slope at any time = x + xy

We know that slope of tangent = dy

dx
Ly
= = X(1+7y)
d
=L = xdx
1+y

Integrating both sides,
Ay _
= [ Tey [ xdx

2

=log|l + y| ="?+.; ...... (1)

Now, the curve passes through (0,1)
So, it must satisfy the above equation
. :(Z
“log|l + y| = S tc
=>log2=0+c

= C = log2

Putting the value of c in equation (1)
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Z
“log|l + y| = % + log2
24. Question
A curve is such that the length of the perpendicular from the origin on the tangent at any point P of the curve

is equal to the abscissa of P. Prove that the differential equation of the curve is }.-3 —2xy d_" — X3 = ().and

hence find the curve.

Answer

dy
2 _ Y a2
v nydx x*=0

>y _ oy x

dx 2yx

It is a homogenous equation,

Putting y = kx
dy dk
E =k + XE
dk  k?x?—x?
So, st =
K+ X% = 2
dk k?x? —x? .
T T T 2k
dk k?x? —x? — 2k?x?
¥ T 2kx?
dk —k?x? — x?
T T T 2k
dk B k-1
¥ T 2k
2k dk — dx
= 1+ k2 N X
J‘ 2k dk — dx
Tl1 ™7 X
= log|1 + k?| = —logx + logc
= log|1 + k?| = —logx + logc
C
= log|l + k?| = log;

Putting the value of k

2

Vv C
1(:-gl+x—2 = log;
X% + y? C
== -

x2 X

“x2+y?P-x =0

Differentiating with respect to x,

dy
2x + Zyﬁ—c =0
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:E _ c—2%
dx 2y

Let (h,k) be the point where tangent passes through origin and the length is equal to h. So, equation of
tangent at (h,k) is
dy
—k) = —(x-h
(y-K) = T (x—h)

c—2h
2k

=(y-k = (x—h)

= 2ky - 2k? = cx - ch - 2hx + 2h?

= x(c - 2h) - 2ky + 2k? -hc + 2h?2 =0

= x(c - 2h) - 2ky + 2(k? -2h) -hc =0

= x(c - 2h) - 2ky + 2(ch) - hc = 0 ( h? + k? = ch as (h,k) on th curve)
= Xx(c-2h)-2ky +hc=0

Now, Length of perpendicular as tangent from origin is

ax + by + ¢

VaZ + b2

0x(c—2h) + 0 x(—2k) + hc

=L =
\f(c— 2h)? + (—2k)?
hc
=L =
V2 + 4h?Z —4ch + 4k2
hc
=L =
\fcz + 4(h? + k% —ch)
L hc
= = —_—_
\,’I:2 + 4(0)
hc
=L=—=nh

C
Hence, x? + y2 = cx is the required curve.
25. Question
Find the equation of the curve which passes through the point (1, 2) and the distance between the foot of the
ordinate of the point of contact and the point of intersection of the tangent with the x - axis is twice the
abscissa of the point of contact.
Answer
Let P(x,y) be the point of contact of tangent and curve y = f(x).
It cuts the axes at A and B so, the equation of the tangent at P(x,y)
Y-y= (X - x)
dx
Now, puttingY =0

0-y=%x-
y dx( X)
dx
:X_X_yd_y
So, B(x - y=,0)
dy

Given, the distance between the foot of ordinate of the point of contact and the point of intersection of

Get More Learning Materials Here : & m @\ www.studentbro.in



tangent and x - axis = 2x

BC = 2x

J(x—yj—;)g + (0)2 = 2%

d
= y—Y = 2X
dy

Integrating both sides we have

=logx = 2logy + c...... (1)

As it passes through (1,2)

So, the point must satisfy the equation above
logl = 2log2 + ¢

=0 =2log2 + ¢

= C = - 2log2

Putting the value of c in equation (1)

logx = 2logy - 2log2

= logx = 2(logy - log2)

= logx = Zlogg

=logx = log G)z

2

=>yx =L

T4
26. Question

The normal to a given curve at each point (x, y) on the curve passes through the point (3, 0). If the curve
contains the point (3, 4), find its equation.

Answer

Given the equation of normal at point (x,y) on the curve
Yy = — ey
“Y-y = -5, &%)

Now, the curve passes through (3,0)

=ydy = (3 —x)dx

Integrating both sides

= J-ydy = J-(B—x)dx
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y2+x2 3x +
=;-2 Z_X C

It also passes through (3,4),s0

OO

2 2 =3x3 +c
16 + 9
= -9 =c
=;.§—9—|:

2

25—-18

2 =C

7
=:-c—§

Putting the value of c in equation(1)
2 2

v X 7

—+ - =3x+ =

2 T2 T T3

>y +xP=6x+7

27. Question

The rate of increase of bacteria in a culture is proportional to the number of bacteria present, and it is found
that the number doubles in 6 hours. Prove that the bacteria becomes eight times at the end of 18 hours.

Answer
Let the count of bacteria be C at any time t.

According to the question,

dC .
—
dt
= ? = kc where k is a constant
t
=dC = kCdt
dc
:E = l{dt

Integrating both sides, we have

= fd_; = k[dt

= log|C| = kt + a...... (1)

Given, we have C = Cy when t = 0 sec

Putting the value in equation (1)

~log|Cl =kt + a

=1log| Cog| =0+ a

=a = log| Cy| ...... (2)

Putting the value of a in equation (1) we have,

log|C| = kt + log| Cg|

= log|C| - log| Co| = k t loga - logb = log(3)]
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Also, att = 6 years, C = 2(,
From equation(3),we have
°9 ()

= kx6 = log (L0
Cco

Now, equation (3) becomes,

C log2
08T = 6 "
Now, C = 8C,

8C0 log2
g (o) = 7% xt
=log8 = 1052 %Xt
=log2? = ngz Xt
= 3log2 = lngz %Xt
=>t=18

. The time required = 18 hours
28. Question

Radium decomposes at a rate proportional to the quantity of radium present. It is found that in 25 years,
approximately 1.1% of a certain quantity of radium has decomposed. Determine approximately how long it
will take for one - half of the original amount of radium to decompose?

[Given 10g.0.989 = 0.01106 and loge2 = 0.6931]
Answer
Let the quantity of radium at any time t be A.

According to the question,

dA A

—

dt
dA .

= - = —kaA where k is a constant
t

=dA = —kAdt
dA

= —kdt

Integrating both sides, we have
dA
= =-k/dt
==k
= log|A| = -kt + c...... (1)
Given, Initial quantity of radium be Ag when t = 0 sec

Putting the value in equation (1)

“log|Al = -kt + ¢
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=log| Agl =0 + ¢

Putting the value of ¢ in equation (1) we have,

log|A| = - kt + log| Ag|

= log|A| - log| Ao| = - k t lloga - logb = log(2)]

Given that the radium decomposes 1.1% in 25 years,
A =(100-1.1)% = 98.9% = 0.989 Ay at t = 25 years
From equation(3),we have

. _ kt = log (2:98%40
03 (2%

= - kx25 = log (0.989)

=k =— log0n.989
25

. The equation becomes

A log0.939
log (£ = - 285755
g AO) 25

Now, A = Ao
2

A log0.989,

~log () = - 2827
9 AO) 25

10g0.989t

log (A3 = -
= og(QA) 25

_ logO.QSQt

1
:10 - =
g2 25

= _log2 = _k’ﬁ;’ﬁt (log 2 = 0.6931 and log 0.989 = 0.01106)

25xlog2

= t =
log0n.989

25x0.6931
0.01106

=t =

=t = 1567 years

29. Question

2 2

Show that all curves for which the slope at any point (x, y) on itis —= are rectangular hyperbola.
2xy

Answer
x? +y?

Given the slope of the tangent = .
Xy

S

Vdx 2xy

It is a homogenous equation,

Putting y = kx
dy dk
& =k + XE
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So, _ _
k + Xd T
dk 1+ K?
- ¥— = _
*d 2k
dk 1+ k? —2k?
T T 2k
dk 1-—K?
= —_— =
*ax T T2k
2k dk — dx
= 1—-k2 X
—2k dk = _2 dx
Tk T
= log|1 —k?| = —2logx + logc
= log|1 —k?| = —logx® + logc
C
= log|1 —k?| = log;

Putting the value of k

2

y C
log l_x_2 = log;

= = —

xz — yz =
30. Question

The slope of the tangent at each point of a curve is equal to the sum of the coordinates of the point. Find the
curve that passes through the origin.

Answer
Given slope at any point = sum of coordinates = x + y

= 4y

dx=y+x

dy
= = =
dx y X

We can see that it is a linear differential equation.
Comparing it with % + Py =Q

P=-1,Q=x

I.F = eJPdx

— ej - dx

=~ X

Solution of the given equation is given by

yXLF=[QxI|LFdx +c
syxe X=[xxe Xdx+c

=>ye X =[x x e Xdx + c (Using integration by parts)
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As the equation passing through origin,

0=0-14+cx1

=c=1

Putting the value of c in equation (1)

ny=-x-1+¢€

>x+y+1=¢

31. Question

Find the equation of the curve passing through the point (0, 1) if the slope of the tangent to the curve at
ea_ch of its point is equal to the sum of the abscissa and the product of the abscissa and the ordinate of the
point.

Answer

Given slope at any point = sum of the abscissa and the product of the abscissa and the ordinate = x + xy

According to question,

dy

= = =
™ X+ xy
dy

2 =—Xy = X
dx Y

We can see that it is a linear differential equation.
Comparing it with &¥ =
p g w b Py = Q
P=-x,Q=x
I.F = e/Pdx
= ej - xdx

— xz
[~

Solution of the given equation is given by

yxLF=[Qx LFdx + ¢

ﬁyxe:'{2=J\X)(e_:l{?2dx+c ...... (1)

2

— x2
Letl—fxxe_?dx
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As the equation passing through (0,1),
l=-1+cx1

=2Cc=2

Putting the value of c in equation (1)

oy — x2
cy=-1+2+

32. Question

The slope of a curve at each of its points is equal to the square of the abscissa of the point. Find the
particular curve through the point ( - 1, 1).

Answer

Given the slope of the curve = square of the abscissa = ¥

dy 2
= = = X
dx
=dy = x?dx

Integrating both sides we have,
= [dy = [x%dx

Sy = § d Coreens (1)

The curve passes through point ( - 1,1)
13

l=—-—+c¢
3

1= —-Z+4c¢
3

1 4

Putting the value of c in equation (1)

x? . 1
YT 3 73
33. Question

Find the equation of the curve that passes through the point (0, a) and is such that at any point (x, y) on it,
the product of its slope and the ordinate is equal to the ab.

Answer

Given product of slope of the curve and ordinate = x

dy
= _— =
y dx X

= ydy = xdx
Integrating both sides we have,

= [ydy = [xdx
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Putting the value of c in equation (1)

2 XE a2
e y— = — + —_—
2 2 2

=:-y2—x2 — a2

34. Question

The x - intercept of the tangent line to a curve is equal to the ordinate of the point of contact. Find the
particular curve through the point (1, 1).

Answer
Let P(x,y) be the point on the curve y = f(x) such that tangent at Pcuts the coordinate axes at A and B.

It cuts the axes at A and B so, equation of tangent at P(x,y)
Y-y =2(X-x)
dx

Now, puttingY =0
0-y=%X-x

y dx( )

dx
=2>X=X- yd—l'r
So, B(x - y=,0)
dy

Given, intercept on x - axis =y

=X - & -

Yoy =Y
o3 - X

Yoy =Y

dx
- _ g X

dy ¥
dx X
:————_1 ...... (1)
dy v

We can see that it is a linear differential equation.

C ing it with & -
omparing it with = + Py = Q

=-1qg=-1
¥
I.F = elPdy
— Ldy
=e| —-
I y
=e-logy =1y
¥

Solution of the given equation is given by

XX LF=[QxI|LFdy +c
:xxi=f—1x1dy+c
¥ ¥
= -logy + c...... (1)

As the equation passing through (1,1)
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0=-1+c
ﬁC:l

Putting the value of c in equation (1)

.4

SL—-=-logy +1
v ay

= x =y -ylogy

Very short answer

1. Question

Define a differential equation.
Answer

Differential Equation: An equation containing independent variable, dependent variable, and differential
coefficient of dependent variable with respect to independent variable.

. dy
l.E. dl’

Here y is dependent variable and x is independent variable.

Examples: (1) ? = x2
X

(z)dzerZdy_ o
Tez T g~ Sinx

dy’
() v
(3) \g) Ty=x
1. Question
Define a differential equation.

Answer

Differential Equation: An equation containing independent variable, dependent variable, and differential
coefficient of dependent variable with respect to independent variable.

. dy
l.e. dl’

Here y is dependent variable and x is independent variable.
Examples: Y _ 2
p (1) — =X

(2)d2y+2dy_ o
Toz T, = sinx

dyy
(@) e
() \g¢) Ty=x
2. Question
Define order of a differential equation

Answer

ORDER: The order of a differential equation is the order of the highest derivative involved in the equation.
Examples: (1) & — y2 (2)%¥ 1 2% _ giny

p (1) =X (2) = T, = sinx
= In example 1 order of differential equation is 1.

= |n example 2 order of differential equation is 2.
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2. Question
Define order of a differential equation
Answer

ORDER: The order of a differential equation is the order of the highest derivative involved in the equation.

Examples: (1) g = y2 (2)%+% = sinx

= In example 1 order of differential equation is 1.
= In example 2 order of differential equation is 2.
3. Question

Define degree of a differential equation

Answer

DEGREE: The degree of differential equation is represented by the power of the highest order derivative in
the given differential equation.

The differential equation must be a polynomial equation in derivatives for the degree to be defined and must
be free from radicals and fractions.

Examples:

(1)d2y+2dy_ o
T2t = sinx

2

@ (2) 1y
(3)@ + cos (@) = bx
dx? dx?
= In example 1 order of differential equation is 2 and its degree is 1.
= In example 2 order of differential equation is 1 and its degree is 2.

= In example 3, the differential equation is not a polynomial equation in derivatives. Hence, the degree for
this equation is not defined.

3. Question
Define degree of a differential equation
Answer

DEGREE: The degree of differential equation is represented by the power of the highest order derivative in
the given differential equation.

The differential equation must be a polynomial equation in derivatives for the degree to be defined and must
be free from radicals and fractions.

Examples:

(1)d2y+2dy_ o
Tez T g~ Sinx

2

@ o=

3% 4 cos(L2) = 5x
dx? cos dx2] X

= In example 1 order of differential equation is 2 and its degree is 1.

= In example 2 order of differential equation is 1 and its degree is 2.
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= In example 3, the differential equation is not a polynomial equation in derivatives. Hence, the degree for
this equation is not defined.

4. Question

Write the differential equation representing the family of straight lines y = Cx + 5, where C is an arbitrary
constant.

Answer

We are given
y=Cx+5---(1)
Differentiating w.r.t x we get,

dy
= — =
dx

Put value of Cin (1)

c1+0=C

V= x.? + 5 is the required differential equation.
i\ .

4. Question

Write the differential equation representing the family of straight lines y = Cx + 5, where C is an arbitrary
constant.

Answer

We are given

y =Cx + 5 ---(1)
Differentiating w.r.t x we get,

dy_
z;'dx_

Put value of Cin (1)

C1+0=C

V= x.? + 5 is the required differential equation.
- b o

5. Question

Write the differential equation obtained by eliminating the arbitrary constant C in the equation x2 - y2 = C2.
Answer

We are given

x2 - y2 = 2

Differentiating w.r.t x we get,

dy
=2x—2y..—-=0
Tdx

=y — V.? — p is the required differential equation.
- X
5. Question

Write the differential equation obtained by eliminating the arbitrary constant C in the equation x2 - y2 = C2.
Answer
We are given

x2 - y2 = 2
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Differentiating w.r.t x we get,

dy
=2x—2y..—-=0
Tdx

=y — V.? — p is the required differential equation.
- X

6. Question

Write the differential equation obtained eliminating the arbitrary constant C in the equation xy = C2.
Answer

We are given

xy = C?

Differentiating w.r.t x we get,

dy
=21y+-—.x=0
< dx

=y 4+ ?.x = ( is the required differential equation.
J .

6. Question

Write the differential equation obtained eliminating the arbitrary constant C in the equation xy = c2.
Answer

We are given

xy = C2

Differentiating w.r.t x we get,

dy
=1ly+—.x=0
- dx

= v+ ?_1— = ( is the required differential equation.
“ X

7. Question

: 1/4
&y
dle

Write the degree of the differential equation 33

dy ]2
dx

Answer

We are given

2. 04 241
= azﬂ = 1+(di)
dx? dx

4 2
= a® @ =1+ (d_V)
\dx? dx

Here the order of differential equation is 2 and its degree is 4.

7. Question
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14

-

d-y |

dy |
dx? ]\

Write the degree of the differential equation 4= 1+

dy T
dx

Answer

We are given

() (i (@)
Taxz) T dx

s (L2) 21 (L)
@ dx2 ) — dx

Here the order of differential equation is 2 and its degree is 4.
8. Question

V3

d*y
dx? |

Write the order of the differential equation ] +

d}-“j__l,
de o

Answer

We are given

(@) - (B2

dx dx?
Here the Order of differential equation is 2 and its Degree is 3.
8. Question
d*y Y
dxj] |

Write the order of the differential equation ] +

d}-“j__l,
de o

Answer

We are given

1+(dy)2—7 )’
dx/  "\dx?

Here the Order of differential equation is 2 and its Degree is 3.

9. Question

dy

Write the order and degree of the differential equation ;; _ X— +3.]1+
i dx

Answer

We are given

2

o[ @)
Y= ™t dx
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YA TG dx

Squaring both sides, we get,

e
Ve T ¢ dx

L an dy dyy’
=y +x (—) —2yx——=a+a ( )
dx dx

2

(dv)( 2)_ 3. d+ 0
=:-dl;tt1 deva—

Here the order of differential equation is 1 and its degree is 2.

9. Question

\ 2
Write the order and degree of the differential equation y = Xd_‘ +a. l1+ d_" .
dx dx
Answer
We are given
Do i+(2)
y=x dx @ dx
dy - (dy)z

=y—X - a i
Squaring both sides, we get,

(=) -+ (@)
R dx/ “ dx

242 (d}r)z 5 dy 24y (dv)

= == —2.y.x—=

yoox dx Y- X dx “ dx

dy

( )(1 a?) — vad—+v—a—0
Here the order of differential equation is 1 and its degree is 2.
10. Question

i 2 2 i A
Write the degree of the differential equation q _[ d_‘J = 2};2 lgg d : ]
dx~ dx~

Answer

We are given

d2y+(dy)2_2 | dzy
dx2z " \dx X108\ a2

Here the order of differential equation is 2 and its degree is not defined as highest order derivative is a
function of logarithmic function and it is not a polynomial equation in derivatives.

10. Question
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.2 2.
Write the degree of the differential equation d 1 _[diJ = 2};2 lgg[ d ) ]

Answer

We are given

d2y+(dy)2_2_21 dy
dxz  \ax) %%\ ax

Here the order of differential equation is 2 and its degree is not defined as highest order derivative is a
function of logarithmic function and it is not a polynomial equation in derivatives.
11. Question

Write the order of the differential equation of the family of circles touching X-axis at the origin.

Answer

Differential Equation of the family of circles touching X-axis at the origin is
=x% + (y - k)2 = k2

Here (0,k) is the center of the circle and radius k.
=x2+y?+k2-2xkxy=IK

=x2+y2-2xkxy=0--(1)

Differentiate w.r.t x we get,

2x +2 ay 2k ay 0
= 2x — — 2K.—=
* ydx dx

dy
=:-1+a(y—k)—0

o dy
_l+a.}7

Sk="ay
dx

Put value of kin (1) we get,

o, dy
2 2 l+ﬁ'y
dx
dy dy
—(xZ+y)—2y.x—2.y*—=0
=>dl_(x yi)—2.y.x—2y T

= g (x2—y3)—2.yx=0 is the differential equation of the family of circles touching X-axis at the origin.
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Here the order of differential equation of the family of circles touching X-axis at the origin is 1.
11. Question

Write the order of the differential equation of the family of circles touching X-axis at the origin.

Answer

Differential Equation of the family of circles touching X-axis at the origin is
=x2+(y-k?=k?

Here (0,k) is the center of the circle and radius k.
=x2+y?+k2-2xkxy=kK

=x2+y2-2xkxy=0--(1)

Differentiate w.r.t x we get,

2x +2 ay dey—()
=2+ 2y v

dy
=>l+a(}7—k)—0

l+§—IV
dx

Put value of kin (1) we get,

L ay
2 2 l+ﬁ'y
=x“+y-—2.y d—_‘v =0
dx
dy dy
—x*+y) -2 yx-2y*=—-=0
=ty -2 yx 2.7

= ? (x? — v2)— 2.v.x = 0 is the differential equation of the family of circles touching X-axis at the origin.
- ] ]

Here the order of differential equation of the family of circles touching X-axis at the origin is 1.
12. Question

Write the order of the differential equation of all non-horizontal lines in a plane.

Answer

We know equation of a line in a plane is

ax+by=1

Now equation of non-horizontal lines in a plane is given by,
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ax+by=1a=0

Now a and b are two constants here we differentiate twice w.r.t y we get,

« o h1—0

d2x+0 0
=a—-— =
dy?

d*x 0
=:-a.dy2—

Since a # 0 then,

= dx 0 is the differential equation of all non-horizontal lines in a plane.

aE
Here the order of differential equation of all non-horizontal lines in a plane is 2.
12. Question
Write the order of the differential equation of all non-horizontal lines in a plane.
Answer
We know equation of a line in a plane is
ax +by=1
Now equation of non-horizontal lines in a plane is given by,
ax+by=1,a=0

Now a and b are two constants here we differentiate twice w.r.t y we get,

« o h1—0

d2x+0 0
=a—-— =
dy?

d*x 0
=:-a.dy2—

Since a # 0 then,

= dx 0 is the differential equation of all non-horizontal lines in a plane.

dy? -
Here the order of differential equation of all non-horizontal lines in a plane is 2.
13. Question
If sin x is an integrating factor of the differential equation dy/dx + Py = Q, then write the value of P.

Answer

Since ?4_ Py = @ is a linear differential equation
X -

Integrating factor = el P 9 = sin x (Given)
Taking log both sides we get,

= log (el P 9X) = |og (sin X)

= [ p dx log (e)= log (sin x)

= [ pdx =log (sinx) - log(e) =1
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Differentiate w.r.t x we get,

d i
= a[_[ pdx) = alog(smx}

1
= p=-——.008SX = cOtx
sinx
~ P =rcotx

13. Question
If sin x is an integrating factor of the differential equation dy/dx + Py = Q, then write the value of P.

Answer

Since ?4_ Py = @ is a linear differential equation
X -

Integrating factor = el P 9 = sin x (Given)
Taking log both sides we get,

= log (el P 9X) = |og (sin x)

= [ p dx log (e)= log (sin x)

= [pdx =log (sinx)-log(e)=1

Differentiate w.r.t x we get,

d i
= a[_[ pdx) = alog(smx}

1
= p=-——.008SX = cOtx
sinx
~ P =cotx

14. Question

Write the order of the differential equation of the family of circles of radius r.

Answer

To find the Order we first need to find the differential equation of the family of circles of radius r.
In general, the equation of circle with center (a,b) and radius r is given by,
(x-a)+(y-b)?2=r2-—(1)

Differentiating above equation w.r.t x
dy
=2(x—a) +2(y—b).$= 0

S - +@-0.2Z=0=(x-a) =-(y-b.Z-Q2)

Again differentiating above equation w.r.t x

()8 B
= dx/ dx dxz(y )=
22
N
dx?

Putting value of (2) and (3) in (1) we get,
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&y
dx?
2 2
dy z dy 2
[” (@) ] [” (&)
Tl @&y @ - dyy -
dx? dx?
2
dy z
[l + (a) (d}’)z 1o,
dx?

an? 1 [d2y\
- N -2
= [(dx) * 1] (dxz) .

is the required differential equation.

Here the order of differential equation of the family of circles of radius r is 2.

14. Question

Write the order of the differential equation of the family of circles of radius r.

Answer

To find the Order we first need to find the differential equation of the family of circles of radius r.

In general, the equation of circle with center (a,b) and radius r is given by,

(x-a)?+ (y-b)?=r?-(1)

Differentiating above equation w.r.t x

dy
= 2(x—a)+2(y—b).$= 0

= (x—a)+(y—b).Z=0= (x—a) =—(y—b).Z ~(2)

Again differentiating above equation w.r.t x

dyy dy d%y
=1 (—)—

+ dx dx+a(y—b)=0

dy z
dx?

Putting value of (2) and (3) in (1) we get,

2

dy :
dy1? 1+(E) )
= [—(V—b)a + —T =1
dx?
2 2
dy\’ dy\’
[“ &) dy 1+ (&)
= —Ta + azy =1
dx? dx?
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an’ 1P fdy\
- = —= -2
- [(dx) * ll (dxz) a

is the required differential equation.

Here the order of differential equation of the family of circles of radius r is 2.

15. Question

Write the order of the differential equation whose solution is y = a cos x + b sin x + c €*,

Answer

Solution of differential equation is

y=acosx+bsinx+ceX--—-(1)

Since it has 3 constants a, b, ¢ we differentiate it by 3 times

Differentiate w.r.t x we get,
d . _
- d—i = —qa.sinx + b.cosx — ce ™ -—-(2)

Again, differentiate w.r.t x we get,

d2v . _
=== —a.cosx —b.sinx +ce™ ---(3)

Again, differentiate w.r.t x we get,

d?y \ _
=~ = q.sinx —b.cosx — ce ™ -—(4)
dac?

Equation (3) implies

LY ppx -x From (1)
=== (y—ce™) +ce
d*y
=—=2ce " —
dx? Y
—x _ 1 dzy e
= ce " = (_dxz + y) (5)

Now, adding equation (2) and (4) we get,

dy+d3y_ A
=>dx dx3 ce
dy+d3y 5 1 d2y+
- 1~ = 2| —=
dx dx?3 2\ dx? Y

d3y+d2y+dy+ =0
=>dxa dx? dx Y=

is the required differential equation.
Here the order of differential equation is 3.

15. Question

Write the order of the differential equation whose solution is y = a cos x + b sin x + c X,

Answer
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Solution of differential equation is

y=acosx+bsinx+ceX--(1)
Since it has 3 constants a, b, c we differentiate it by 3 times

Differentiate w.r.t x we get,
d . _
=2 — _asinx+b.cosx —ce™ —(2)
dx
Again, differentiate w.r.t x we get,

d2y . _
== _—q.cosx —b.sinx +ce ™ —(3)
da?

Again, differentiate w.r.t x we get,

d?y \ _
=~ = q.sinx —b.cosx — ce ™ -—(4)
dac?

Equation (3) implies

d2y

Y _(v—pe=x -x From (1
== (y—ce™) +ce (1)
d?y
=== 2ce " —
dx? Y
—x _ 1(d%y -
= ce —z(dx2+y) (5)

Now, adding equation (2) and (4) we get,

dy+d3y -

E ' =

dx dx3 ce
dy+d3y_ 5 1 d2y+

=>dx dx3 2\ dx? Y
d*y d*y dy
— Tty =0

is the required differential equation.
Here the order of differential equation is 3.
16. Question

Write the order of the differential equation associated with the primitive y = G + C, €* + C3 2 + (g,
where Cq, C,, C3, C4 are arbitrary constants.

Answer
y=C +GC eX+ Cs e X 4 Cy ---(1)
Since it has 4 arbitrary constants Cy, C,, C3, C4 we differentiate it by 4 times

Differentiate w.r.t x we get,

dy —
= 2= (" — 20,07 —(2)

Again, differentiate w.r.t x we get,

d*y
= — =

5= Ce¥ + 40 (3)

Again, differentiate w.r.t x we get,

day_

dx?

= C,e* — 8Cyx 2* -—(4)
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Again, differentiate w.r.t x we get,

déy _
da

Cre™ + 16C;x72* -(5)

Now, (2) - (3) we get

R o S )

dx dx?

Now, (4) - (5) we get

d3y d*y
] y_ —2x _ — —2
= 5T = 4G T =4 X 60
d®y _dby _ (E _ ﬁ) From (6)
dx?  dx* dx  dx?

d*y d3y+4 dy d*y o
z;'dx“ dx3 dx dx2)

is the required differential equation
Here the order of differential equation is 4.
16. Question

Write the order of the differential equation associated with the primitivey = G; + C; X + C3 e72X + Cg,
where Cq, C,, C3, C4 are arbitrary constants.

Answer
y = C]_ + C2 eX + C3 e‘zx + C4 ---(1)
Since it has 4 arbitrary constants C;, C;, C3, C4 we differentiate it by 4 times

Differentiate w.r.t x we get,

=2 = e — 20,07 (2)
Again, differentiate w.r.t x we get,
d2y

= -2 = Ce* + 4C,x 72 —(3)

dx?
Again, differentiate w.r.t x we get,

3
= 2Y_ 6% — 8C,x 2 —(4)

dx?
Again, differentiate w.r.t x we get,

4
=¥ Cye* + 160,172 —(5)

dx*
Now, (2) - (3) we get

dy d®y
=22 _ _gC,x2*---(6)
dx dx? 3

Now, (4) - (5) we get

d3y d*y
- T 24C. x P — 4% —6C.x 2"
dx dx4 3 :
&y diy _ (E_ﬂ) From (6)
dx? A dx  dx®

d*y d3y+4 dy d?y\
z;'dx“ dx3 dx dx2)

is the required differential equation
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Here the order of differential equation is 4.
17. Question
What is the degree of the following differential equation?

a4

R
dy |7 d°y

5x —J ———=—06y =logx.
dx dx~

Answer
dy z d*y _

5 (H) —m—év—logx

Here Order of differential equation is 2

Degree = Highest power of highest order derivative which is‘fz_-‘-z"
dx

. Degree =1
17. Question

What is the degree of the following differential equation?

dy " d?
\ “y
5% —J—J ——=—06y =logx.
dx dx~
Answer
(dr\* &%y _ .
5x (5) e 6y =logx

Here Order of differential equation is 2

Degree = Highest power of highest order derivative which is%
X

. Degree =1
18. Question

4 2.
EJ L33V g

Write the degree of the differential equation

dx dx*

Answer

(g)4+ 3x &Y _ g

Here Order of differential equation is 2

Degree = Highest power of highest order derivative which is‘fz_-‘-z"
dx

. Degree =1

18. Question

- | 2
Write the degree of the differential equation d_‘J +3x d”y =0
3 = :
dx dx~
Answer
AN
(H) +3x dx® 0

Here Order of differential equation is 2
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Degree = Highest power of highest order derivative which is‘fz_-‘-z"
dx

.. Degree =1

19. Question

Write the degree of the differential equation

2 ) N
di +y d—‘J +x° =0.
dx~

Answer

5x (E)z _dy_ 6y =logx

dx dx?

Here Order of differential equation is 2

Degree = Highest power of highest order derivative which isﬂ;
dx

. Degree =1

19. Question

2.0 I
Write the degree of the differential equation d_: +v d_t' + X3 =0.
dx~- " ldx
Answer
(an\* &y _ )
5x (5) — a6y = logx

Here Order of differential equation is 2

Degree = Highest power of highest order derivative which isﬂ;
dx

. Degree =1

20. Question

Write the differential equation representing family of curves y = mx, where m is arbitrary constant.
Answer

We are given the equation representing family of curves as,

y = mx --(1)

Differentiate w.r.t x we get,

dy
= — =
dx

Put value of m in equation (1) we get,

dy
= = —.X
Y=ax"

is the required differential equation representing family of curves y = mx.

m

20. Question

Write the differential equation representing family of curves y = mx, where m is arbitrary constant.
Answer

We are given the equation representing family of curves as,

y = mx --(1)
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Differentiate w.r.t x we get,

dy
= — =
dx

Put value of m in equation (1) we get,

dy
= = —.X
Y=ax"

is the required differential equation representing family of curves y = mx.

m

21. Question

4

2.\ G
Write the degree of the differential equation X3 d_"] +x d_‘J =0,

—
dx~
Answer

2 4
3 (dy (2
x (dxz) e (dx) =0
Here Order of differential equation is 2

2
Degree = Highest power of highest order derivative which is (ﬂ;’)
dx

.. Degree = 2

21. Question

Write the degree of the differential equation X3

Answer

By LA R A
x (dxz) tx (dx) =0
Here Order of differential equation is 2

Degree = Highest power of highest order derivative which is (@)2
dx?

.. Degree = 2
22. Question
. 3 N

5
Write the degree of the differential equation [ 1+ d : = d : .
dx” dx”

Answer
dzy 3 d%y z
(l—l_dxz) = (ﬁ)
dzy\’ d*y d2y\’ d2y\*
3 — Y — | =(—
=1 +(dx2) +3(1) (dx2)+ 3(1)(dl_2 T2

L () (B2 422
= dx? dx?2 dxz]

Here Order of differential equation is 2
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3
Degree = Highest power of highest order derivative which is (ﬂ)
dx?
. Degree =3

22. Question

Write the degree of the differential equation [ 1+ d_:] =
dx~

Answer
ay a2y\?
(1+@) =(@)
dzy\’ d’y d’y d2y\’
3 - 2 -
o1 +(dx2) 30D ( )+3m( ) (d)
dzy\’ dzy dzy\’
=>1+(ﬁ) +3(d 2)+2(ﬁ) =0

Here Order of differential equation is 2

3
Degree = Highest power of highest order derivative which is (ﬂ;’)
dx

. Degree = 3

23. Question

Write degree of the differential equation _" +3

dx-

dy
dx

J = x? log

Answer

dy an? o d’y
=+3(3) =x*10g(52)
Here Order of differential equation is 2.

Its degree is not defined as highest order derivative is a function of logarithmic function and it is not a
polynomial equation in derivatives.

23. Question

Write degree of the differential equation _" +3

dx-

d\- 3
=x"log
de

Answer

d>y an? o d’y
=+3(3) =x*10g(52)
Here Order of differential equation is 2.

Its degree is not defined as highest order derivative is a function of logarithmic function and it is not a
polynomial equation in derivatives.

24. Question

Write the degree of the differential equation

d?y [ dy J .
+| — = X5l
dx? dx
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Answer

d*y z dy z L fdy
(52) +(2) =xsin()
Here Order of differential equation is 2.

Its degree is not defined as it is not a polynomial equation in derivatives.

d*y ‘ [ d}-‘] .
—— | +| —=| =xsin
dx~ dx

24. Question

Write the degree of the differential equation

Answer

d*y z dy z L fdy
(52) +(2) =~sin(2)
Here Order of differential equation is 2.

Its degree is not defined as it is not a polynomial equation in derivatives.

25. Question

2 U4
Write the order and degree of the differential equation &3 _[ d_"J +x¥3 =g
il
dx- lLdx
Answer
] e 1
d-y dya =
Tz (H) +x5=10

Here Order of differential equation is 2

Degree = Highest power of highest order derivative which is (@)4
dx?

. Degree = 4

25. Question

2 U4
Write the order and degree of the differential equation dy _[ d_"J +x¥3 =g
il
dx- lLdx
Answer
] e 1
d-y dya =
Tz (H) +x5=10

Here Order of differential equation is 2
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4
Degree = Highest power of highest order derivative which is (ﬂ;’)
dx

. Degree =4

26. Question

The degree of the differential equation d_ L edvide _
dX-
Answer
z a‘_)
d— +edx=0

Here Order of differential equation is 2

Its degree is not defined as one derivative is exponent of exponential function and it is not a polynomial
equation in derivatives

26. Question

5

The degree of the differential equation d 1 Ledvidx _
dX-

Answer

a2y dy
“Liem=0

dx 2
Here Order of differential equation is 2

Its degree is not defined as one derivative is exponent of exponential function and it is not a polynomial
equation in derivatives

27. Question

How many arbitrary constants are there in the general solution of the differential equation of order 3.
Answer

Let any differential equation of order 3 be

d?y
d -3

Here A is any constant.

=4 (1)

Now, to know the number of arbitrary constants in the general solution we integrate both sides of equation
(1)

= J-—dx = J-A dx

'_V

Again integrating

J-—dx = J-(AerCl)dx

dy x?
= = As X+ G

Again integrating
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dy x?
ﬂj-adl—f A?+Clx+62 dx

Ax®  Cyx?
:;.'Vz——l— 2 +Czl+63

is the general solution of the differential equation with 3 arbitrary constants C;, C; Cs.

~. There are 3 arbitrary constants in the general solution of the differential equation of order 3.
27. Question
How many arbitrary constants are there in the general solution of the differential equation of order 3.
Answer
Let any differential equation of order 3 be
3
g =4 ——(1)

Here A is any constant.

Now, to know the number of arbitrary constants in the general solution we integrate both sides of equation
(1)

o [ g [ aa

V
=:-F—A1+Cl

Again integrating

d?
= dzdx—J-(A;tJrCl)d;t
ﬂI'q'l)—;flx2+i£' (+C
a2 SR

Again integrating

dy x2
= J-ad;t':f AE+CIJ¢'+C2 dx

is the general solution of the differential equation with 3 arbitrary constants C;, C; Cs.

~. There are 3 arbitrary constants in the general solution of the differential equation of order 3.
28. Question

Write the order of the differential equation representing the family of curves y = ax + &.
Answer

We are given

y=ax + a -- (1)

Differentiating w.r.t x we get

dy
= — =
dx @

Put value of a in equation (1) we get,
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is the required differential equation.
Since order is the highest order derivative present in the differential equation.
. Order = 1 and Degree = 3.
28. Question
Write the order of the differential equation representing the family of curves y = ax + 3.
Answer
We are given
y=ax +a - (1)
Differentiating w.r.t x we get
dy
= a=
Put value of a in equation (1) we get,

)
zpy_l'dx dx

a

is the required differential equation.
Since order is the highest order derivative present in the differential equation.
.. Order = 1 and Degree = 3.

29. Question

-

dy T L7y
dx

Find the sum of the order and degree of the differential equation y — x

et

dx

Answer

3 2.,
.d.v) d*y
y_x(dx +dx2

Order = Highest order derivative present in the differential equation.

.. Order =2

Degree = Highest power of highest order derivative which is‘fz_-‘-z"
dx

.. Degree =1
- Sum of the order and degree =2 + 1 =3

29. Question

Find the sum of the order and degree of the differential equation y = x

dx

dy T L7y

Answer

ay\? | 4%y

dx dx?

Order = Highest order derivative present in the differential equation.

.. Order =2

Get More Learning Materials Here : & m @\ www.studentbro.in



Degree = Highest power of highest order derivative which is‘fz_-‘-z"
dx

. Degree =1
- Sum of the order and degree =2 +1 =3

30. Question

Find the solution of the differential equation ,’1 + yzdx +}“"1+X2 dy = 0.

Answer

x\,mdx + W1+ x2dy=0

We can write above differential equation as
= y\fmdy = —xvmdx

By the method of variable separable we can write,

y X
= ———dy=——=dx
[1+y2 ~ V1+x2

N
Integrating both sides,

f Y 4 f L4
= | ——dy =— | ————1dx
J1+y? o v1+x2

letl+y?=tand1l+x =u
=2y dy = dt=2x dx = du
d L dt d L d
= == = xdxy=—-du
Y& =3 2
Putting values in integral we get,

1dr_ 1 du

= _
2J) 4t 2] \u

Putting values of t and u,

= J1+y2+1+x2+C

Where C is the arbitrary constant.

= /1+y2++/1+x2+C is the required solution of the differential equation.

30. Question

Find the solution of the differential equation ,’1 + yzdx +}“"1+X2 dy = 0.

Answer
X1+ y2de+yWl+x2dy=0
We can write above differential equation as

=y 1+ x2dy = —xy/1 +y2dx
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By the method of variable separable we can write,

y X
= ———dy=——=dx
J1+y2 o V1+x2

Integrating both sides,

y X
= | —dy = —f—dx

letl+y?=tand1l+x =u
=2y dy = dt=2x dx = du

d 1dt c dx ld
=y y—z = X 1—2 u

Putting values in integral we get,

1J’df_ 1 du

Y N N
1 1
1( tz 1 uz
3\ T\ T
2 2
= =—'I'E+C

Putting values of t and u,

= J1+y2+1+x2+C

Where C is the arbitrary constant.

= T+y2+V1+x2+C is the required solution of the differential equation.

MCQ
1. Question

Mark the correct alternative in each of the following:

The integrating factor of the differential equation (Xlggx)ﬁ +y = Zlogx. is given by

dx
A. log (log x)
B. eX
C. log x
D. x

Answer
. N &y _ .
(x logx)dery =2logx
Dividing x.log x both sides we get,

dy 1 2

zpa_i_y'xlogx: X

The above equation is of the form ? + Py = @ i.e. linear differential equation.
- )

2
and Q = —

Here, P =
xlogx X
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Integrating factor = e/ P dx

Considering [ P

1
=:-J-de=J- dx
xlogx

Putlog x =t

1
=—dx =dt
X

Putting values, we get,
1
= J-de = J-E dt = logt

= J-P dx = log(logx)

E_rde = glogllogx) _ logx
elogx — ¢
S ILF =log x = (C)

2. Question

Mark the correct alternative in each of the following:

The general solution of the differential equation d_" _J is:
A.log y = kx

B.y = kx

C.xy =k

D.y =k log x

Answer

Given:

dy y

dx  x
By the method of Variable separable we get,

dy dx
= = —
y X

Taking integral both sides

. J’dy B dx
¥y X

=log y=log x + log k

where log k is an arbitrary constant.

=log y=log x . k

“log x + log y = log xy

=y = kx

=(B)
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is the required general solution.

3. Question

Mark the correct alternative in each of the following:

Integrating factor of the differential equation COSXE 1 }"SiIlX =1.1is

A. sin x
B. sec x
C. tan x
D. cos x

Answer
dy .
cosx—+ysinx =1
d’x -

Dividing cos x both sides we get,

dy sinx 1
= —t+y—=—
dx ~ COSX COSX
dy
= —+ y.tanx = secx
dx -

The above equation is of the form ? + Py = @ i.e. linear differential equation.
- )

Here, P =tanx and Q = secx
Integrating factor = e/ P dx

Considering [ P

= J-de = J-tanx dx

= J-P dx = log|secx]|

E_rde _ Eloglsecxl
=sec X

elogx —

~ I.F = sec x = (B)

4. Question

dx

Mark the correct alternative in each of the following:

dx?

T
The degree of the differential equation [ d7y ] _[

A.1/2
B. 2
C.3
D. 4

Answer
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d2y\’ (dy)_ X
dx? dx =Y

Here Order of differential equation is 2

2
Degree = Highest power of highest order derivative which is (ﬂ;’)
dx

. Degree =2
= (B)
5. Question

Mark the correct alternative in each of the following:

\2
The degree of the differential equation J 5 _[ d_‘J —x°
dx

A. 4
B.2
C.5
D. 10

Answer

) -+(2)

Cubing both sides, we get,

wi|

5+ (dy)z 5 -15 d*y ’
= dx =X dx?
Order = Highest order derivative present in the differential equation.

Here Order of differential equation is 2

Degree = Highest power of highest order derivative which is (@)3
dx?

.. Degree = 3
6. Question

Mark the correct alternative in each of the following:

The general solution of the differential equation d_‘ +vcotx =cosec X. iS
ix

A.x+ysinx=C
B.x+ycosx=C

C.y+ x(sinx+cosx)=C
D.ysinx=x+C
Answer

dy
— 4+ ycotx = Cscx
dx -

The above equation is of the form ? + Py = @ i.e. linear differential equation.
- )
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Here, P = cot x and Q = cosec x

Integrating factor = e/ P dx

Considering [ P

= J-de= J-cotx dx

= J-P dx = log|sin x|

- el Pdx _ ploglsinx| _ gy v el09% = x
~ LLF = sin x

Now, General solution is

=2y (LF)=[Q(L.LF)dx + C

=>ysinx = [ cosec xsinxdx + C

1
= ysinx = J-,—.sinxdx +C
sinx

=:-ysinx=J-ldx+C

=ysinx=x+C

=(D)

7. Question

Mark the correct alternative in each of the following:

The differential equation obtained on eliminating A and B from y = A cos wt + B sin wt, is
Ay'+y =0

B.y"-w?y =0

C.y" = -w?y
D.y"+y=0

Answer

y = A cos wt + B sin wt ---(1)

Since we need to eliminate A and B, so we differentiate (1) twice.

Differentiating (1) w.r.t t we get,

dy
= E = —Aw sinwt + Bw coswt

Again differentiating (1) w.r.t t we get,

d?y 5 .
= —=—Aw " coswt — Bw*sinwt

dt?

dzy 2 : 2
== (Acoswt + Bsinwt) = —w*y
:yll = _wz y
=(C)

8. Question

Get More Learning Materials Here : & m @\ www.studentbro.in



Mark the correct alternative in each of the following:

g My
The equation of the curve whose slope is given by _" = i X > 0, y > 0 and which passes through the
X

point (1, 1) is
A x2=y
B.y2 = x
C.x2 =2y

D. y? = 2x
Answer

Slope of the curve is given by

dy 2y
—=—x=>0,v>=0
dx x :

By Variable separable

dy dx
= —=—
2y «x

Integrating both sides
J’dy dx
= | —=|—
2y X
1
= Elogy = logx +logC

= logy% =logCx

" log x + log y = log xy

= Jy=Ccx-(1)

Since curve passes through the point (1, 1), we get
=vV1=C.1

=C=1

Putting value of C in (1) we get,

=x=Vy

Squaring both sides

=x2 = y

=(A)

9. Question

Mark the correct alternative in each of the following:
The order of the differential equation whose general solution is given by
Y = €1C0S (2X + C3) - (C3 + C4) @*F © + cg sin (x - ¢7) is
A3

B. 4

C.5
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D. 2

Answer

Y = €1€0S (2X + C3) - (C3 + Cq) @*F © + ¢4 sin (x - ¢7)

=y = ¢; [c0S(2x). COs C; - sin (2x). sin c €5] - (c3 + ¢4) . aX + cglsin (x). cos ¢y - cos (x). sin c7)
=y = C1.C0S Cy . COS(2X)- Cy. Sin C €. sin (2x)- (3 + C4) @%. aX +Cg. COS C7 ¢ - SiN (X) - Cg. SiN C7.€OS (X)
Now, C7.C0S C5,C1. Sin c €5, (c3 + ¢4) @, cg. COS C7 & & Ce. Sin cy are all constants

7. C1.C0sCr = A

c1.sinc 9, =B

(c3+cg)a®=C

Cg. coOscy =D

Cg-Sincy =E

=y = A. cos(2x)- B. sin (2x)- C. @ +D ¢ ¢- sin (x) - E. cos (x)

Where A, B, C, D and E are constants

Since there are 5 constants, we have to differentiate y w.r.t x five times.

So, the Order of the differential equation =5

= (C)

10. Question

Mark the correct alternative in each of the following:

, , _ o dy ax+g
The solution of the differential equation & = =

by +f

represents a circle when

A.a=Db
B.a=-b

C.a=-2b

D.a=2b

Answer

dy  ax+g
dx  by+f

By Variable separable,
= (by + f) dy = (ax + g) dx
Integrating both sides

= [ (by + f) dy = [ (ax + g) dx

= b.£+ fyv = a.£+gx+c
2 - 2

= by? + 2fy = ax? + 2gx + C

Where C’' = 2C

We know general solution of circle is

(x - h)2 + (y - k)2 = 2
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Where (h, k) is center of the circle and r is radius.

By completing square method

2

<o B @) ()] - ol -
< oflrf) -] - elle -8 -] e

= a (1‘+g)2 —b. (y+’£)2 = (%)2 _ (g)z—c’

Now to form above equation as equation of circle we need

2 2

Coefficient of (1‘ + g) = Coefficient of (y + }—;)

i.,e.a=-b
= (B)
11. Question

Mark the correct alternative in each of the following:

T AN
The solution of the differential equation d_1' L2 (0 with y(1) = 1 is given by
dx x
1
A. W :—_’
%2
1
B. X = —
vy
1
Cx=—
'}.’
D. '} :l
X
Answer
dy | 2y _
at> =0
dy 2y
== ——
dx X
By the method of variable separable
dy dx
== ——
2y X

Integrating both sides we get,

dy dx
2y X
1
= Elogy = —logx +logC

=log Vy=log C. x1
“"loga+logb=1logab
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5_¢

=)

Squaring both sides, we get,

C

Now the given condition is y(1) =1

.. The solution of the differential equation is

=V =—
o ;[2

=(A)
12. Question

Mark the correct alternative in each of the following:

dy y(x+1)

The solution of the differential equation —— _

dx X

— () is given by

A.y = xex*C
B. x = yeX

Cy=x+C
D.xye*+ C

Answer

dy _ yGetD) _ o

dx x
dy y(x+1)
dx X

By the method of variable separable

dy (x+1)
= — =
v X

dx

Integrating both sides we get,

NENEON

-[2 (e

=logy=x+logx+C

=logy—logx=x+C

y a
= log‘; =x+c vloga—logh = 10g3

.. The solution of the differential equation is
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=y =x.e¥tc

=(4)
13. Question

Mark the correct alternative in each of the following:

3 1)

The order of the differential equation satisfying \/1 — x4 + \h — 3,-—4 =a ( X“ -y~ ) is

Al
B.2
C.3
D. 4
Answer

The given curve is

J1—xt+ J1—y*=a(x®>—y?)
Since the number of constants in the given curve is 1 i.e. a which is an arbitrary constant.

Also, Number of arbitrary constants in the equation of the curve = Order of the differential equation of the
curve.

S Order=1
= (A)
14. Question

Mark the correct alternative in each of the following:
The solution of the differential equation y;y3 = y22 is
A x=C ey +C3

B.y=C e“?X+C3

C.2x=C; e“2Y + C3

D. none of these

Answer

Y1¥3 = Y22

We can write above differential equation as

=Yy =(y)?
We know that f’(%) =logf(x)+C
fe0
v _y
y!! - !

Integrating both sides we get,

V”J V”
= J-'de =J-'—de
y y

= logy" =logC,y'
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Again, integrating both sides we get,

V”
= J-"—Fdx = ledx
y

=logy' = Cix+ C,
=y = Ce”

Again, integrating both sides we get,

= J-d}r =0, J- e“1¥dx

C
1

. The solution of the differential equation is
=y=_Ce%2%+C,

=(B)

15. Question

Mark the correct alternative in each of the following:

The general solution of the differential equation d_‘_ ye'(x) =g(x)g'(x). where g(x) is a given function of
X, is -

A.g(x)+log{l+y+9g(x)} =C

B.g(x) +log {1 +y-g(x)}=C

C.g(x)-log {1+y-g(x)} =C

D. none of these

Answer
dy [ . Ii.
2. T Y9 () =g()g' (x)

Here.g' (1) = 7-0(x)

Since it is a form of linear differential equation where
P =g'(x) and Q = g(x) g'(x)

Integrating Factor (I.F) = el P dx

I.LF = el 9'(x) dx = 9(x)

Solution of differential equation is given by

y.(LF) = [ Q.(I.LF)dx + C

=y. eIX) = [ g(x). g’(x). e9%) dx + C

Consider integral [ g(x). g’(x). €9*) dx

Put g(x) =t
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= g'(x) dx = dt

= [t eldt

Treating t as first function and et as second function, So integrating by Parts we get,
=>t.el-[leldt+C

el (t-1)+C

Putting value of t we get,

e X (g(x)-1)+C

sy, e 9% =e 9 (g(x)-1) + C

Dividing e 9 both sides we get,

=y =(g(x) - 1) + C eI

=>y-g(x)+1=Ce9™

Taking log both sides we get,

= log (y - g(x) + 1) = log (C e9X))

=log (y - g(x) + 1) = log C - g(x) log e
=>log(y-g(x)+1)=logC-g(x)~loge=1
=9(x)+log{l+y-9g(x)} =C=(B) wherelogC=C
16. Question

Mark the correct alternative in each of the following:

The solution of the differential equation dy —l+x+yi e X}rz_}r([)} —Qis
dx
J_l
.
3 ]
X -
2

C.y=tan (C + x + X)
.
%2
X__]
2
ay

—=1+x+y*+xy°
dx E E

-

A yvT =exp| X+

W
o] #,

B. }-'2 =1+Cexp

D. y =tan

Answer

dy ) 2 i
:a— (1+x)+y*(1+x)

dy
dx
By the method of variable separable

dy
$m= (1+I)dl’

= (1+x)(1+y?)
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Integrating both sides we get,

dy
= | 5= | (1+x)dx
J-(l2 +y2) J-( )
1'2
=tanly = I+E+C
Now the given condition is y(0) = 0
=tanl0=C

=0C=0

. 1-2
s~y =tan (1 +?) = (D)

17. Question

Mark the correct alternative in each of the following:

5

T
The differential equation of the ellipse X_ﬁ’ + "_j = is
a~ b~
‘rll ‘rl
A -+ —Z=0
y' oy X
.‘rl.ll "."
B.—+<-+-=0
vy oy X
‘r"" \l
C.——1_-2=0
vy X

D. none of these

Answer

x2 P

“+Ll ¢

a®? b

Since the equation has 2 constants so we differentiate twice,

Differentiating w.r.t x
2x N 2y dy
=> — I — ==
a  b? dx
y dy X
Thdx . @
2
=y.y = —x.b—z --(1)
a
Again, differentiating w.r.t x
S yy +yy = -2 (2)
Substitute value of (2) in (1) we get,
=y =x[(y)+yy"]
Dividing both sides by y.y’ we get,

n

y
y.y'

y")?
=:-1=x.[(" ): +y.
.y

Get More Learning Materials Here : &

@ www.studentbro.in



1 ,V.l' ,V.l'.f
il
x Ly

L I

USSR S
= — _——— = =
yooy X

18. Question

Mark the correct alternative in each of the following:

Solution of the differential equation d_‘ LY =cginx is
X

A.x(y +cosx)=sinx + C

B.x (y -cos x)=sinx + C

C.x(y+cosx)=cosx+ C

D. none of these

Answer

g + E = sinx

Since it is a form of linear differential equation.

Where, P = % and Q =sinx

Integrating Factor (I.F) = el P dx

I.LF = ef%dx = elos¥ —

Solution of differential equation is given by

y.(.LF) = [ Q.(LF) dx + C

=>y.x=[(sinx).xdx + C

=Yy.X=[(sinx).xdx + C

Consider integral [ (sin x).x dx

Treating x as first function and sin x as second function. So, integrating by Parts we get,
= X. (-cos x) + [ 1l.cos x dx + C

=-X.cosX +sinx+C

LY. X=-X.cosX+sinx+C

= X (y + cos x) = sin x + C = (A) is the required solution.
19. Question

Mark the correct alternative in each of the following:

The equation of the curve satisfying the differential equation
y(x + y3)dx = x(y3 - x) dy and passing through the point (1, 1) is
A y3-2x+3x2y =0

B.y3+2x 4+ 3x%y =0

C.y34+2x-3x%y =0

D. none of these
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Answer

y(x + y3)dx = x(y3 - x)dy

= yx dx + y* dx = xy3 dy - x2 dy
=>xy3dy -x2dy -yxdx-y*dx =0
=y3[xdy-ydx]-x[xdy+ydx]=0

Divide both sides by y?x3 we get,

3

X

= V213 [x dy - _V::.EJL']—VEI3 [xdy + ydx] = 0
¥ 1

=>F [x dy - ydx]—vzxzd(x.y) =0

y [xdy— ydx]_d(x.y) _

== y2 y2y2

X
Y,y d(x.y)
zbi[d(I)]_ y2y2 =0

Integrating both sides we get,
Yoy d(x.y)
= J-I d(;)—f y2x2 =0
1,y 1
=3() _(_E) =

“3 (@)=

2 \x XV

Now the given curve is passing through the point (1, 1)

1 2
S S(WP+(D=C

c=2
T3

Substituting value of Cin (1) we get,

1(y? . ( 1) 3
~2\x2 xy/ 2
y*+2x 3
2x2y 2
= y3 + 2x = 3x%y
= y3 + 2x - 3x2y = 0 = (C) is the required solution.
20. Question

Mark the correct alternative in each of the following:

The solution of the differential equation jxﬁ —y =3 represents

A. circles
B. straight lines

C. ellipses
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D. parabolas

Answer

cdy
Zx.dx y=3

dy
=2x.—=(3+y)

dx
By the method of variable separable we get,
dy dx

TGty

Integrating both sides,
dy J‘ dx
= | = —
(3+y) 2x

1
= log(3+y) = Elogx +logC

= log(3+ y) =logCyx " loga +logb = log ab

= (y+3)=CJx

Squaring both sides, we get,

= (y+ 3)? = Ax Where A = (o2

Since it is the form of (y - k)2 = 4p(x - h) which represents parabolas.
i.e. (y-(-3)2=A(x-0)

.. The solution of the differential equation represents parabolas = (D)
21. Question

Mark the correct alternative in each of the following:

The solution of the differential equation Xd_‘ =v +xtan L is
dx -~ X

X
A sin—=x+C
A

.y
B. sin- =Cx
X

. X
C.sin—=Cy
'[!.'

.y
D. sin~ =Cy
X

Answer

dy

X—=y+ JL"IZE.I'IE
dx - x
d

=22 tanl--(1)
dx x x

The above equation is of the form of Homogeneous differential equation.
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y
Put = V=Y =XV
Differentiate w.r.t x we get,
dy dv
— = f— == 2
S =v+x— (2)

Putting value of (2) in (1) we get

dv
=v+x—=v+tanv
dx
dv
=xy¥—=v+tanv—v
dx
dv dx
tanv  x

dx
= cotvdy = -

Integrating both sides,

dx
= J-cotvdv = -

= log(sinv) =logx +logC

= log(sinv) =logCx

= sinv = Cx

Putting value of v we get,

= sin% =C(Cx = (B)

22. Question

Mark the correct alternative in each of the following:
The differential equation satisfied by ax? + by? = 1 is
A. XYy +y1? +yy1 =0

B. xyyz + xy12 - yy; = 0

C.xyyz - xy1? +yy; =0

D. none of these

Answer

ax2 +by?=1

Since it has two arbitrary constants, we differentiate it twice w.r.t x

Differentiate w.r.t x
dy

= 2ax +2by—=10
“dx

= ax + bv@ =0-(1)
< dx
Again, differentiate w.r.t x

dy z dzy _ .
=a+b [(H) + my] = 0 Applying product rule
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— (dﬂf)erdEy
== dx dxz”

Put value of a in (1) we get,

b (dﬂf)2+d2y
= dx dx'?y

dy
“rb'\»'a—o

2

d*y _(dy) B dy

Which is = xyy> + xy;2 - yy; = 0 =(B)

23. Question

Mark the correct alternative in each of the following:

The differential equation which represents the family of curves y = e“X is
A y1=CGy

B.xy;-Iny=20

C.xIny =yy;
D.yIlny = xy;
Answer

y = eCx

Taking log both sides we get,
= log y = log e%*
=logy =Cxloge~loga*=xloga
=>logy=Cx-(1)loge=1
Differentiate w.r.t x we get,
Ll

ydx
Put value of C in (1) we get,

l x dy
= —_——
ogy v dx

logy = x 2
= ylogy = x =

Whichis =y Iny = xy; = (D)

24. Question

Mark the correct alternative in each of the following:

Which of the following transformations reduce the differential equation L Eln::-gz = i,,( log 2)2 into the
X X~

du ) )
form —— +P(x)u= X ).
i (x)u=0Q(x)
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A.u = log x

B.u=¢eX
C.u = (logz)?
D. u = (logz)?
Answer

z | = - = 2
- tologz=— (logz)

Dividing z(log z)2 both sides we get,

1 dz —i—zl 1 1
S - - -
z(logz)?dx «x gz X z(logz)? x2

1 dz 1 1

= z(logzlza x(logz) - P ~(1)

Put (logz)1 =u
Differentiate w.r.t x

d du
il -1
= dx (logz) dx
—1 1dz du
= = —=—
(logz)2'z dx dx
1 1 dz du
==
(logz)2 z dx dx

Putting values in (1) we get,

du+u 1
= -4 —=—
dx x x?2

du u -1

dx x x2

The above equation is of the form %_,_ P(x)u= Q(x).

1 1
Where P(x) = - and Q(x) = ——;

x?
So the required substitution is u = (logz)™1 = (C)
25. Question

Mark the correct alternative in each of the following:

dv
The solution of the differential equation _1' =
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C. q;[i} =ky

D. W[i}:k

X

Answer

--(1)

The above differential is homogeneous differential equation with degree 0

y
Pur;=v=>y=xv

Differentiate w.r.t x we get,

2L

v dv
W _ e 32
dx v ldx ()

Putting value of (2) in (1) we get

v ¢(v)
= U+ X a =1+ W
o' (v) dx
= qb(v) dv = T
Integrate both sides we get,
d'(v) _ [dx
“lewm ™ Tl Y
e |
We know that 15 =logf(x)+K

= loggp(v) =logx +logk
= logg(v) =logKx

= ¢(v) = Kx

> ¢G) = Kx = (4)
26. Question

Mark the correct alternative in each of the following:

If m and n are the order and degree of the differential equation (‘.—.’)5 +

Am=3,n=3
Bm=3n=2
Cn=3,n=5

Dm=3,n=1

Answer
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(Vz)'j 4@2 +V3_l -1

= Y3 [:3’2)5 +4(0,) + (1) =y (x? - 1)

Order = Highest order derivative present in the differential equation.

S Order=3=m

Degree = Highest power of highest order derivative which is (y,)?

~.Degree =2 =n
m=3,n=2=(B)

27. Question

Mark the correct alternative in each of the following:

w

The solution of the differential equation d_" +1=e*"Y _is

dx
A (x+y)eXty=0
B.(x+C)eX*Y=0
C.(x-Qety=1
D.(x-C)eX*Y+1=0

Answer

ay — pX+Y
dx+l—e
Putx+y=12

Differentiating w.r.t x we get,

= — =
dx dx
Substituting values, we get

dz
=——1+1=¢e"

dx
dz_ z
=:-dl_—e
dz
= —=(x
EZ

Integrating both sides

= [eaz = [ ax

= -—eF=x+C
=x+eF=C
=e*x+1=2e%C
=(x—C0)e*+1=0

Putting value of z, we get
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=(x—-C)e™¥+1=0=(D)
28. Question

Mark the correct alternative in each of the following:

The solution of x? +y? dy _ 4. is

dx
A x2+y2=12x+C
B.x2+y2=3x+C
C.x3+y3=3x+C
D.x3+y3=12x+C

Answer

d
2y =g
Y dx

dy
= 2;=4_x2
Y dx

By variable separable we get,
= yidy = (4— x%)dx

Integrating both sides

= J-yzdy=f(4—x2)dx
Y Xk
73T

y* 12x—x*+ 3K
= "——

3 3

=y3=12x-x3 4+ CWhere 3k =C
=>x3+y3=12x + C = (D)

29. Question

Mark the correct alternative in each of the following:

The family of curves in which the subtangent at any point of a curve is double the abscissae, is given by
A. x = Cy?

B.y = Cx?

C.x%2 = Cy?

D.y = Cx

Answer

. y
We know the subtangent at any point of curve = v

dx
We are given,

The family of curves in which the subtangent at any point of a curve is double the abscissae
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= 2x

y
@
dx
d

= 2x

Vﬁ =
By variable separable we get,

dx dy
= — =
2x oy

Integrating both sides
J’dx dy
= | —=]—
2x y
1

= Elogx =logy+logK

= logyx =logKy ~log a +log b = log ab
=Jx =Ky
Squaring both sides, we get
= x=K?2y*?
= x = Cy? = (A) Where K2 = C
30. Question
Mark the correct alternative in each of the following:
The solution of the differential equation x dx + y dy = Xy dy - y2 x dx, is
A x2-1=C(1+y)
B.x24+1=C(1-y)
C.x3-1=C(1+y)
D.x2+1=C(1l-y)
Answer
x dx + y dy = X%y dy - y2 x dx
= x dx + y2 x dx = x2y dy - y dy
= x dx(1 + y2) =y dy(x2 - 1)
By Variable separable
X y

dx =——d
T l+y2y

Integrating both sides we get

fx dx f Y 4
= ;t'?—ll_ 1+}r2y

= [ odx =2 dy - (1)

x2-1 1+y2 -

Putx?-1=tandPutl+y*=u
Diff w.r.t x Diff w.r.ty
2x dx = dt 2y dy = du
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Putting values in (1) we get,
1rdt 1 {du
"2t 2w
= logt =logu +logC
= logt = logCu " 10g a + log b = log ab
=t=Cu
Putting values of t and u we get,
=x2-1=C(1+y)=(A)
31. Question

Mark the correct alternative in each of the following:

The solution of the differential equation (x* + 1)di +(y?+1)=0.1s
\ ! dX \, !
Ay=2+x
B.y= 1__X
1-x

C.y =x(x-1)
D. Y = ]-_—X

T 1+x
Answer

P+ D2+ (y*+1)=0

dy
= (x*+ l)$= —(y*+1)

By variable separable we get,

dy B dx
T2+ (2+1)

Integrating both sides we get,

J’ dy J’ dx
M AR D AT D)
=tanly=—tan"lx+C

=tanly+tanlx=C

Xty . . Xty
= tan =C vtan" y +tan” x =tan
1—xy : 1—xy
x+y
= =tanC
1—xy

=x+y=C(1-—xy) Wheretan C =C
=2x+y=C—Cxy
=x+y+Cxy=C

=x+y(l+Cx)=C
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(€C—x)

RS

Now since C is arbitrary constant, we put C = 1 (let) we get,

1—x
= =
Y 1+ x

=(D)
32. Question

Mark the correct alternative in each of the following:

(]

The differential equation Xd_" —y =X

dx

. has the general solution

Ay -x3 =2cx
B. 2y - x3 = cx
C.2y + x2 = 2cx

D.y + x2 = 2cx

Answer
d'l,? 3
X——y=x%x
dx y

Divide both sides by x we get,

Since it is a form of linear differential equation where
P = —landQ=x2

X
Integrating Factor (I.F) = el P dx

1 -
I.F = el =% = g-logx _ glogx™ _ _
x

Solution of differential equation is given by

y.(LF) = [ Q.(lLF)dx + C

1 ,(1
=:-y.—_=J-x (—_)derC
X X

v
=:-‘;=J-xdx+c

Y x2+C
= —=—
X 2

= 2y =x3+2Cx
=2y -x3=cx = (B)
33. Question

Mark the correct alternative in each of the following:

The solution of the differential equation d_" —ky = 0. v(0) =1 approaches to zero when x - «, if
Ix ) b

A.k=0
B.k>0
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C. k<O

D. none of these
Answer

dy_ _ _
o ky=0y(0)=1

dy_
z;'dx_

By variable separable and integrating both sides

dy
= J-;=J-kdx
y

=logy=kx+C

ky

=y= Ekx+C

= y=ef*ef

= y = A.e* Where e = A

We have given condition y(0) = 1
=1=A.e"°
=4=1

- Solutiony = e**

We know e” - o and e™® —» 0

So, we are given that y approaches to zero when x - «
i.e. 0=ek"

Which is possible only when k < 0 = (C)

34. Question

Mark the correct alternative in each of the following:

3 d\.'

The solution of the differential equation (1 +x- )d_ +1+ 3,-—2 =1, is

Atan'lx-tanly=tanlC
B.tanly-tanl x =tanlC
C.tanly + tan'l x = tanC

D.tanly + tan'l x =tan'l C

Answer

1+x)Z+1+y2=0

d
5 (4D = (7 +D)

By variable separable we get,

dy B dx
T+ 2+

Integrating both sides we get,
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(12 +y2) (12 + x2)
=tan'y=—tan"'x+tan"1C
>tanly + tan'l x = tan'l C = (D)
35. Question

Mark the correct alternative in each of the following:

i i
dy x“+xy+y~

The solution of the differential equation . — ~ _is
dX x-
g x
A tan~' = =logy+C
y
(v
B. tan 1| = =logx +C
X
4 x
C.tan ' = |=logx +C
}.'
gy
D. tan~}| = =logy+C
X
Answer

d v 1\ 2
e = B --(1
= dx 1+ x + (x) (1)
The above differential is homogeneous differential equation
y
Put ==v=vy=xv
X
Differentiate w.r.t x we get,
dy dv
— = f— == 2
S =v+x— (2)

Putting value of (2) in (1) we get

v 2
=v+is—=1+v+v
dx

v 1+v?
=rx—= v
dx

By variable separable and integrate both sides we get,

J‘ dv dx
= _— = e
12 + p? X
= tan"lv=1logx +C

Putting value of v, we get

= tan™! G) =logx+C =(B)

36. Question
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Mark the correct alternative in each of the following:

The differential equation d_"_ Py = Q}rﬂ_ n > 2 can be reduced to linear form by substituting

A z=y"l
B.z=y"
C.z= yn+1
D.z =yl
Answer

dy N n
2. TPy =0y

Multiply both sides by y™"

—ndi T, —T,,1
=Yy dl_"'PJ’ y=Qyy

=y L+ Pyt = - (1)

PutylM =z

Differentiate w.r.t x we get,

a ) _ndy dz
= — —_ =
my dx  dx
= y‘“g -1 %

dx  (1-n)dx

Put value of (2) in (1)

Multiply both sides by (1 - n)

dz
= a+ P(1—-n).z=0(1—n)

Since it is a form of linear differential equation

] ﬂI‘1V+P =
L.e.dl_ Vv =0Q

Where,P = P(1—n)and Q = Q(1 —n)
. we put z = yI'" to form linear differential equation = (D)
37. Question

Mark the correct alternative in each of the following:

5

If p and q are the order and degree of the differential equation 1d_‘ L3 d-%: +Xy =cos x, then
dx~

A.p<q

B.p=q

C.p>q

D. none of theses
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Answer

3@y :
ydx+1 dx2+;ty— CoS X,
Order = Highest order derivative present in the differential equation.
S Order=2=p

Degree = Highest power of highest order derivative which isﬂz"
dx

S Degree=1=q
wp=2>q=1=(C)
38. Question

Mark the correct alternative in each of the following:

Which of the following is the integrating factor of (xlogx}d—y +y = jlggx ?
X

A. x

B. X

C. log x

D. log (log x)

Answer
v, _
(xlogx)dx+y—2i!og1

Divide both sides by x log x we get,

dy N ( 1 ) 2
= — — ==
dx Y (xlogx) X
Since it is a form of linear differential equation where

_ 1
o (xlogx)

andQ = 2
x
Integrating Factor (I.F) = el P dx
[ 1 dx
I.F = ¢'Glogn
C ider integr IJ- L dx
onsider integra G log©) X

Putlogx =t

Differentiate w.r.t x we get,
1

= —dx = dt
X

Putting value in integral

[EES
= (ongx)x_ t

= logt

Putting value of t, we get,

1
= J-(ngx)dl = log(logx)
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Now,

1
I.F = E-rix.!'ogx dx = pleg(logx) _ logx = (C)
39. Question

Mark the correct alternative in each of the following:
. : dy
What is integrating factor of —— + ysecx =tanx?
Ix

A. sec X + tan x

B. log (sec x + tan x)
C. esecx

D. sec x

Answer

ng ysecx =tanx

Since it is a form of linear differential equation where

P =secx and Q =tanx

Integrating Factor (I.F) = el P dx

[ F — elsecxdx

o pfsecxdx

= Elog(sec x+tanx)

= (secx +tanx) = (4)

40. Question

Mark the correct alternative in each of the following:

Integrating factor of the differential equation cosxg +vysinx =1.is
dx -~

A. cos X

B. tan x

C. sec x

D. sin x

Answer
dy .
cosx— +ysinx =1
dx -

Divide both sides by cos x we get,

dy sinx 1
= —+ ".V( )
dx -

COsX COsX

=—+ [:t ) =
yitanx s5ecx

Since it is a form of linear differential equation where

P =tanx and Q =secx
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Integrating Factor (I.F) = el P dx
I.F = E_rtanxdx

= E_rtanx dx

= g log(sec x)

= secx = (C)
41. Question

Mark the correct alternative in each of the following:

¥ o0 W2 \
The degree of the differential equation d_: + d_" +sin d_" +1=0.is
dx~ dx dx
A3
B. 2
C.1

D. not defined

Answer

T4 (2) +sm(2) 4 1-0
dx2 dx ST\ dx B

Here Order of differential equation is 2.
Its degree is not defined as it is not a polynomial equation in derivatives. = (D)
42. Question

Mark the correct alternative in each of the following:

-

The order of the differential equation 2y d : _3g +yv=0,Is
dx- dx

A.2

B.1

C.0

D. not defined
Answer

¥

22 dL 3%y
dx  °

dZ
dx?

Order = Highest order derivative present in the differential equation which is ‘fz_-‘-z’
dx

- Order =2 = (A)

43. Question

Mark the correct alternative in each of the following:

The number of arbitrary constants in the general solution of differential equation of fourth order is
A.0B.0

C.3D. 4
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Answer
We know,

the number of arbitrary constants of an ordinary differential equation (ODE) is given by the order of the
highest derivative.

" differential equation is of fourth order then it will have 4 arbitrary constants in the general solution. = (D)
44. Question

Mark the correct alternative in each of the following:

The number of arbitrary constants in the particular solution of a differential equation of third order is

A3

B. 2

C.1

D.0

Answer

We know,

the number of arbitrary constants of an ordinary differential equation (ODE) is given by the order of the
highest derivative and if we give particular values to those arbitrary constants, we get particular solution in

which we have 0 arbitrary constants

.. The number of arbitrary constants in the particular solution of a differential equation of third order is 0 =
(D)

45. Question
Mark the correct alternative in each of the following:

Which of the following differential equations hasy = G e* + C, e™* as the general solution?

-

A. d 3:: -V = 0
dX-
d%y =
B. = — WV = 0 5 —1:0
dX- -
C.
d*y
dx_
Answer
Solving for (A)
d2y+ 0
= — =
dx? Y
Pfdy—D dzy—;[}2 d
U i y’dxz_ y....and so on

= Diy+y=0
=y(D?+1)=0
For general solution put (D2+1)=0

= (D2+1)=0
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=D ==i
General solution, y = C; cos x + G, sin x

Solving for (B)

d?y 0
= — — =
dx? Y
P fdy D d2y D*? d
u T y,dl_z— Vy....and so on

= Diy—y=0

= y(D*-1%)=0

For general solution put (D2 - 12) = 0

= (D-1)(D+1)=0

=D=1,-1

General solution, y = C; e* + C, e = (B) which is required solution.
46. Question

Mark the correct alternative in each of the following:

Which of the following differential equations has y = x as one of its particular solution?

2

d-y dy
A. '?_Xz_'_x}r =X
dX-
5
g 47 y
S ——4+X——4+Xy =X
dX-
R
dy dy
C. ;—xzd—'—xy:[}
dx~ X
5
d-y \)
D. :_'_Xd__x}.' =0
= X
Answer
y =X

Differentiate w.r.t x we get,

dy L d’y 0
= — = = —— =
dx dx?

Consider,
d’y PLI
dx? X dx Xy

47. Question
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Mark the correct alternative in each of the following:

ity

. . . . v .
The general solution of the differential equation d_ —e _is

A eX+e¥Y=C
B.eX+e¥=C
C.eX+e¥=C
D.eX+e¥Y=C

Answer

dy
dr

x+y

dy_
z;'dx_

By variable separable and integrating both sides we get,
dy

= J-— = J- e*dx
ey

= J-e‘-‘-’dy = J-exdx

=—eV=e"4+C

x LV

er.e-

=>eX+e¥Y =C=(A)
48. Question

Mark the correct alternative in each of the following:

dy X
A homogeneous differential equation of the form — =h| — | can be solved by making the substitution.
‘._.'

A.y = vx

B.v =yx
C.x=vy
D.x=v
Answer
=—n(®)-

For solving the above homogeneous differential equation we must put

=—=17
y

=x=vy=(C)
Suchthat & = v + V.E --(2)
av < dx
We put value of (2) in (1) for finding the solution.
49, Question

Mark the correct alternative in each of the following:

Which of the following is a homogeneous differential equation?
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A.(4x +6y +5)dy -3y +2x+4)dx=0
B.xy dx - (x3 +y3)dy =0

C. (x3 + 2y?) dx + 2xy dy = 0

D.y2dx + (x2-xy)-y2) dy =0

Answer

We know the property of homogeneous differential equation i.e.

v flxy)

dx
=2>f(AX Ay)=f(XY)
In the given set of options, option (D) is correct as addition of power is same throughout the equation.

50. Question

Mark the correct alternative in each of the following:

The integrating factor of the differential equation Xd_‘ —y = 2);2,

A e
B.eY
C. 1/x
D. x

Answer

dy
x——y=2x?
d’x -

Divide both sides by x we get,

Since it is a form of linear differential equation where
1
P = — and 9 = 2x

Integrating Factor (I.F) = el P dx

—1

LF = el
I.LF = ef_Tldx =g logx — gloga™" _ y-1
ILF ! C
F=2=(0

51. Question

Mark the correct alternative in each of the following:

y X
The integrating factor of the differential equation (1 — }-‘2 )— +yx=ay(-l<y<l)is
\ 1!.'
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Answer
dx
(I-yHg+m=ay(-1<y<1)

Divide both sides by 1 - y? we get,

dx N [ v ] ay
= — X =
dy L(1-y?) (1-y2)
Since it is a form of linear differential equation where

P:

(l—Jﬁ de = (1 vzj

Integrating Factor (I.F) = el P dx
v
I.LF = ef'il—yzld“v

v
Consider integral J- md}r

Putl-y2=t
Differentiate w.r.t y we get,
d L dt
= = ——
yay 5

Putting value in integral

J-(l—vz) J- dt

= —Elogt

Putting value of t, we get,

=:-J-(l_y2)dy— 21(:-g(1 y*) =log(1l— y*)2

f—y dy é
LF = e 127" = glog1v*) 2 = (1 — 2 )“

1
IF=——" = (D)
y1-y?

52. Question

Mark the correct alternative in each of the following:

ydx —xdy ,
The general solution of the differential equation — =), is
}.'

Get More Learning Materials Here : & m @\ www.studentbro.in



A.xy =C

B. x = Cy?
C.y=Cx

D.y= Cx?
Answer

ydx —xdy

¥

0
X
=dx——dy=0
y

X
=dx =—dy
y

By variable separable and integrating both sides we get,

1 dx
= J-—dy= —

v X
= logy =logCx
=2y=Cx= (C)

53. Question

Mark the correct alternative in each of the following:

dx
The general solution of a differential equation of the type d__ Px=Qis
}.'

[B dy [Py dy
A. }-'E = J Qle d}' 4 C

[Py

1 Qr°

[Prdy

dx+C

C. x* :J' Qs° dy+C

Answer

dx

Since it is a form of linear differential equation.
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Where, P =P; and Q = Q;

Integrating Factor (I.F) = e/ P dY

IF=elPpdy

Solution of differential equation is given by

x.(I.LF) = [ Q.(LF) dy + C

xel Prdy = J-{Qlefpld?] dy +C = (0)

54. Question

Mark the correct alternative in each of the following:
The general solution of the differential equation eX dy + (y eX + 2x)dx = 0 is
A xeY+x2=C

B.xeY +y2=C

Cye+xt=C

D.yeY +x2=C

Answer

eXdy + (ye* + 2x)dx =0

We can write above equation as

dy
:exa+_fwex+2x=0

Divide both sides by e* we get,

y+ 2x 0
= — —_— =
dx Y T ex
dy_l_ 2x
= — = ——
dx Y ex

Since it is a form of linear differential equation.

2x
Where,P = land Q = ——
EJ('

Integrating Factor (I.F) = el P dx
ILF =gl 1dx = x
Solution of differential equation is given by

y.(LF) = [Q.(l.LF) dx + C
2x
=:-y.ex=J-—§.exdx+C

=:-y.ex=J-—2x.dx+C

=y.e*=—x?+C

syeX+x2=C=(C)
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